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Abstract: This paper presents a theoretical study of the dynamic behaviour of a wind turbine con-
sisting of a wind rotor, a speed increaser with fixed axes, and a counter-rotating electric generator,
operating in variable wind conditions. In the first part, the dynamic analytical model of the wind
turbine mechanical system is elaborated based on the dynamic equations associated with the compo-
nent rigid bodies and the linear mechanical characteristics associated with the direct current (DC)
generator and wind rotor. The paper proposes a method for identifying the coefficients of the wind
rotor mechanical characteristics depending on the wind speed. The numerical simulations performed
in Simulink-MATLAB by MathWorks on a case study of a 10 kW wind turbine highlight the variation
with the time of the kinematic parameters (angular speeds and accelerations), torques and powers for
wind system shafts, as well as the mechanical efficiency, both in transient and steady-state regimes,
considering variable wind speed. The analytical and numerical results are helpful for researchers,
designers, developers, and practitioners of wind turbines aiming to optimise their construction and
functionality through virtual prototyping.

Keywords: renewable energy; wind turbine; counter-rotating electric generator; dynamic modelling;
simulation; variable wind speed

1. Introduction

In the global effort to achieve the ambitious targets for decarbonisation of the energy
system, at a national and global level, wind energy plays a significant role now and a
major one in the future. Thus, the European Union (EU) aims to move to 100% clean
energy by 2050 as an important step in achieving climate neutrality, the energy sector being
responsible for more than 75% of greenhouse gas emissions (GHG) at the European level,
according to the European Green Deal [1]. This goal can be achieved by using renewable
energy sources, a key role being granted to increasing wind production by improving
wind energy systems, especially installed offshore. In all decarbonisation scenarios, which
consider the high-level implementation of renewable energy systems, it is emphasized that
the main source of electricity generation will be wind power by 2050 [1,2] with a share of
over 36% of the total [3,4]. Thus, wind energy had a total installed capacity of 743 GW at
the end of 2020 [5], with an increase to over 6000 GW foreseen by 2050 [4], as wind power
remains an efficient and affordable technology of producing clean electricity in a safe and
sustainable way. Energy management considering the variability of renewable energy
sources and the reliability of networks and systems facing utility grid outages remains a
challenge for energy systems with a high share of renewables [6–8].
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The wind energy sector is gaining more and more popularity among researchers,
developers and investors. They have paid attention to the behaviour of onshore and
offshore wind systems and their components in different operating conditions. Their
optimal design and modelling are permanent challenges in ensuring the high energy
performance of wind systems, operating under variable wind conditions. Therefore, the
dynamic behaviour of wind turbines is of significant interest as it influences significantly
the conversion system functional performance, output power, and reliability.

The dynamic modelling of wind turbines in order to identify and control their be-
haviour or their functional optimization has drawn the attention of many researchers in
recent decades. The research in this field is addressing either the dynamics of the entire
wind turbine/farm or the dynamic modelling of a component of the wind conversion
system: wind rotor, speed increaser, or electric generator. Different dynamic modelling
approaches are presented in the literature, while the simulation is mainly performed with
the MATLAB-Simulink software package.

Cottura et al. present in [9] the modelling of a floating wind turbine under a broad
spectrum of sea and wind conditions. The dynamic model is compared with the FAST
reference model (fatigue, aerodynamics, structures, and turbulence), a reference software
for modelling offshore wind turbines, the errors between the two models being reported as
being below two percent. A similar concept is presented in [10] where the hydrodynamic
performance of the floating foundation of an offshore wind turbine is analysed based
on Reynolds-Averaged Navier-Stokes simulations. The FAST dynamic model allows the
performance investigation of the floating platform under operational and storm conditions.
A rigid multibody dynamic model for a floating offshore wind turbine and its dynamic
responses are presented in [11]. The authors use the Euler–Lagrange equations for system
motion, while the dynamic response under four load cases is validated against the FAST
model.

The dynamic of the onshore wind systems is addressed as well in the literature,
referring mainly to general theoretical models, based on customised models that can be
developed. For instance, Santoso and Le present in [12] a dynamic model that includes
aerodynamic, mechanical, and electrical components of a turbine operating at a constant
wind speed. The model is simulated in four case studies to prove its validity. Equivalent
models of wind farms operating at constant wind speed are proposed in [13]. These
dynamic models offer high accuracy of the dynamic response regarding the simulations of
the energy system and a reduction in the simulation time compared to the detailed model
of the actual wind farm.

A dynamic model of a fixed-pitch angle wind turbine simulator is presented in [14],
which includes different wind turbine profiles for which the mechanical power characteris-
tics of the wind turbine are assigned. The model allows defining the mechanical power and
torque as functions of the wind speed. A similar concept is presented in [15], where the
Blade Element Method is used to determine the power coefficient of a turbine consisting of
a wind rotor, a speed increaser, and a conventional electric generator. The model considers
the hydrodynamic data for the rotor, the inertia characteristics of the whole system, fric-
tional losses, and the electromagnetic torque of the generator. Qi et al. propose in [16] a
method to improve the dynamic response of a wind turbine by a torque error feed-forward
control and the blade-pitch angle servo control. The mechanical system model is based on
the FAST code, the results being validated on a five megawatt wind turbine. The dynamic
behaviour of wind turbines under stormy wind conditions is presented in [17]. The authors
use the beam theory to couple the wind turbine dynamic model to the unsteady aerody-
namic model to generate the dynamic response of the system. The results are simulated
on two wind turbines of two and six megawatts. The dynamic model of a wind turbine
without a gearbox is presented in [18], the simulation performed in MATLAB-Simulink
considering load flow, fluctuations in wind speed, and transient and output power.

The researchers in the field have paid particular attention to the dynamics of the
gearbox, the literature proving that the dynamic behaviour of speed increasers is closely
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related to the dynamic behaviour of the wind systems. A gear transmission of Ravigneaux
type is used in [19] to propose a dynamic analysis method based on a general algorithm for
determining the transmission ratio, transmission torques, and efficiency. Another method
for dynamic modelling uses numerical integration of Runge-Kutta type [20], and considers
nonlinear dynamic characteristics of a speed increaser with one input and one output.
Another nonlinear dynamic model is presented in [21], which considers a planetary speed
increaser with an input and an output for which the load distribution on the gears is studied,
the algorithm being based on the lumped parameters method. To improve the load-sharing
capacity on the component gear pairs, Zhu et al. present in [22] a dynamic model of a
planetary speed increaser with flexible pins. The dynamic behaviour of the wind system
is also studied using the lumped parameter model, in which the stiffness of the bodies is
predicted using the finite element method. Another approach is proposed by Fan et al.
in [23] that discusses the dynamics of a speed increaser depending on the power vs. speed
curve; the dynamic effect due to different input powers on the mechanical characteristics of
the speed increaser is also investigated. A dynamic analysis of a planetary speed increaser
is developed in [24] using the torsional multibody model, used to investigate the transient
response of the transmission. Different planetary speed increasers for wind and hydro
applications are proposed and dynamically analysed in [25,26] as transmissions with one
input and one output. A new planetary speed increaser with two inputs and one output is
proposed by Lin et al. [27] and its dynamic responses are simulated using the fourth order
Runge-Kutta method. The time-domain dynamic response of heavy-duty planetary speed
increasers is studied in [28] by using the lateral–torsional coupling modelling method; the
method is validated on a two megawatt wind turbine gearbox. Wang et al. developed
in [29] a dynamic model for a multistage planetary gear transmission by using the lumped
parameter method to obtain the load-sharing coefficients for each planet gear pair under
variable input speed and internal excitation.

Unlike the previously presented results that refer to gear transmissions used as speed
increasers, ref. [30] proposes a new variant of a cycloidal planetary transmission for re-
newable energy systems and analyses its dynamic behaviour, the efficiency values being
experimentally validated.

A general approach to the steady-state efficiency analysis of speed increasers with
both one or two inputs and one or two outputs is proposed in [31]. The authors concluded
that the in-parallel or split-power transmissions used in wind turbines with either two
counter-rotating rotors or a counter-rotating generator have higher efficiency than serial
transmissions.

Another approach in dynamic modelling is the use of controllers adapted for wind
turbines with a double-fed induction generator, which allows the estimation in real time of
dynamic behaviour compensating for the external disturbances action [32]. The optimal
design of proportional-integral controllers integrated in on-grid permanent magnet syn-
chronous generators from variable-speed wind turbines is addressed by Qais et al. in [33]
by proposing a transient search optimization algorithm.

Aiming to improve the performance of the electric generators for wind turbines, a
counter-rotating generator with permanent magnets for built environment applications
is proposed and analysed in [34–36]; the counter-rotating generator is proved to have a
higher efficiency than the conventional one, with a low starting torque, it is compact and
scalable.

The literature survey concludes that the dynamic behaviour is performed only for
systems with one input and one output or two inputs and one output, i.e., wind turbines
with a conventional electric generator. In the vast majority of the presented research, the
wind rotor and generator have nonlinear models, which lead to a dynamic model with a
high complexity. In addition, some onshore theoretical models consider the wind turbines
operating under constant wind speed. Generally, the numerical simulations are performed
on high-power wind systems using Matlab-Simulink. As a result, the authors did not
identify in the literature relevant results regarding the generalized dynamic modelling
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of the mechanical system for the class of wind turbines with single wind rotor and a
counter-rotating electric generator, which would enable obtaining, in a simpler way, the
dynamic response under variable wind speed.

The paper aims to cover the gap by proposing a novel algorithm for dynamic mod-
elling of single-rotor wind systems that include a counter-rotating electric generator and a
speed increaser with one input (connection to the wind rotor) and two outputs (connec-
tions to the rotor and stator of the electric generator), meant also to be used in real very
attracting low-power applications, e.g., in the built environment. The power generated
by the wind rotor is branched to the generator rotor and stator, a solution that brings
several advantages compared to the conventional wind turbines (with fixed stator): higher
mechanical efficiencies, a more compact speed increaser (with lower kinematic ratio), and
a self-balancing electric generator in operation. The dynamic modelling is performed
under variable wind conditions. It combines the classical equations associated with the
rigid bodies with fixed-axis rotational motion (mechanical moments of inertia, kinematic
transmission ratios, and the efficiency of the cylindrical gear set) with the linear equations
associated with the mechanical characteristics for both the direct current (DC) generator
and the wind rotor, respectively, on its quasilinear active working sector in operation. The
linear equations of the wind rotor mechanical characteristic are expressed as functions
of wind speed. The motion and efficiency equations in the dynamic regime are defined
analytically and simulated for the case study of a 10 kW wind turbine, the numerical results
validating the generalized theoretical model.

The paper is organised as follows: Section 2 presents the configuration of the wind
turbine with counter-rotating generator and the analytical model for angular speeds and
kinematic ratio; Section 3 is devoted to the dynamic analytical modelling; in Section 4 the
numerical simulations and analyses are performed for a specific scenario; and Section 5
provides the conclusions.

2. Problem Formulation

Wind turbines with counter-rotating electric generator are characterised by a mechani-
cal system with higher inertia versus the ones with conventional electric generator, due to
the rotation of the generator stator, which usually is characterised by a higher mechanical
moment of inertia than the generator rotor. Therefore, identifying the transient dynamic
behaviour of these wind turbines when changing the wind speed is a challenge in expand-
ing the implementation of wind turbine solutions with counter-rotating electric generators
and also for their better operation.

The modelling of the dynamic response of wind turbines with counter-rotating electric
generator was further developed for a generic wind turbine including a simple gearbox.
The analysed wind turbine consisted of a wind rotor R, a fixed axes speed increaser SI with
one input and two outputs, and a counter-rotating electric generator G, characterised by
the rotation of the rotor GR and stator GS in opposite directions, Figure 1.

The speed increaser SI was derived from a cylindrical planetary gear set with one
satellite gear, which functioned as a fixed axes mechanism obtained by connecting the
satellite carrier H to frame 0. Thus, the mechanical power input in the speed increaser
was achieved through a ring gear 2, which was connected to the wind rotor R and to the
generator stator GS, which engaged with two or more evenly distributed gears 3. The
gears 3 engaged simultaneously with gear 1, which ensured the transmission of mechanical
power to the generator rotor GR. The ring gear 2 and gear 1 had the same revolute axis,
namely the central axis. As a result, the input mechanical power was distributed on two
branches to (Figure 1c):

- the generator rotor GR, through the speed increaser SI, with speed amplification;
- the generator stator GS, without changing the input speed due to the direct connection

between the wind rotor R and the stator GS.
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Figure 1. Single-rotor wind turbine with counter-rotating electric generator: (a) conceptual scheme;
(b) kinematic scheme (upper-half front view); and (c) block scheme.

The angular speeds of the gears and the kinematic ratios, under the conditions of the
branched transmission of mechanical power from the input 2 ≡ R to the outputs 1 ≡ GR
and 2 ≡ GS, can be obtained based on the scheme from Figure 1b:

ω1 =
−v1

r1
= − tan δ1; ω1 = ωGR (1)

ω2 =
v2

r2
= tan δ2; ω2 = ωR = ωGS (2)

iGR_R =
ωGR
ωR

=
ω1

ω2
= − tan δ1

tan δ2
= − r2

r1
= − z2

z1
(3)

iGS_R =
ωGS
ωR

= 1 (4)

whereωx is the angular speed of gear x = 1 . . . 3; vx—the peripheral linear speed on the
pitch circle of radius rx of gear x = 1 . . . 3; δ1, 2—the angle between the straight lines given
by the center of rotation of gears 1, 2 and the origin and the tip, respectively, of the speed
vector v1,2; z1, 2—the teeth number of the gears 1, 2; ix_y—the kinematic ratio (i.e., the ratio
of angular speeds) when the rotation motion is transmitted from body x to body y.

In the operation of an electric generator, the relative angular speed of the rotor to
the statorωG (referred to as the angular speed of the electric generator) is a characteristic
parameter for the generated electric power:

ωG = ωGR −ωGS = ω1 −ω2 (5)

As a result, the total amplification ratio of the angular speed iG_R achieved by the wind
turbine with counter-rotating generator can be determined with the following relation:

iG_R =
ωG
ωR

=
ωGR −ωGS

ωR
=
− tan δ1 − tan δ2

tan δ2
= −1− r2

r1
= −

(
1 +

z2

z1

)
(6)
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The dynamic modelling of the wind turbine from Figure 1 was performed under the
following premises:

- the moving components (gears, the wind rotor, the rotor and stator of the electric
generator) were rigid bodies with the mass distributed evenly and, also, geometrically
symmetrical in relation to their own axis of rotation; therefore, the centre of mass of a
body was a fixed point, located on the body fixed axis of rotation;

- only the frictional losses in the gearing were further considered, while the frictions in
the revolute joints, materialised by bearings with low friction coefficients (due to the
rolling friction), were neglected;

- the wind rotor and the electric generator were not adjusted during operation, which
means that the pitch angle of the blades did not change in operation, and the adjust-
ment parameters of the electric generator remained constant in operation;

- the wind rotor and the electric generator had known mechanical characteristics of
linear type with constant coefficients. The mechanical characteristic of a wind rotor is
a complex 2D curve, which can be approximated with a linear function in the steady-
state regime. Moreover, the DC generators are characterised by a linear dependence
between the driving torque and the angular speed of the electric generatorωG;

- the electrical losses inside the generator were neglected in this study.

The main stages of the proposed dynamic response modelling of the wind turbine
mechanical system are depicted in Figure 2 and further presented. Based on the conceptual
diagram from Figure 1, the input parameters in this algorithm were the wind rotor radius,
efficiencies of gear pairs and teeth numbers of the gears from the speed increaser, the
torque-speed characteristic of the electric generator, and the inertial properties of the
components. In the first stage, the kinematic modelling of the wind turbine mechanical
system was performed by obtaining the transmitting functions for the angular speeds and
the other angular speeds that are dependent on the independent speed of the wind rotor.
For this mechanical system, three dynamic equations can be described, corresponding to
the three rigid bodies to which the mechanical transmission can be reduced. The dynamic
equations can be obtained by various approaches, in this case by using the Newton-
Euler method. The mechanical characteristics (torque-angular speed dependence at a
shaft level) of the wind rotor and the electric generator were added to the kinematic and
dynamic equations of the mechanical system. This study considered the case of DC electric
generators, characterized by linear characteristics modelled by linear functions, as well
as by the equality in absolute value of the torques on its rotor and stator, both mobile
with rotations in opposite directions. The mechanical characteristic of the wind rotor can
be linearized on the active operating area, the coefficients of the linear function being
dependent on the wind speed. These equations enable the calculation of the differential
motion equation of the system that describes the behaviour in transient and steady-state
regimes depending on the independent kinematic variable (the motion of the wind rotor).

The motion equation can be solved by using Simulink-Matlab software and obtains
the system dynamic response (i.e., variation over time of the parameters of independent
motion). Once the dynamic response is established, all the other kinematic parameters and
torques that are associated with the mechanical transmission shafts are obtained explicitly
based on the previous set of equations, including highlighting the changes in mechanical
efficiency during wind turbine operation. The proposed algorithm is a general one and
can be applied to any wind turbine with a single wind rotor and a counter-rotating electric
generator, regardless of whether the mechanical characteristic of the wind rotor is linearized
or not, the speed increaser has fixed axes or is of planetary type, and the generator is either
a DC or an AC. For the sake of simplicity and better understanding, the simplified case of
fixed axes speed increaser and linear mechanical characteristics is considered in this paper.
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Figure 2. Flowchart of the proposed dynamic modelling for single-rotor wind turbines with counter-rotating electric
generator.

3. Dynamic Modelling

The dynamic equations of a general system of motor(s)-mechanism-effector(s) type
describe the system motion under the action of actuation and resistance forces/torques.
The dynamic equations of a wind turbine under the premises mentioned in Section 2 are
homogeneous linear differential equations of second order. The angular acceleration and
speed of the wind rotor interfere with and define the independent motion of the mechanical
system.
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The dynamic modelling method uses the equations of the Newton-Euler formalism
and implies the prior isolation of each body by replacing the connections between the
bodies by the corresponding reaction forces. It is followed by the description of the Newton-
Euler equations for each body, according to the general expression when the origin of the
coordinate system attached to the body coincides with the body centre of mass cm [37]:(

F
T

)
=

(
mI3 0

0 Jcm

)(
acm
ε

)
+

(
0

ω× Jcmω

)
(7)

where F is the resultant force vector acting on the centre of mass, m—the body mass, I3—the
3 × 3 identity matrix, acm—acceleration vector of the centre of mass, T—resultant torque
vector acting on the centre of mass, Jcm—moment of inertia defined about the centre of
mass, ω—angular speed vector of the body, and ε—angular acceleration vector of the
body.

In the case of symmetrical bodies with a fixed axis of rotation (i.e., the centre of mass
cm is a fixed point on the axis of rotation), Equation (7) can be simplified in the following
scalar form:

T = J · ε (8)

where T is the resultant torque acting on body, J—moment of inertia around the body
motion axis, and ε—angular acceleration of the body.

3.1. Dynamic Equations of Component Bodies

Based on the scheme from Figure 1a, the considered wind turbine can be decomposed
into the following rigid bodies:

- body B1: the assembly consisting of the sun gear 1, the generator rotor GR, and the
connecting shaft, Figure 3a;

- body B2: the assembly wind rotor R—ring gear 2—generator stator GS, Figure 3b;
- a number s3 of gears 3 and their shafts (body B3), evenly distributed around the

central axis, Figure 3c.

The positive direction of the angular speed and torque vectors for all the bodies B1
. . . B3 is defined to the right (Figure 1), while Jx denotes the axial moment of inertia of the
body x = 1 . . . 3, ωx—the angular speed of the body x, and Tx—the resultant torque acting
on the body x.

Thus, considering the body B1 characterised by the fixed-rigid connection between
gear 1 and the generator rotor RG, the following equations can be written (Figure 3a):

ω1 = ωGR (9)

J1ε1 = TGR − T1 (10)

Similarly, the kinematic and dynamic equations of the B2 body, characterised by the
connections R ≡ 2 ≡ GS, can be described by (Figure 3b):

ωR = ω2 = ωGS (11)

J2ε2 = TR − T2 + TGS (12)

The mechanical power is transmitted from ring gear 2 to gear 1 through s3 theoretically
equal flows, corresponding to s3 number of gears 3 that are mounted in parallel between
gears 2 and 1. As a result, the body B3 is driven theoretically by a torque T32 defined by
relation (13):

T32 =
T2

s3
i2_3η2_3 (13)
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Figure 3. Dynamic scheme of: (a) body B1; (b) body B2; and (c) body B3.
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which comes from the energetic equilibrium equation with friction for the gear pair
2–3:

T2ω2η2_3 = s3T32ω3 (14)

where i2_3 = ω2/ω3 = z3/z2 is the kinematic ratio of the gear pair 2–3, and η2_3—the
efficiency of the gear pair 2–3.

Gear 3 is also subjected to a reaction torque T31 from gear 1:

T31 =
T1

s3
i1_3η

−1
3_1 (15)

defined as well based on the energetic equilibrium equation with friction for the gear pair
3–1:

s3T31ω3η3_1 = T1ω1 (16)

where i1_3 = ω1/ω3 = −z3/z1 is the kinematic ratio of the gear pair 1–3, and η3_1—the
efficiency of the gear pair 3–1.

As a result, the dynamic equation for the body B3 is:

J3ε3 = T32 + T31 (17)

which by considering Equations (13) and (15) becomes:

s3 J3ε3 = T2i2_3η2_3 + T1i1_3η
−1
3_1 (18)

Relation (18) models the transmission of mechanical power from gear 2 to gear 1 in
the general case of considering the inertial effects of the body B3 and the impact of gear
friction; if the mass of body 3 is neglected (i.e., J3 = 0) or if the turbine is operating in a
steady-state regime (i.e., ε3 = 0), Equation (18) takes the particular form:

T2i2_1η2_1 + T1 = 0 (19)

which expresses the energetic equilibrium condition of the speed increaser SI in the premise
of considering friction in gear pairs, in which:

i2_1 =
ω2

ω1
= i2_3 · i3_1 = − z1

z2
(20)

and
η2_1 = η2_3 · η3_1 (21)

3.2. Mechanical Characteristics

The set of dynamic equations of the three bodies B1 . . . B3 is completed with the linear
mechanical characteristics with constant coefficients of the wind rotor and the counter-
rotating electric generator, respectively:

- the wind rotor R

TR = −aRωR + bR, 0 ≤ ωR ≤
bR
aR

, aR > 0, bR > 0 (22)

- the electric generator G

TG = −aGωG + bG, ωG ≤
bG
aG

, aG > 0, bG < 0 (23)
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where aR, bR, aG, bG are the constant coefficients under the steady-state regime, and, by
definition, TG = TGR. Moreover, the functional specificity of an electric generator ensures
the torque equilibrium condition between the rotor GR and the stator GS:

TGR + TGS = 0 (24)

According to the chosen positive direction (see Figure 3), the mechanical characteristic
of the wind rotor is active in quadrant I (TR > 0 andωR > 0), while for the electric generator
in quadrant II, (TG > 0 andωG < 0) for absolute values of the angular speedωG larger than
the critical value |bG/aG|, which delimits the operating modes as motor and generator of
the DC machine, Figure 4. Therefore, in the dynamic analysis, the electric machine will be
considered in idle functioning regime (i.e., TG = 0) until the required operating speed as a
generator is reached:

TG = 0 forωG >
bG
aG

(25)

Figure 4. Linear mechanical characteristics of a wind rotor (R) and a DC generator (G).

In the present study, it was assumed that the electric generator was not adjusted
during operation, and the pitch angle of the wind rotor blades was not changed. Instead,
the mechanical characteristic of the wind rotor changes with the variation of the wind
speed, as the mechanical power PR generated at the wind rotor shaft depends on wind
speed value [38]:

PR =
1
2

πρCpr2
Rv3

w (26)

where ρ is the air density, Cp—aerodynamic power coefficient, rR—radius of the wind rotor,
and vw—the wind speed.

In the general case, the coefficient Cp depends on the wind speed vw, the angular
speed of the wind rotorωR, and the blade pitch angle β. Since, in this study, the pitch angle
was considered constant β = 0◦, the general relation of the power coefficient Cp [38–40] is
obtained through particularisation in the following form:

Cp = c1

(
c2

λi
− c3

)
· e−

c4
λi + c5λ (27)
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where λ is the tip speed ratio:

λ =
ωRrR

vw
(28)

and
1
λi

=
1
λ
− c6 (29)

where c1 = 0.5176, c2 = 116, c3 = 5, c4 = 21, c5 = 0.0068, and c6 = 0.035.
Thus, the mechanical characteristic of a wind rotor TR = TR(ωR, vw) can be described

analytically by Equation (30):

TR =
PR
ωR

=
1
2

π ρ r3
Rv2

w

[
c1vw

ωRrR

(
c2vw

ωRrR
− c2c6 − c3

)
· e−c4(

vw
ωRrR

−c6) + c5

]
(30)

Considering the air density ρ = 1.225 kg/m3, the mechanical characteristic of a wind
rotor with the radius rR = 5 m is illustrated in Figure 5 for different values of wind speed
vw. There is a distinct evolution of the torque TR on the three zones A, B and C (Figure 5a),
with approximately linear shapes, rounded at the transition from one zone to another.
Thus, the torque TR remains constant with the increase in the angular velocityωR up to a
threshold value of the angular speed (which increases with the increase in the wind speed,
zone A), followed by an ascending evolution to the maximum value (max TR, zone B) and
a lower slope decrease on zone C—the normal operating area of the wind rotor. It can also
be noticed that the maximum power points (max PR) are found in zone C, at higher values
of the angular speedωR than those corresponding to the maximum torque points (max TR).
Moreover, regardless of wind speed, the maximum power points are located at the limit of
the approximately linear sector of the mechanical characteristic from zone C. Therefore, it
is reasonable to consider the hypothesis of mechanical characteristics of wind turbines as
linear functions with constant coefficients at a given value of the wind speed, under the
condition that the wind turbine operates at optimal angular speed values (corresponding
to the maximum power point) or higher.

Considering the curves in zone C approximated by linear functions, described accord-
ing to Equation (22), the influence of increasing wind speed on the wind rotor mechanical
characteristic can be summarised as follows (Figure 5b):

• it causes the increase in the angular speed during idle operation (i.e, TR = 0), meaning
the increase in the bR/aR value.

• it leads to the increase in the characteristic slope and to the increase in the bR value,
implicitly.

As a result, both coefficients aR and bR are directly influenced by the wind speed and
thus the wind rotor operates under a different mechanical characteristic when the wind
changes its speed.
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Figure 5. The influence of wind speed on the mechanical characteristic of a wind rotor: (a) mechanical
characteristic zones; (b) linearized active sector of mechanical characteristics.

3.3. System Motion Equation

The wind system motion in the dynamic regime is described by a second-order
differential equation represented as a function of the independent input motion of the wind
rotor R, i.e., the angular speed ωR =

.
ϕR and angular acceleration εR =

..
ϕR, where ϕR is

the angular displacement of the wind rotor,
.
ϕR = dϕR/dt and

..
ϕR = d2ϕR/dt2.

According to Equations (10) and (18), the torques T1 and T2 are obtained:

T1 = TG − J1ε1 (31)

T2 =
s3 J3ε3 − T1i1_3η

−1
3_1

i2_3η2_3
(32)
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and considering Equations (11), (12), and (31), the angular acceleration is obtained:

εR =
TR + TG

(
i1_2
η2_1
− 1
)

J1
i21_2
η2_1

+ J2 + s3 J3
i23_2
η2_3

(33)

in which the following obvious replacements are considered:

ε1 = i1_2ε2; ε3 = i3_2ε2; TGS = −TG (34)

Equation (35) is obtained from Equations (23), (5), and (11):

TG = −aG(i1_2 − 1)ωR + bG (35)

The motion equation of the wind system is obtained replacing Equations (22) and (35)
in (33):

εR =
−
[

aR + aG(i1_2 − 1)
(

i1_2
η2_1
− 1
)]
ωR +

[
bR + bG

(
i1_2
η2_1
− 1
)]

J1
i21_2
η2_1

+ J2 + s3 J3
i23_2
η2_3

(36)

The following a priori known constant parameters interfere in the differential Equation (36):

aR, bR, aG, bG, J1, J2, J3, i1_2, i3_2,η2_1,η2_3 (37)

in which the parameters aR and bR are dependent on the wind speed, according to linear
trend lines in Figure 5b.

The time variation of the independent parameters (ϕR,
.
ϕR,

..
ϕR) is obtained solving

Equation (36) under given initial conditions, which describes the evolution in time of
the kinematic (displacements, angular speeds, and accelerations) and dynamic behaviour
(torques, powers, and efficiency) of the wind system and its components. Equation (36)
is numerically solved using Simulink-MATLAB by MathWorks, aspects of which are
presented in Section 4.

3.4. Mechanical Efficiency

The energy loss due to friction in a mechanical system is expressed by mechanical
efficiency, as a measure of how the mechanical input power is transmitted through the
mechanism to the outputs. The mechanical efficiency is a variable quantity in the tran-
sient regime, significantly influenced by the system’s inertial properties, which tends
asymptotically towards a maximum value specific to the steady-state system operation.

Thus, the relation for the mechanical efficiency of the wind turbine is established
starting from its definition, in which Equations (22) and (35) are replaced:

η = −TGωG
TRωR

= −−aG(i1_2 − 1)ωR + bG
−aRωR + bR

(i1_2 − 1) (38)

Equation (36) is solved as a function of ωR and the mechanical efficiency in the
transient regime is obtained after the replacement of the obtained solution in Equation (38):

η =
(i1_2 − 1)aRbG − (i1_2 − 1)2aG(bR − εR J∗)(

i1_2
η2_1
− 1
)

aRbG − (i1_2 − 1)
(

i1_2
η2_1
− 1
)

aGbR − aRεR J∗
(39)

where J* is the equivalent mechanical moment of inertia of the system reduced at body 2:

J∗ = J1
i21_2

η2_1
+ J2 + s3 J3

i23_2

η2_3
(40)
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Equation (39) shows the dependence of efficiency on the angular acceleration εR of
the wind rotor; in a steady-state regime (i.e., εR = 0), the expression of the mechanical
efficiency can be simplified as follows:

η = η2_1
i1_2 − 1

i1_2 − η2_1
(41)

Unlike the conventional wind turbines with a wind rotor and conventional generator
(with fixed stator), in which the speed increaser has the efficiency independent of the speed
amplification ratio, the stationary mechanical efficiency of wind turbines with counter-
rotating generator depends on both the efficiency of the speed increaser SI with fixed axes
(i.e., η2_1 = η2_3η3_1) and the kinematic ratio i1_2, according to Equation (41). Given that
the kinematic ratio i1_2 has a negative supraunitary value and η2_1 < 1, it is obvious that
η > η2_1. Thus, it can be concluded that wind turbines with counter-rotating generator
have a better mechanical efficiency in a steady-state regime than the conventional systems
that integrate the same speed increaser.

4. Results and Discussions

The numerical simulations of the dynamic model presented in Section 3, developed
for the wind turbine with counter-rotating electric generator described in Section 2, aim
to highlight the evolution in time of the mechanical power parameters (i.e., torque and
angular speed) for input and output shafts, as well as the angular acceleration and the
system mechanical efficiency, in the conditions of sudden changes of the wind speed. Thus,
we considered a wind turbine with a rated power of 10 kW at a nominal wind speed of
8 m/s, characterised by the parameters from Table 1, in a operating scenario in which the
wind turbine started under the action of a 8 m/s wind (stage I), after which the wind speed
dropped sharply to 6 m/s after 8 s (stage II) and then returned to 8 m/s after 15 s (stage III).
Since the linear model adopted for the mechanical characteristic of the wind rotor is valid
only on the useful area of this characteristic (see Figure 5, zone C), in stage I the initial
starting phase was ignored (which is not the object of this research) and the time of 0 s
was chosen at the moment when the angular speed of the wind rotor reached the value
corresponding to the maximum power max PR.

Table 1. The parameters of the 10 kW wind turbine with counter-rotating generator.

Component Parameter Value Unit

Wind rotor
vw = 8 m/s aR 111.16 Nm/s

bR 2388.2 Nm
vw = 6 m/s aR 83.208 Nm/s

bR 1341 Nm
Speed increaser

i1_2 −9 -
i3_2 2.25 -
i1_3 −4 -

η 2_3 = η 3_1 0.975 -
η 2_1 0.9506 -

s3 3 -
Electric generator

aG 3 Nm/s
bG −395 Nm

Inertial parameters
J1 2.5 kgm2

J2 75 kgm2

J3 0.25 kgm2



Appl. Sci. 2021, 11, 8834 16 of 21

The dynamic analytical model of the wind turbine was implemented in the Simulink
module from Matlab by MathWorks. The obtained graphical results including the mechan-
ical efficiency of the wind system are systematised in: Figure 6 for the input (wind rotor R)
and output components (electric generator G), Figure 7 for the rotor GR and the stator
GS of the electric generator, and the distributions of the torque and power of the wind
rotor on the two branches towards the speed increaser input and towards the stator GS are
illustrated in Figure 8.

Figure 6. The dynamic behaviour of the wind rotor R and electric generator G in relation to wind speed modification: (a)
angular speed; (b) angular acceleration; (c) torque; (d) mechanical power; and (e) mechanical efficiency.
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Figure 7. The dynamic behaviour of the generator rotor GR and stator GS in relation to wind speed modification: (a) angular
speed; (b) angular acceleration; (c) torque; and (d) mechanical power.

Figure 8. The dynamic distribution on gear 2 and the generator stator GS of the: (a) torque and (b) mechanical power
generated by the wind rotor R.

In stage I of the considered operating scenario, the wind turbine passed through a
transient period until entering the steady-state, i.e., characterised by constant values of the
kinematic parameters and torques, Figure 6a–d. Typically, the beginning of the steady-state
regime is identified when the angular accelerations become null, Figure 6b. In this transient
stage, the system was accelerated, a significant part of the wind rotor power PR was used
to overcome the inertial resistance of the mechanical components and the accumulation of
kinetic energy, implicitly.

The electric generator started producing electricity only when the speedωG became
equal to the value bG/aG = 131.67 rad/s (see also Figure 4), shortly (about 0.1 s) after
the entry of the wind rotor into the active area of its mechanical characteristic. At each
operating time, the ratio between the angular speeds ωG and ωR and the ratio between
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the angular accelerations εG and εR, respectively, was constant and equal in this case to
iG_R = −10.

In the steady-state operating regime during 4 to 8 s, the electric generator was operated
with a power of 10 kW (Figure 6d) at an angular speed = 153.4 rad/s (Figure 6d).

The decrease in the wind speed to 6 m/s after 8 s of operation (Stage II) caused the
change in the mechanical characteristic of the wind rotor (see Table 1) and also the crossing
of a transient stage (of about 3 s) towards a new steady-state operation, Figure 6a–d. The
significant decrease in the wind rotor power PR to ~2.67 kW and of the driving power of
the electric generator PG to ~2.56 kW, i.e., a reduction of ~25% of the rated power when
the wind speed has dropped to only 75% of its nominal value, is noted in Figure 6d. This
significant decrease in power is due mainly to the large decrease in torques (Figure 6c) and
less of the angular speeds (Figure 6a).

It is also worth noting the atypical evolution of the mechanical efficiency η, which
became supraunitary under the conditions of the definition from Equation (37): according
to Figure 6d, the power of the wind rotor PR decreased suddenly with the decrease in the
wind speed, but the power PG changed progressively due to the active effect of the kinetic
energy, accumulated in the previous stage, which was added to the mechanical energy
produced by the wind rotor. The efficiency η in a steady-state regime was higher than the
efficiency of the speed increaser (η2_1), i.e., 95.53% vs. 95.06%.

In stage III of the numerical simulation scenario, the wind speed returned suddenly
to the nominal value vw = 8 m/s, after 15 s of operation. The variation in the functional
parameters was relatively similar to the one from stage II, symmetrically to the horizontal
axis. A sudden decrease in efficiency can be noted (Figure 6e) given that the power of the
wind rotor was used at the beginning mainly to accelerate the mechanical system and less
to increase the power PG.

The evolution in time of the kinematic parameters and torques for the two mobile
components of the electric generator, in the three stages of the simulation scenario, are
presented in Figure 7. The generator rotor GR had an angular speed increased by iGR_R = −9
and higher than speed of the stator GS, implicitly (iGS_R = 1), Figure 6a. The angular
accelerations εGR and εGS (Figure 7b) had similar evolutions to those illustrated in Figure 6b,
given that εGS = εR and εGR = εG + εGS, which are derived from Equations (11) and (5),
respectively.

The symmetry of the torques curves for the two components of the electric generator
(Figure 7c), characterised by the connection relationship from Equation (24), could also be
observed. Since the torques TGS and TGR were equal in absolute value, the variation of the
powers PGS and PGR depended significantly on the values of the angular speedsωGS and
ωGR. As a result, the leading share of power was brought by the rotor GR, characterised by
an angular speed higher than the stator GS speed; at the same time, the rotor GR also had
the most significant power drop with the decrease in wind speed in stage II, Figure 7d.

The torque TR generated by the wind rotor R was dynamically distributed on two
branches to gear 2 (speed increaser input) and the generator stator GS, the relation between
these torques being influenced by the system inertia in the acceleration/deceleration phases,
according to the dynamic relations from Equations (10), (12), and (18). Thus, in the transient
phase of stage I, the torque TR was used to accelerate the system and to balance the inertial
resistances dynamically, implicitly, which were due to the mechanical moments of inertia
J1 and J3, on the one hand, and J2, on the other hand, Figure 8a. The resistances generated
by the gearing friction forces also interfered in this process. Once the electric generator
was put into operation, the resistant mechanical torque of the generator was added to the
resistances mentioned above. The active effect of the kinetic energy accumulated in stage I
can be observed at the beginning of stage II (Figure 8a), the torque T2 being higher than TR.
Similar evolutions and conclusions can be found for the powers PR, P2, and PGS, according
to Figure 8b.
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5. Conclusions

This paper presented a generalized dynamic modelling approach of the mechanical
system of a single-rotor wind turbine with counter-rotating DC generator, which integrates
a mechanical speed increaser on the power flow to the generator rotor GR and a direct
connection of the generator stator GS to the wind rotor R. The proposed modelling algo-
rithm considered, besides the dynamic equations of the component rigid bodies, the linear
mechanical characteristics of the electric generator and wind rotor.

The analytical study and the numerical simulations of the considered case study in a
functional scenario with three stages drew the following conclusions:

- The proposed dynamic modelling algorithm, synthetically explained in Figure 2 and
detailed in Section 3, is a novel and general approach for the class of wind turbines
with a single wind rotor and a counter-rotating electric generator. It enabled us to
derive the motion equation and obtain the dynamic response and operating point of
the mechanical system in a number and a well-defined sequence of steps, regardless
of the type of components of the wind system.

- The proposed modelling for the linearization of the active sector of the mechanical
characteristic of the wind rotor simplified the analytical modelling of the dynamic
response, without introducing significant errors in relation to their nonlinear model
regardless of the value of wind speed vw: the obtained linear functions are character-
ized by higher values of the statistical parameter R-squared (R2 > 0.998 for the case
study of a 10 kW wind turbine, Figure 5b).

- The proposed analytical approach enabled us to identify the wind system dynamic
behaviour at wind speed change both in a transient regime and a steady-state regime,
in a particular case characterised by zero angular accelerations.

- The use of a counter-rotating generator in a wind turbine has the advantage of higher
mechanical efficiency and kinematic ratio iG_R than in a wind turbine of identical
power that contains a conventional electric generator (with fixed stator).

- The proposed diagrams depicted in Figures 6–8, i.e., the variation of the mechani-
cal power parameters, enabled us to draw valuable conclusions for the functional
optimization of the wind turbine.

The authors aim to extend in future the simplified modelling of the mechanical
characteristic of the wind rotor through a succession of linear functions covering the entire
range of angular speedωR variation, which will enable the complete identification of the
dynamic behaviour in the starting phase. We also intend to validate the theoretical results
by using specialised rigs experimentally.
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Nomenclature

a, b Coefficients of mechanical characteristics
acm Acceleration vector of mass centre
B Body
DC Direct current
F Force
G Electric generator
GR Electric generator rotor
GS Electric generator stator
H Satellite carrier
I Kinematic ratio
I Identity matrix
J Moment of inertia
J* Equivalent mechanical moment of inertia
m Mass
P Power
R Wind rotor
r Radius of the gear pitch circle
SI Speed increaser
T Torque
v Linear speed
vw Wind speed
z Gear teeth number
δ Angle of the speed vector
ε Angular acceleration
η Mechanical efficiency
ω Angular speed
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39. Petković, D.; Ćojbašič, Ž.; Nikolić, V. Adaptive neuro-fuzzy approach for wind turbine power coefficient estimation. Renew.

Sustain. Energy Rev. 2013, 28, 191–195. [CrossRef]
40. Rahman, S.; Akther, S.; Hoque, H.E. Comparison of Different Pitch Controller in Wind Farm for Integrated Power System. Am. J.

Eng. Res. 2018, 7, 288–299. [CrossRef]

http://doi.org/10.1016/j.egypro.2013.06.764
http://doi.org/10.1016/j.enconman.2014.06.018
http://doi.org/10.3390/app10030811
http://doi.org/10.3390/app9122392
http://doi.org/10.35940/ijitee.A4411.119119
http://doi.org/10.1016/j.mechmachtheory.2008.03.004
http://doi.org/10.1016/j.cam.2017.06.021
http://doi.org/10.1016/j.procs.2017.05.331
http://doi.org/10.1016/j.renene.2014.02.047
http://doi.org/10.1002/ese3.356
http://doi.org/10.1007/s12541-013-0021-2
http://doi.org/10.1007/978-1-4020-8915-2_43
http://doi.org/10.1007/978-1-4020-8915-2_44
http://doi.org/10.3390/app10207333
http://doi.org/10.3390/app11156876
http://doi.org/10.3390/app9245501
http://doi.org/10.1109/OPTIM.2008.4602446
http://doi.org/10.3390/en13174568
http://doi.org/10.1016/j.energy.2011.12.029
http://doi.org/10.3390/electronics9111807
http://doi.org/10.1016/j.renene.2010.02.003
http://doi.org/10.3390/en12091754
http://doi.org/10.3390/en14092594
http://doi.org/10.3390/en13010184
http://doi.org/10.1016/j.rser.2013.07.049
http://doi.org/10.13140/RG.2.2.19108.99207


Dynamic Modeling and Simulation
of a Counter-Rotating Wind System with 1-DOF

Planetary Speed Increaser

Mircea Neagoe1(B) , Codruta Ileana Jaliu1 , and Radu Gabriel Saulescu2

1 Renewable Energy Systems and Recycling R&D Center, Transilvania University of Brasov,
Brasov, Romania

{mneagoe,cjaliu}@unitbv.ro
2 Design of Mechanical Elements and Systems R&D Center, Transilvania University of Brasov,

Brasov, Romania

Abstract. The paper presents a theoretical study on the dynamic behavior of
a wind system composed by two counter-rotating wind rotors-planetary speed
increaser-conventional generator. Its dynamic analytical model is developed by
using the Newton–Euler method, in the assumption of rigid bodies and known
linear mechanical characteristics of the two wind rotors and of the direct current
generator. Numerical simulations were carried out in MATLAB-Simulink on a
700 kW wind turbine case study, which allowed highlighting the time variation
of the kinematic parameters, torques and powers for the system shafts, both in
transient and steady-state regimes. Analytical and numerical results are useful to
researchers, designers and developers of wind turbines, who aim to optimize their
construction and functionality through virtual prototyping.

Keywords: Renewable Energy · Wind System · Counter-Rotating Wind
Turbine · Planetary Gearbox · Dynamic Modelling · Simulation

1 Introduction

The optimal design of wind energy systems faces permanent challenges in ensuring
high energy performance, their dynamic behavior playing a significant role in relation to
their functional performance, power output, reliability and lifetime. Dynamic modeling
of wind turbines (WT), used for their behavior identification and control or functional
optimization, has attracted the attention of many researchers in the last decades. Various
dynamic modeling approaches are presented in the literature, while numerical simulation
is mainly performed with the MATLAB-Simulink software package.

Numerous dynamic studies consider the wind system (WS) as a whole [1–9], based
on the wind speed considered as main constant input parameter [3, 4, 7, 10]. Various
mechanical characteristics of the wind rotors and the generator are considered in the
system modeling, either of polynomial [1] or linear [6, 11].

The researchers paid special attention to the dynamics of speed increasers (SI) used
in wind systems, their response being decisive for WS dynamic behavior. Most of the
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speed increasers presented in literature are 1 degree-of-freedom (1-DOF) [2, 6, 11–18]
and rarely 2-DOF transmissions [5, 19].

The most common dynamic modeling methods are Newton–Euler [6, 20] and
Lagrange [8, 15–18, 21]. One of the software frequently used for numerical simulation
of analytical dynamic models is Matlab-Simulink [2–4, 6, 7, 9, 10, 16, 17], which allows
identifying the time variation of representative kinematic and dynamic parameters, such
as angular speeds [3, 6–9], torques [3, 6–8, 21], powers [3, 6–8].

The development of dynamic models is needed for WS dynamic effect analysis and
optimization. Moreover, according to the best knowledge of the authors, there are not
relevant results in the literature on generalized dynamic modeling of the mechanical
system for the WT class with counter-rotating wind rotors and conventional electric
generator. The paper aims to cover this gap by developing a dynamic modeling algorithm
for this WT class, through the Newton–Euler method, to identify the motion equation
and to simulate numerically the dynamic behavior of a 700 kW wind turbine.

The rest of the paper is organized as follows: the formulation of the problem is
introduced in Sect. 2, the kinematic and dynamic modeling algorithm of a counter-
rotating WS with 1-DOF planetary speed increaser is detailed in Sect. 3, the numerical
results obtained by simulating the analytical model in Matlab-Simulink are presented in
Sect. 4, and the final conclusions are drawn in Sect. 5.

2 Problem Formulation

This study aims to present a specific algorithm for analytical dynamic modeling of a
counter-rotating WS with 1-DOF planetary increaser and traditional electric generator
(with fixed stator) and to identify its dynamic response in the start-up transient regime by
numerical simulation of the theoretical model in the Matlab-Simulink software. In this
respect, it is considered the WT depicted in Fig. 1 (half-upper side), composed by two
wind rotors (R1—the upwind rotor, R2—the downwind rotor), an electric generator G
and a 1-DOF cylindrical planetary speed increaser 1-2-3-4-5-H. The powers generated by
the two wind rotors are summed up in the generator, a solution that brings the advantage
of more power and a compact speed increaser (with a lower kinematic ratio) compared
to conventional wind turbines (with a single wind rotor).

The considered SI is a planetary transmission derived from a novel solution proposed
by the authors [22], composed of three central gears (1 ≡ 0, 2 and 3), a double satellite
4-5 and a satellite carrier H, with three external links: two inputs (H and 2) and an output
3 connected to the generator G. The rotors R1 and R2 are designed and adjusted to rotate
in opposite directions and are connected to the speed increaser inputs. As a 1-DOF speed
increaser, it has the property of increasing the output speed relative to the input speed, as
well as summing up the torques generated by the two wind rotors. The 1-DOF planetary
transmission with three external links has by default one independent external motion
(of the upwind rotor R1) and two independent external torques (e.g., TR2 and TG).

The dynamic modeling of the WS depicted in Fig. 1 is carried out by using the
Newton–Euler method under the following assumptions:

• all system elements are geometrically symmetric rigid bodies with homogeneous
spatially distributed mass;
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Fig. 1. Structural scheme of the 1-DOF wind system with two inputs and one output.

• the inertial effect of satellites 4-5 is reduced to the H element (i.e., the axial mechanical
moment of inertia of the satellite carrier also includes the contribution of the satellites);

• the mechanical moments of inertia of the SI components are fully transferred to the
shafts of the wind rotors and of the generator rotor. Thus, the planetary transmission
can be modeled dynamically only with the help of static equations, without affecting
the WS dynamic behavior;

• only the friction on gear pairs is considered (the friction in bearings is neglected);
• the nonlinear mechanical characteristic of the wind rotors is approximated by five

successive linear functions, on five specific speed ranges;
• the generator is a direct current (DC) electric machine and has a linear mechanical

characteristic, implicitly.

The WS dynamic response is simulated for a numerical case that allows the rotors
R1 and R2 to operate simultaneously at their maximum power in steady-state, knowing
that the downwind rotor R2 only benefits from a part of the input wind energy. Also,
the system is controlled to activate the load (connecting the generator to the grid) only
after the generator has reached the required speed. In these conditions, the time variation
of some specific mechanical parameters (speed, torque and power), for all transmission
shafts in start-up regime, is further addressed.

3 Kinematic and Dynamic Modeling

The WS (Fig. 1) has associated the block diagram from Fig. 2, in which the SI is modeled
as a transmission composed by two planetary gear sets connected in parallel: a 1-DOF
PU1 (1-4-5-3-H) and a 2-DOF PU2 (2-5-3-H). The block diagram shows the torques
Tx and rotational speeds ωx of the transmission shafts x = 1, 2, 3, H.

Figure 3 shows the dynamic schemes of the component subsystems obtained by
isolating them from the analyzed WS (Fig. 1), where Jx represents the axial mechan-
ical moment of inertia of a subsystem x, reduced to its shaft. The assumption of SI
transmission without inertial masses (see Sect. 2) is considered.

Applying the method of isolating the component subsystems [11, 14], the following
kinematic and dynamic correlations can be written for PU1, PU2 and the connections
between them:
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Fig. 2. Block scheme of the 1-DOF wind system with two inputs and one output.

Fig. 3. Dynamic schemes for the WT subsystems: a) the speed increaser without inertial masses;
b) the element H equipped with rotor R1 and satellite gears 4-5; c) the central gear 3 with the
generator shaft, d) the central gear 2 and the rotor R2.

• specific equations of PU1 (1-4-5-3-H) and PU2 (2-5-3-H) (Fig. 3a):

UPI :

⎧
⎪⎨

⎪⎩

ω3 − ωH (1 − i01) = 0

T1 + T31i01η
x
01 = 0

T1 + T31 + TH1 = 0

, UP2 :

⎧
⎪⎨

⎪⎩

ω3 − ω2i02 − ωH (1 − i02) = 0

T22 + T32i02η
w
02 = 0

T22 + T32 + TH2 = 0

(1)

• specific correlations for the wind rotor R1 and satellite carrier H (Fig. 3b):
{

ωR1 = ωH

JH εH = TR1 − (TH1 + TH2)
(2)

• specific correlations for the generator G and gear 3 (Fig. 3c):
{

ω3 = ωG

J3ε3 = TG − (T31 + T32)
(3)

• specific correlations for the wind rotor R2 and gear 2 (Fig. 3d):
{

ωR2 = ω2

J2ε2 = TR2 − T22
(4)
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where i01, i02 and η01, η02 are the internal kinematic ratios and internal efficiencies of
the planetary units PU1 and PU2, respectively, and the superscripts x and w are the
efficiency coefficients.

3.1 Kinematic Functions

Considering the motion of the primary rotor R1 as independent, based on the Eqs. (1)–(5)
the expressions of the dependent angular velocities and accelerations (of shafts 2 and 3)
can be obtained:

ω3 = ωH (1 − i01), ε3 = εH (1 − i01) (5)

ω2 = ωH
i02 − i01

i02
, ε2 = εH

i02 − i01

i02
(6)

3.2 Torque Functions and the Equation of Motion

The system of dynamic equations, obtained by extracting the torque equations from
Eqs. (1)–(5), and considering the torques TR2 and TG as independent, has as solution
the expressions of the dependent torques (T22, T1, TH1, TH2, T31, T32, TR1):

T22 = TR2 − J2εH
i02 − i01

i02
, T1 = −TGi01η

x
01 − T22

i01η
x
01

i02η
w
02

+ J3ε3i01η
x
01 (7)

TH1 = TG
(
i01ηx

01 − 1
)+ T22

(
i01ηx

01 − 1

i02ηw
02

)

− J3ε3
(
i01ηx

01 − 1
)
, TH2 = T22

(
1

i02ηw
02

− 1

)

(8)

T31 = TG + T22
1

i02η
w
02

− J3ε3, T32 = −T22
1

i02η
w
02

(9)

TR1 = JH εH + TH1 + TH2. (10)

The equation of motion of the wind system can be obtained by replacing relations
(7)–(9) in Eq. (10):

εH =
TR1 − TG

(
i01η

x
01 − 1

)− TR2

(
i01η

x
01

i02η
w
02

− 1
)

JH − J2

(
i02−i01

i02

)(
i01η

x
01

i02η
w
02

− 1
)

+ J3(i01 − 1)
(
i01η

x
01 − 1

) (11)

where the external torques TR1, TG and TR2 have the expressions given by the mechanical
characteristics (linear functions, see Sect. 2) of the wind rotors and generator:

TR1 = −aR1ωR1 + bR1, TR2 = −aR2ωR2 + bR2, TG = −aGωG + bG (12)

where aR1, bR1, aR2, bR2, aG and bG are constant coefficients.
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4 Results and Discussions

The numerical simulation of the WS dynamic behavior, modeled by the equation of
motion (11), is carried out for the case study of a 700 kW wind turbine with rated
wind speed of 14 m/s. The two wind rotors have diameters equal to 34 m. The intrinsic
parameters of the speed increaser are: i01 = -29, i02 = -17.4, η01 =η02 = 0.972 = 0.9409,
x = -1, w = -1. The mechanical characteristic of the electric generator is defined by the
constant coefficients aG = 0.1 kNs and bG = 6.22 kN. The mechanical characteristics of
the wind rotors are non-linear functions [6], and the solution of their approximation by
linearization on five intervals was chosen. Since R2 rotates in the opposite direction to
the R1, characterized by definition of positive values of the power parameters, it operates
in quadrant 3 (both the moment and the angular velocity are negative, Fig. 4a), while
the electric generator operates in quadrant 4, Fig. 4b.

Fig. 4. Examples of linear mechanical characteristics of: a) wind rotors, b) DC electric generator.

4.1 Determination of the Mechanical Characteristics of Wind Rotors

For a constant wind speed, the torque generated by a wind rotor varies non-linearly with
speed, Fig. 5: in the first part the torque increases slowly at low values (zone I), followed
by an approximately linear increase (zone II) and then a transitional evolution (zones III
and IV) to a final approximately linear shape of torque decreasing (zone V). Zones IV
and V are exploited in operation, the maximum power point being located in zone IV,
according to Fig. 5.

The mechanical characteristics of the two wind turbines are linearized in this study on
the mentioned five zones, the values of the coefficients aR1,2 and bR1,2 being systematized
in Table 1.

4.2 Dynamic Response

The WS analytical model, defined by Eqs. (5)–(12), was implemented in a Matlab-
Simulink application and numerically simulated under the following assumptions:

• the system starts from rest at a constant wind speed vw = 14 m/s (the rated wind
speed), i.e. the mechanical characteristics of rotors R1 and R2 (with equal diameters
of 17 m) from Table 1 are used;
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Fig. 5. Torque versus speed curve (mechanical characteristic) of the wind rotor: a) R1 and b) R2.

Table 1. Coefficients of the mechanical characteristics of the rotors R1 and R2 on five zones.

Zone Rotor R1 Rotor R2

aR1 [kNms] bR1 [kNm] aR2 [kNms] bR2 [kNm]

I − 3.7862 + 10.569 − 2.1769 − 4.8434

II − 85.186 − 138.854 − 55.966 + 60.148

III − 51.869 − 33.423 − 30.593 + 6.0773

IV + 46.683 + 331.546 + 34.898 − 157.527

V + 148.044 778.146 + 101.663 − 355.067
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8 M. Neagoe et al.

• the electric generator is activated (connected to power grid) after its speed reaches
the value bG / aG = 62.2 rad/s, corresponding to the transition of the electric machine
to generator mode;

• the wind system reaches the steady-state regime in zone IV (Fig. 5); its operating
point corresponding to the maximum power point of the wind rotors.

The main results of the numerical simulation, in the transient regime of starting from
rest at the rated wind speed, are depicted in Fig. 6, from which the following aspects can
be highlighted:

• the starting time of the wind system is approx. 60 s, i.e. the time period the system to
enter in steady-state (null accelerations);

• in the first 33.5 s, the system is increasingly accelerated as a result of the rotors
traveling through zone I and partially zone II, having only inertial resistance as load;

• when ωG = bG / aG = 62.2 rad/s (at time = 33.5 s, on zone II) the generator is
connected to the power network and starts producing electricity; thus, the two wind
rotors receive a new workload: the generator resistant torque, increasing linearly with
generator speed;

• after generator activation, the system continues to increase the speed (Fig. 6a) until
reaching the steady-state regime; the angular acceleration increases rapidly in zone
II and then in zone III (entry time = 39.3 s), followed by a decreasing to zero after
entering zone IV (at time = 42.2 s, Fig. 6b);

• the torques generated by the rotors R1 and R2 also increase rapidly on zones II and
III, followed by a decrease on zone IV until the operating point is reached, Fig. 6c.
Despite of equal diameters, the rotor R1 produces a torque ~ 3 times higher than R2
(the downwind rotor), that receive wind with significantly lower speed (~ 9.3 m/s)
than R1 (14 m/s);

• the input and output powers have a similar variation to the torques; the upwind rotor
R1 extracts ~ 3 times more power from the wind than R2. The powers of the rotors
R1 and R2 are positive quantities (being input powers to the speed increaser), and the
power of the generator is negative (output power);

• the wind system reaches in steady-state the operating point, power and efficiency at
values specified in Table 2.

5 Conclusions

The paper presents an analytical dynamic modeling algorithm of a wind system from a
novel class: WT with two counter-rotating rotors and 1-DOF speed increaser. The main
output of the dynamic modeling is the equation of motion, expressed as a differential
relationship between the independent motion (i.e., the angular velocity and acceleration
of the rotor R1) and the independent external torques. The equation of motion was
solved numerically and the WS dynamic behavior in transitory regime, including the
identification of the operating point in the steady-state, was carried out in a specific
application developed in the Matlab-Simulink software. The obtained analytical and
numerical results allowed highlighting the following general conclusions:
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Fig. 6. Dynamic behavior of the wind system: a) angular velocities, b) angular accelerations, c)
torques and d) powers.

Table 2. Kinematic and dynamic parameters at the operating point (in steady state).

Parameter Rotor R1 Rotor R2 Generator G

Angular speed ω [rad/s] 4.024 − 2.683 120.733

Torque T [kNm] 143.673 − 63.897 − 5.854

Power P [kW] 578.140 171.433 − 706.771

Mechanical efficiency: η = 94.24%

• The proposed kinematic and dynamic modeling algorithm, based on the decomposi-
tion of the system into its components, the distribution of the moments of inertia of
the speed increaser elements to its external shafts and the application of the Newton-
Euler method, allowed to successfully obtain the differential equation of motion and
all the correlations for torques, angular speeds and accelerations.
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10 M. Neagoe et al.

• The wind system crosses the transient regime in two phases: at the beginning, the
wind turbine operates at idle and has only the inertial resistance as load; in the second
phase, the generator is connected to the power grid to provide electricity, and hence
a new load from the generator is accompanied the inertial load.

• The wind system stabilizes once entered into steady state regime; the values of its
kinematic and static parameters represent the system operational point. In this regime
only the generator load charges the system, the inertial load vanishes because of null
accelerations.

• The developed model allows the identification of the values of all kinematic (velocities
and angular accelerations) and dynamic (moments, powers) parameters in steady
state, as well as their evolution during the transient regime.

• Wind turbines with counter-rotating rotors have the advantage of higher powers
(approx. 30% higher) than traditional ones (with a single wind rotor), which is also
confirmed by the paper results.
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Abstract: The paper addresses the dynamic modeling and numerical simulation of a novel
single-rotor wind system with a planetary speed increaser and counter-rotating direct
current (DC) generator, patented by authors, during the transient stage from rest. The
proposed analytical dynamic algorithm involves the decomposition of the wind system
into its component rigid bodies, followed by the description of their dynamic equations
using the Newton–Euler method. The linear mechanical characteristics of the DC generator
and wind rotor are added to these dynamic equations. These equations allow for the
establishment of the close-form equation of motion of the wind system and, implicitly, the
time variation of the mechanical power parameters. Numerical simulations of the obtained
analytical dynamic model were performed in MATLAB-Simulink in start-up mode from
rest for the case study of a 100 kW wind turbine. These results allowed highlighting the
time variation of angular velocities and accelerations, torques, and powers for all system
shafts, both in the transient regime and steady-state. The implementation, in this case, of
the counter-rotating generator indicates a 6.4% contribution of the mobile stator to the
generator’s total power. The paper’s results are useful in the design, virtual prototyping,
and optimization processes of modern wind energy conversion systems.

Keywords: renewable energy; wind turbines; counter-rotating electric generator; dynamic
modeling; simulation; transient regime; steady-state

1. Introduction
Wind turbines can shut down during operation, typically due to lack of wind, high

wind speeds, or need for maintenance, and followed afterward by their transition from rest
to operation state. The start-up of medium-large wind turbines is carried out automatically
and in a controlled manner, and prior knowledge of their dynamics is typically employed
in controllers. Thus, dynamic behavior in transient regimes represents a challenge for
researchers and an advantage for designers in the optimization of the control system and
wind system design [1–3].

An important issue in approaching the wind system dynamics concerns the assump-
tion of variable wind speed and identification of system dynamic behavior in transient
regimes owing to the change in wind speed or starting from rest. Dynamic studies refer
to both the wind system as a whole [2–7] and its component subsystems, such as electric
generators [8] or mechanical gear transmission [9–11] with the role of speed increasers with
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fixed axes [2,12], mobile axes [7,13–17] or combined [18–26]. The overwhelming majority
of speed increasers are monomobile (single degree of freedom, 1-DOF) mechanical trans-
missions [2,16,19,20,23–25,27,28] and rarely differential (2-DOF) transmissions [5,17]. The
dynamic response of wind systems can be electrical or mechanical, depending on the type
of power pursued: electrical or mechanical power, respectively.

Aiming at improving the performance of electric generators, in conjunction with
their overall size reduction, various counter-rotating type generators [2,17,20,29,30] are
addressed in literature: with permanent magnets [31], with liquid metals [32], DFIG (Double
Fed Induction Generator) that uses a back-to-back Pulse-Width converter Modulation
(PWM) for bidirectional control [8], etc.

Dynamic analysis of wind systems and their subsystems requires the use of specific
software such as FAST v8.16 (Fatigue, Aerodynamics, Structures, and Turbulence) for
aero-elastic dynamic modeling [1,33,34], MATLAB-Simulink [1,2,18,24,35,36], with results
having errors below 2% compared to FAST, Ansys 15.0 [15], SIMPACK [33,34] based on
dynamic multibody modeling, PSCAD/EMDTC [37], etc. These software packages allow
the identification of various representative dynamic parameters related to mechanical
efficiency [2,16,38], shaft speeds [3,36,38] and torques [38–40], mechanical powers [3,29,38],
and for electrical response: current intensity [36,38] and voltage [38].

Modeling the dynamic response of a wind system requires also knowledge of the me-
chanical characteristics of both the wind rotor and the electric generator. In literature, these
features are modeled as nonlinear [8,27,33] or linear [2,20] functions. Thus, Neagoe et al. [2]
addressed the dynamic modeling and simulation of a 10 kW wind turbine with a single
wind rotor and counter-rotating generator, equipped with a classical transmission with
fixed axes, by considering only one linearized zone of the WR mechanical characteristic: the
working zone. The dynamic numerical simulations cover scenarios of wind speed changes
during operation by maintaining the operating point on this working zone. However,
this research did not consider the starting phase from rest or optimizing the generator’s
load entry. Similarly, a single linear function for the working zone is proposed for power
flow modeling in the steady state of a dual-rotor wind turbine with a counter-rotating
generator [20].

In most cases, the dynamic response is an analytical or grapho-analytical result, the
most common dynamic modeling methods applied for wind turbines being Newton–
Euler [1,2,13,41–43], Lagrange + Runge–Kutta [6,22,28,39,40], lumped parameter the-
ory [10,26,44] or polynomial chaos [12]. Generally, the approaches of WT dynamics consider
the gearbox effect in a simplified model by neglecting the rotation of the satellite gears in
planetary transmissions.

The dynamic behavior of a wind energy conversion system also depends on the
moment when the electric generator is connected to the grid: either from the begin-
ning [2,29,35,45] or at a time after start-up [36,41]. Oyekola et al. [36] stated that syn-
chronous or DC motors can be operated as induction generators if their shaft rotation speed
overcomes the synchronous speed. However, this study did not address the optimiza-
tion problem or the impact of the generator connecting time to the grid on the system’s
dynamic behavior.

Based on this literature review, the following gaps emerge:

• Choosing an appropriate model of the mechanical characteristics specific to the oper-
ating condition of the wind system is still a challenging issue;

• The rotation of the satellite gears from planetary speed increasers is typically neglected;
• The choice of the optimal time for connecting the electric generator to the grid.
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Aiming at dealing with these gaps and deepening the understanding of the optimal
functioning of a wind system, the present study brings contributions and focuses mainly
on the following aspects:

(a) The dynamic modeling is carried out analytically by applying the Newton–Euler
method and the MATLAB-Simulink R2014a software in numerical simulations;

(b) The functional compatibility of the wind system is ensured by the planetary speed in-
creaser, whose input is connected to the wind rotor, and its two outputs are connected
to the generator rotor and stator, respectively;

(c) The satellite’s own rotation was considered in dynamic modeling by using an equiva-
lent axial moment of inertia;

(d) The mechanical moments of inertia of the transmission components were reduced at
the shafts of the wind rotor and the electric generator;

(e) The nonlinear mechanical characteristic of the wind rotor is linearized on four zones;
(f) The dynamic system response is given by a simulation module that allows the genera-

tor to connect to the grid after the wind rotor enters the maximum power zone. This
simulator also allows the identification of the dynamic behavior of the considered
subsystems through specific parameters such as power, torque, speed, and efficiency.

Based on the actual reported results, to the best of our knowledge, the dynamic
behavior of this type of wind system with a counter-rotating generator and planetary
speed increaser has not been significantly addressed in the literature. Aiming to cover
this literature gap, the paper proposes a generalized algorithm for close-form dynamic
modeling of single-rotor wind turbine class with planetary speed increaser and counter-
rotating generator, patented by authors [46].

The subsequent sections of the paper are organized as follows: Section 2 introduces
the conceptual and block diagrams of a counter-rotating wind turbine and formulates
the dynamic modeling problem. Section 3 details the proposed generalized algorithm for
analytical dynamic modeling. Numerical results for a 100 kW wind turbine are presented
and discussed in Section 4, and the paper concludes in Section 5.

2. Problem Formulation
Designing wind systems with counter-rotating generators is challenging owing to

the branched power flow in planetary transmissions from a single input to dual outputs.
The generalized modeling and numerical simulation of the dynamic response of this wind
turbine (WT) type is addressed in this paper. Without reducing the generality, a case study
of a 1-DOF wind system is considered (Figure 1), consisting of a wind rotor R, a planetary
speed increaser (SI) with one input (satellite-carrier H) and two outputs (gears 1 and 2)
connected to a counter-rotating electric generator G. The rotor GR and the stator GS of the
generator are both mobile and rotate in opposite directions.

The block scheme in Figure 1b highlights the interactions between the three key
components of the wind system: mechanical power is transmitted from the wind rotor R
via the shaft H to the speed increaser SI, which distributes the output power to both the
rotor GR and stator GS. Obviously, the two power outputs are not independent, the rotor
and stator of the generator being permanently characterized in operation by equal and
opposite torques (i.e., TGS = −TGR).

The speed increaser is a planetary mechanical transmission with cylindrical gears (1–5,
Figure 1), three of which are sun gears (1, 2, and 5 ≡ 0), and the solidarized gears 3 and 4
form a double satellite. In practical applications, the planetary transmission includes ns ≥ 2
equiangularly arranged double satellites (3–4).
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The power input of the speed increaser (i.e., the satellite carrier H) is solidarized with
the wind rotor R. Satellites 3–4 engage on the one hand with a fixed ring gear 5 and on
the other hand with the sun gear 1, connected with the generator rotor GR, and with the
ring gear 2, coupled to the generator stator GS. The angular speed of a counter-rotating
generator G (ωG) is given by the relative speed of the rotor GR with respect to the stator GS:

ωG = ωGR −ωGS = ω1 −ω2. (1)

As a result, the kinematic amplification ratios, which describe the transmission of the
rotational speed from the wind rotor to the generator rotor (ia1) and to the generator stator
(ia2), respectively, and the total amplification ratio (iaG) achieved by the wind turbine, can
be established through the following relations:

ia1 =
ω1

ωH
; ia2 =

ω2

ωH
; iaG =

ω1 −ω2

ωH
= ia1 − ia2, (2)

where ωx is the angular velocity of the body x = 1, 2, H; iay—the amplification ratio from
the input R to the element y = 1, 2, G.

The dynamic modeling of the analyzed 1-DOF wind system aims to identify its
equation of motion εR = f (ωR, Jx, cst), where Jx is the mechanical axial moment of inertia
of the body x = 1, 2, H, and cst represents the set of other constant parameters. The motion
of the input shaft (of the wind rotor R) is considered as an independent kinematic variable
of the wind turbine. By solving this differential equation, the time variation of the torques
and kinematic variables (velocities and angular accelerations) related to all system shafts is
obtained; the numerical simulations are performed under the assumption of starting the
system from rest at a specified constant wind speed.

In the proposed dynamic modeling, the following working premises are considered:

(1) The rotational elements have geometric symmetry with respect to their own axis of
motion, and they are rigid bodies with uniformly distributed mass; as a result, the
mass center of a body is located on its own axis of rotation;

(2) The inertial masses of the mobile elements in the planetary transmission are reduced
to their outer shafts; thus, the correlations of the torques in the planetary units coincide
with those of static conditions;

(3) Only the gearing friction losses are considered, neglecting the friction in bearings;
(4) The pitch angle of WR blades does not change during operation; therefore, the adjust-

ment parameters of the wind rotor remain constant during operation;
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(5) As 1-DOF transmission is employed, the system has one independent motion at-
tributed to the input element, i.e., the wind rotor;

(6) A direct current (DC) generator is used, and implicitly, its mechanical characteristic is
a linear function with constant coefficients; during generator operation, the balancing
condition of the torques of the rotor GR (TGR) and of the stator GS (TGS) is described
by: TGR + TGS = 0;

(7) The mechanical characteristic of the wind rotor is modeled over four rotational
speed intervals by linear functions with constant coefficients, obviously at a con-
stant wind speed.

Dynamic modeling of the WT mechanical system from Figure 1 is based on the block
scheme depicted in Figure 2a, in which the planetary speed increaser is modeled by two
planetary units (PU) I (H-5-4-3-1) and II (H-5-4-3-2), connected in parallel.

Appl. Sci. 2025, 15, x FOR PEER REVIEW 5 of 17 
 

(2) The inertial masses of the mobile elements in the planetary transmission are reduced 
to their outer shafts; thus, the correlations of the torques in the planetary units coin-
cide with those of static conditions; 

(3) Only the gearing friction losses are considered, neglecting the friction in bearings; 
(4) The pitch angle of WR blades does not change during operation; therefore, the ad-

justment parameters of the wind rotor remain constant during operation; 
(5) As 1-DOF transmission is employed, the system has one independent motion at-

tributed to the input element, i.e., the wind rotor; 
(6) A direct current (DC) generator is used, and implicitly, its mechanical characteristic 

is a linear function with constant coefficients; during generator operation, the balanc-
ing condition of the torques of the rotor GR (TGR) and of the stator GS (TGS) is de-
scribed by: 0;GR GST T+ =  

(7) The mechanical characteristic of the wind rotor is modeled over four rotational speed 
intervals by linear functions with constant coefficients, obviously at a constant wind 
speed. 
Dynamic modeling of the WT mechanical system from Figure 1 is based on the block 

scheme depicted in Figure 2a, in which the planetary speed increaser is modeled by two 
planetary units (PU) I (H-5-4-3-1) and II (H-5-4-3-2), connected in parallel. 

 
(a) 

 

 
(b) (c) (d) (e) 

Figure 2. (a) Block scheme of the wind turbine and its decomposition into components: (b) wind 
rotor; (c) intermediate shaft; (d) planetary units; and (e) generator rotor and stator. 
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By decomposing the wind system from Figure 2a, the six structural components repre-
sented in Figure 2b–e are obtained, characterized by specific kinematic and dynamic equa-
tions, according to the methodology detailed in Section 3. In the proposed approach, the
axial moments of inertia of the components are reduced on the outer shafts of the planetary
transmission (i.e., the shafts of the R, GR, and GS bodies) [37]. Thus, the torque equations
for the components in Figure 2c,d can be described by the classical relations established un-
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der steady-state conditions and for the other components, depicted in Figure 2b,e,—under
dynamic conditions.

The axial moment of inertia of the ns satellites 3–4, mounted in parallel, is reduced
to the satellite-carrier H axis based on the principle of equalizing their kinetic energy. The
satellite body has a combined rotation (around its own axis) and revolution (around the
fixed sun axis) motion; its kinetic energy is considered equal to that of a virtual body with
motion around the sun axis having an equivalent moment of inertia JsH:

Ks =
1
2

ns

(
msv2

Gs + Jsωs
2
)
=

1
2

JsHω
2
H , (3)

JsH = nsms

(
vGs
ωH

)2
+ ns Js

(
ωs

ωH

)2
, (4)

in which

ωs

ωH
=

ωH +ωsH
ωH

= 1 +
ωsH
ωH

= 1 +
ωsH
ωH5

= 1 − ωsH
ω5H

= 1 − i45, vGs = ωH · rH , (5)

yielding to
JsH = ns

(
msr2

H + Js(1 − i45)
2
)

, (6)

where ms and Js are the mass and the axial mechanical moment of a satellite 3–4, respectively
(Js is established with respect to the own axis of rotation), rH is the radius of satellite axis
arrangement on the carrier H, and i45 is the kinematic ratio of the gear pair with fixed
axes 4–5 (i.e., i45 = z5/z4, where z4 and z5 are the numbers of teeth of gears 4 and 5,
respectively).

Next, the main steps of the dynamic modeling algorithm are presented, based on dy-
namic equations of the transmission external shafts, modeled by the Newton–Euler method,
the kinematic and static equations of both planetary units I and II, and the mechanical
characteristics of the wind rotor and counter-rotating electric generator.

3. Dynamic Modelling
The dynamic equations of the wind system components in the mentioned working

premises are linear differential equations of the second order with constant coefficients; they
can be obtained by applying the Newton–Euler method considering the positive direction
of angular velocity and torque vectors according to Figure 2.

According to premise (2), the following kinematic and static equations can be written
for the two planetary units PU-I and PU-II [16], see Figure 2d:

PU-I :

{
ω1 = ωH(1 − i01)

ωHTH1η1 +ω1T1 = 0
PU-II :

{
ω2 = ωH(1 − i02)

ωHTH2η2 +ω2T2 = 0
(7)

where Tx is the resultant torque acting on the element x; i01, i02, and η1, η2 are the internal
kinematic ratio and the efficiency of PU-I and PU-II, respectively, and TH = TH1 + TH2—
Figure 2b.

The relations for the kinematic ratios and transmission efficiencies, specified in Table 1,
can be easily derived from Equation (7).

According to the block diagram in Figure 2 and Equation (2), Table 2 illustrates
the dynamic schemes of the three WT components, resulting from the decomposition
of the wind system into distinctive rigid bodies, as well as their related kinematic and
dynamic equations.
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Table 1. Transmission ratios and efficiencies.

PU i01,2 ia1,2 η1,2

I − z5
z4
· z3

z1
1 − i01

1−i01
1−i01/η01

II z5
z4
· z3

z2
1 − i02

1−i02
1−i02/η02

zj is the no. of teeth of the gear j = 1. . .5 (see Figure 1); η01, η02—internal efficiency of PU-I and PU-II, respectively;
η01 = η02 = η2

g, where ηg is the efficiency of a gear pair with fixed axes.

Table 2. Schemes and dynamic equations of the WT components.

Body Dynamic Schemes Equations
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 ω2 = ωGS
ω2 = ωH · ia2
ε2 = εH · ia2
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εx is the angular acceleration of the body x = 1, 2, H; JH = JR + JshR + JsH , J1 = Jg1 + Jsh1 + JGR, J2 = Jg2 + Jsh2 +
JGS, where g—gear and sh—shaft.

The set of equations in Table 2 is augmented by the linear mechanical characteristics
with constant coefficients of the wind rotor (R) and generator (G):

TR = −aRωR + bR; TG = −aG(ωGR −ωGS) + bG, (8)

where aR, bR, aG, bG are constant coefficients under steady-state conditions, and by defini-
tion TG = TGR.

The mechanical characteristic of a wind rotor is a nonlinear function [33,35], which can,
however, be acceptably approximated by straight line segments; in this study, four-zone
nonlinear characteristic modeling was adopted (Figure 3): zones I and II are used at start-up,
zone III includes the point of maximum power Pmax, and zones III and IV designate the
working zones of the wind rotor. Obviously, the coefficients aR, bR in Equation (8) are
replaced specifically by aRi, bRi, i = 1. . .4 for each of the four zones I. . .IV.

Obviously, linearizing the WT mechanical characteristic leads to inaccuracies in the
calculated torque TR, as qualitatively shown in Figure 3. For the case study presented in
Section 4, the most significant torque errors are recorded in zone III, with a relative error
value of less than 3.4% (its maximum value near the midpoint of zone III, Figure 3), an
acceptable level in numerical simulation of such a complex system.
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Substituting the gear ratio and efficiency relations from Table 1 into the kinematic,
static, and dynamic equations from Table 2 and corroborating with Rels. (4) and (5), the
equation of motion is obtained:

εR =
ωR

[
aG

(
ia1ia2(η1 + η2)− η2i2a1 − η1i2a2

)
− aRη1η2

]
+ bG(η2ia1 − η1ia2) + bRη1η2

J1i2a1η2 + J2i2a2η1 + JHη1η2
. (9)

This equation of motion is a nonhomogeneous second-order differential equation
in one variable (independent motion parameter:ωR, where εR = dωR

dt ). This differential
equation is solved by numerical integration in MATLAB-Simulink R2014a under known
initial conditions: the starting from rest is considered (ωR(t=0) = 0), and the electric
machine is coupled to the grid (i.e., the load is activated) when it switches to generator
mode (ωG > bG

aG
).

The dynamic behavior in a transient regime can be determined by solving the equation
of motion (9), obtained using Rels. (7), (8), and Table 2; based on the solution of independent
motion, it becomes possible to derive the time evolution of power parameters for all
transmission shafts.

4. Results and Discussions
Using the previously presented dynamic model, a numerical response is targeted for a

100 kW wind system with parameter values provided in Table 3.

Table 3. Constant intrinsic parameters of the wind system.

zi i0 ia
a [kNms]
b [kNm] η J [kgm2]

z1 = 19

i01 = −14.8052
i02 = 2.0837

ia1 = 15.8052
ia2 = −1.0837
iaG = 16.8889

aR1 = −0.328, bR1 = 1.866
ηg = 0.9560
η1 = 0.9195
η2 = 0.8468

J1 = 0.1 · 103

J2 = 1 · 103

JH = 200 · 103

z2 = 135 aR2 = −11.536, bR2 = −20.533
z3 = 58 aR3 = 2.298, bR3 = 34.014
z4 = 20 aR4 = 20.259, bR4 = 121.065
z5 = 97 aG = 0.368, bG = 27.975

The wind turbine has a nominal power of 100 kW, generated by a wind rotor with
a diameter of 22.5 m at a nominal wind speed of 10.5 m/s. The start-up of the wind
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system is performed from rest, and the electric generator load is applied at the time when
ωG = bG/aG = 76 s−1. Thus, the wind system goes through three phases:

(1) In the first phase, the mechanical energy generated by the wind rotor is used exclu-
sively to overcome inertial resistance (implicitly, to accelerate the system);

(2) In the second phase, when the generator is coupled to the grid, the generator-resistant
torque is added to the inertial load;

(3) In the third phase, the wind turbine enters into a steady state (i.e., zero accelerations),
obtaining the operating point described by the values of the angular velocities and
torques, as well as the powers of all the shafts of the wind system, Table 4.

Table 4. Operating point of the wind system in steady-state.

Shaft Torque
[kNm]

Angular Speed
[s−1]

Power
[kW]

R ≡ H 23.208 4.704 109.17
H1 21.600 4.704 101.61
H2 1.608 4.704 7.56

1 ≡ GR −1.256 74.317 −93.34
2 ≡ GS 1.256 −5.097 −6.40

G −1.256 79.414 −99.75

The results of the numerical simulation in MATLAB-Simulink R2014a, based on the
equation of motion (9) and all the other equations of the analytical model, are depicted in
Figures 4–6. The diagrams in these figures highlight the two moments of time delimiting the
three phases of the WT transition from rest to steady-state: the electric generator enters the
load at ≈260 s, and the stabilization of the system takes place at ≈280 s (i.e., the starting time).
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Figure 4 shows comparatively the time variations of the kinematic parameters, torques,
and powers from the system input vs. output. Worth noting the quasi-linear variation of all
input parameters and output motions in the first part of the start-up phase 1, characterized
by TG = 0 (i.e., the generator runs idle) and wind rotor operation on the zone I (see Figure 3).
Since the torque generated by the wind rotor has low values at start-up (TR ≈ 2 kNm,
Figure 4c), the system requires a long time (≈220 s) of slow increase in speed (Figure 4a)
and implicitly in angular acceleration (Figure 4b) as a result of inertial resistance. Once the
wind rotor enters zone II (time t1 ≈ 220 s), the system is rapidly accelerated as a result of the
greater torque extracted by the wind rotor from the wind. The wind rotor torque reaches its
maximum value at the end of zone II (at time t2 ≈ 255 s), followed by a torque decrease into
zone III for ≈5 s. At time t3 ≈ 260 s, the electric generator enters the load (i.e., the wind system
goes into phase 2), as the operating conditions of the DC electric machine as a generator are
being met: ωG ≥ bG/aG = 76 s−1, Figure 4a. The generator torque increases rapidly up to
the value TG = 1.25 kNm (Figure 4c), with the decrease to zero of the angular acceleration
(Figure 4b) and implicitly the entry of the system into steady-state (at time t4 ≈ 280 s).

In phase 3, the generator power stabilizes at PG ≈ −100 kW, the mechanical power
extracted from the wind being PR = 109.4 kW, Figure 4d; implicitly, the transmission
efficiency has the value: ηWT = −PG/PR = −TG ·ωG/(TR ·ωR) = 0.9138. The efficiency
ηWT has a value close to the value η1 and is significantly higher than η2 (see Table 3);
thus, the advantage of power branching in complex mechanisms compared to the serial
connection of component mechanisms is also well emphasized.

Figure 5 shows the distribution of torques and mechanical power on the inputs of
planetary units I and II, as well as the influence of inertia on the WT dynamic behavior.
In the first part of phase 1, a significant difference between the driving torque TR and the
resistant torque TH is noted (Figures 2 and 5a). This fact is owing to the insignificant values
of the torques TH1 and TH2, also caused by the reduced inertial resistances of the output
shafts (the values of the moments of inertia J1 and J2 being much lower compared to JH: JH

≈ 2000·J1 ≈ 200·J2, see Figure 2, Tables 2 and 3); this reduced inertial effect of the output
shafts is also confirmed by their relatively reduced values of angular accelerations. As a
result, the torque TR is mostly used to overcome the inertial load of the input shaft H. Once
the generator enters the load, the TH1 torque increases much faster than TH2, becoming the
major component of TH in the steady state. Although the GR rotor and GS stator torques
are equal in steady-state, the significant difference between TH1 and TH2 is explained
by the large differences in the amplification ratios ia1 = 15.8052 and ia2 = −1.0837 (see
Table 3) corresponding to the two power branches. The power variation on the input
shafts (Figure 5b) follows a similar evolution as the input torques (Figure 5a): most of the
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wind rotor power (over 93%) is directed to the planetary unit I and, implicitly, to the GR
rotor—the body with the highest rotation speed.
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Figure 6 illustrates the WT dynamic behavior at the output side, characterized by
the branched power transmission via the rotor GR and the stator GS, respectively; the
contribution of the mobile stator to the overall performance of the wind system is particu-
larly highlighted. The output angular speeds and accelerations (Figure 6a,b) have a linear
dependence on the independent motion of the wind rotor; according to the relations in
Table 2, they follow the variation profile of the angular velocity ωR and acceleration εR,
respectively (Figure 4a,b), with values amplified with the ratios ia1, ia2, and iaG, respectively.
Note the much lower speed and acceleration of the GS stator compared to the GR rotor,
and finally, the smaller power contribution from the GS stator vs. GR rotor due to the large
inequality: |ia2| << ia1. Obviously, this situation can be improved by optimizing the ratio
between ia2 and ia1, as well as the large ratio between the inertia of the GS stator and the
GR rotor.

At the time the generator enters the load (≈ 260 s), the torques T1 (Figure 6c) and T2

(Figure 6e), respectively, the powers P1 (Figure 6d) and P2 (Figure 6f) reflect the inertial
impact of the output shafts (1 and 2). Although the two shafts have different moments of
inertia (J2 = 10J1, see Table 3), the large acceleration difference in favor of shaft 1 ≡ GR makes
the inertial resistance of shaft 1 greater than that of shaft 2 (maximum 0.172 vs. 0.118 kNm)
in phase (1). In steady-state, the high angular velocity of the GR rotor allows it to receive a
much higher power compared to the GS stator (i.e., |PGR| = 93.34 kW > |PGS| = 6.40 kW).
Thus, the power contribution of the GS stator to the total power of the generator is ~ 6.4%
(Figure 6g), the largest share of the power flow being distributed to the GR rotor.

The results of the dynamic numerical simulations, based on the analytical dynamic
model developed in this study, allow the identification of the WT dynamic behavior in the
transient regime during starting-up from rest, as well as the values of the operating point
parameters in steady-state.

5. Conclusions
The paper proposes a generalized algorithm for dynamic modeling of the wind system

class of type: single-rotor, 1-DOF planetary transmission, and counter-rotating generator.
The counter-rotating generator requires a dual-output speed increaser, leading to a

branched power flow configuration where the input power is distributed to the two parallel-
connected planetary units. The analytical equation of motion is derived by combining the
dynamic equations of the shafts, the mechanical characteristics of the wind rotor and electric
generator, and the kinematic and static equations of the planetary gear transmission, which
together describe the complex interactions within this system. This system of equations
allows the analytical establishment of the wind system equation of motion and implicitly
its operating point by numerical solution in transient mode and in steady-state.

The analytical study and the results of the numerical simulations carried out on
a case study of a wind turbine with a rated power of 100 kW allowed us to draw the
following conclusions:

• The proposed generalized modeling algorithm allows obtaining analytically the equa-
tion of motion of the wind system, formulated as a nonhomogeneous differential
equation of the second order in a single independent variable, describing the wind
rotor motion;

• By numerically solving the equation of motion, using the MATLAB-Simulink R2014a
software, the dynamic response of the wind system in transient mode and the operat-
ing point in steady-state are obtained;

• The analysis of the dynamic response in transient mode, when starting from rest at
constant wind speed, allowed the identification of the starting time of the wind system,
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as well as the stresses induced by the inertial load alone and by its combination with
the generator load;

• Unlike the case of traditional wind turbines, equipped with a conventional generator
with a fixed stator, the counter-rotating generator allows an additional input of power
brought by the mobile stator GS; in the analyzed case, the additional power supply by
GS in steady-state is ~6.4%.

The proposed generalized algorithm can be applied, with rigorous adaptations, to
other types of wind systems, regardless of their complexity: with one or more wind rotors,
with conventional or counter-rotating electric generators, with fixed-axis or planetary speed
increaser. Likewise, the developed MATLAB-Simulink R2014a model can also be applied
iteratively for the purpose of constructive-functional optimization of this particular type
of wind system, as well as in the simulation scenarios of variable operational conditions
determined by the change in wind speed.

The authors intend to address in the future the dynamic optimization of such wind
systems and the validation of theoretical results through the experimental research of some
functional models on specialized testing rigs.
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Nomenclature

aG speed coefficient in the generator mechanical characteristic
aR speed coefficient in the wind rotor mechanical characteristic
bG torque term in the generator mechanical characteristic
bR torque term in the wind rotor mechanical characteristic
DOF degree of freedom
DC direct current
DFIG double fed induction generator
FAST fatigue, aerodynamics, structures, and turbulence
g gear
G electric generator
GR generator rotor
GS generator stator
H satellite carrier
i kinematic ratio
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i0 internal kinematic ratio
ia speed amplification ratio
J mechanical axial moment of inertia
Ks kinetic energy
m mass
ns number of satellites
P power
PWM pulse-width converter modulation
PU planetary unit
r radius
R wind rotor
t time
T torque
η efficiency
η0 internal efficiency
ηg efficiency of a gear pair
ω angular speed
ε angular acceleration
SI speed increaser
sh shaft
v linear speed
WR wind rotor
WT wind turbine
zj number of teeth of gear j
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Abstract

In the worldwide effort to decarbonize the electricity generation, increasing the energy performance of renewable energy
conversion systems is a continuing global concern and challenge for stakeholders. In this context, the paper presents the results of
a comparative study on energy performance of four counter-rotating wind turbines of different types. In this regard, the authors
propose a new reconfigurable structure of a counter-rotating wind system, able of operating in four distinct cases: with traditional
electric generator (with fixed stator) or counter-rotating generator, with monomobile (torque adding) or bimobile (speed adding)
speed increaser. These functional cases are obtained by the appropriate command of two intermittent clutches. A generalized
algorithm for kinematic and static analytical modeling of the reconfigurable wind system in steady-state regime is proposed in
the first part. Also, a new approach for optimizing the main design parameters, such as the ratio of wind rotor diameters, is
detailed. The numerical simulations of the obtained closed-form model, for optimized value set of design parameters and various
wind speed values, showed a slight energy advantage of using counter-rotating generators and monomobile transmissions, but
accompanied by drawback of increased complexity. The main results of the paper, i.e. the new reconfigurable wind system
concept and its analytical steady-state model of speeds, torques and efficiency, are useful for researchers and practitioner
interested in developing optimized counter-rotating wind turbines.
© 2022 The Author(s). Published by Elsevier Ltd. This is an open access article under the CC BY-NC-ND license
(http://creativecommons.org/licenses/by-nc-nd/4.0/).

Peer-review under responsibility of the scientific committee of the TMREES22-Fr, EURACA, 2022.

Keywords: Wind turbine; Counter-rotating rotors; Speed increaser; Counter-rotating generator; Energy performance; Steady-state regime

1. Introduction

The counter-rotating wind turbines (CRWT) are a recent alternative with higher energy performance to the
conventional wind systems (with single wind rotor and electric generator with fixed stator). A large number of
research works have been recently devoted to CRWTs by studying various factors influencing their performances.
As shown in [1,2], counter-rotating wind systems require certain distances between counter-rotating wind rotors
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Nomenclature

aG speed coefficient in the generator mechanical characteristic
aR speed coefficient in the wind rotor mechanical characteristic
bG torque term in the generator mechanical characteristic
bR torque term in the wind rotor mechanical characteristic
C1,2 clutch 1,2
CP aerodynamic power coefficient
CRWT counter-rotating wind turbine
DC direct current
DOF degree of freedom
G electric generator
GR generator rotor
GS generator stator
H satellite carrier
HAWT horizontal-axis wind turbine
i kinematic ratio
i0 internal kinematic ratio
i0 internal static ratio
ia speed amplification ratio
kG ratio of the parameters bG and aG

kR ratio of the downwind and upwind rotors radius
kω ratio of the angular speeds of the wind rotors
L number of external links
P power
PG0 rated power of wind turbine
PGS planetary gear set
R1/R2 upwind/downwind rotor
rR radius of the wind rotor
SI speed increaser
T torque
T̃ torque value at the operating point
vR speed of equivalent uniform flow at the rotor R
vw undisturbed wind speed
vw0 rated wind speed
z number of gear teeth
β blade pitch angle
η efficiency
η0 internal efficiency
λ tip speed ratio
ρ air density
ω angular speed
ω̃ angular speed value at the operating point

with equal [2–4] or different [5–8] diameters, and may include counter-rotating generators [1,9–11]. An important
performance parameter of wind systems is the power coefficient (CP ); in the case of counter-rotating rotors with
the same diameter, CP increases theoretically from 0.59 (Betz’s limit) to 0.64 [2,4,7,12–14], which represents an
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improvement of 8%–9% when the distance between the rotors is close to the radius of the rotor, and 7% when
the diameter of the upwind rotor is 25% of the downwind rotor diameter [6]. It was found experimentally that
the wind turbine rotational speed of the wind turbine is also influenced by the blade pitch angle β; thus, as β

increases, the rotational speed decreases, which leads to a decrease in the power coefficient [3,7,12,15]. The annual
energy production can be increased by using counter-rotating turbines by about 43.5% [12] or by about 21% at a
nominal wind speed of 10.6 m/s [7]. Whang [16] demonstrated that his proposed counter-rotating wind system can
generate energy as efficiently as a conventional 3-blade system, but at a slower rotor speed, which means lower
noise operation.

The integration of two counter-rotating rotors can improve the performance of wind turbine systems with
conventional generator, even in low power systems. These CRWTs integrate a speed increaser with two inputs
and one output. This topic has been theoretically approached in various works [17–20], in which dynamic aspects
or power flow were analyzed in the case of 1-DOF (degree of freedom) or 2-DOF speed increaser, thus allowing
the reduction of rotor size while increasing the energy input.

Also worth noting that the parallel transmission of mechanical power from wind turbines to the electric generator
has a better efficiency than serial transmission. A specific algorithm for the conceptual synthesis of speed increasers
integrated in wind energy conversion systems was proposed in [21], as a useful tool in the design process of wind
turbines: with single vs. two counter-rotating wind rotors, with 1-DOF vs. 2-DOF speed increaser, and conventional
vs. counter-rotating electric generator.

The use of counter-rotating electric generators is a relatively recent approach in the domain of wind turbines.
Thus, variants of generators with permanent magnets, connected directly to the wind rotors, have been proposed [9,
10]. A three-phase synchronous electric generator with counter-rotating armatures, with 1 kW rated power at rated
speed of 750 rpm, was analyzed in [10]. Popescu et al. highlighted both the difficulties in execution with a high
degree of complexity, as well as a number of advantages, such as: the increase of the relative speed between the
armatures of the electric generator, and the increase of the power extracted from the wind, respectively. Further
development was proposed by Yanan et al. [11], which introduces a new type of twin-rotor wind turbine and
electrically excited synchronous generator. Another variant of electric generator used in a counter-rotating turbine
is the induction turbine (TRIAS) [22], intended for applications that supply power directly to the grid, which allows
a reduction of losses by about 27% compared to a conventional generator.

Increasing the performance of wind turbines is the main goal in their optimization process. Herzog [14] stated
that a wind speed loss of 1% leads to a 3% decrease in power; moreover, he showed that the upwind rotor extracts
74% of the power, while the downwind rotor only 26%. The fact that a counter-rotating turbine is more efficient at
lower rotor rotational speeds has been demonstrated in [4], which states that CP = 0.37 at tip speed ratio λ = 6,
while a counter-rotating system reaches CP = 0.39 at λ = 5. Kumar [23] also showed that compared to [7], for an
increase in the distance between the two rotors from 0.5 to 0.65 times the rotor diameter, it reaches a maximum
power increase of 9.67%. Mitulet [24] confirmed that two counter-rotating rotors with different diameters (2.46 m
upwind rotor and 2.66 m downwind rotor) increase the output power in the range of 37–45.2%, depending on the
wind speed. No [25] presented detailed procedures for modeling the dynamics and aerodynamics of the 1 MW wind
turbine system.

Aiming at highlighting their performances, wind systems with counter-rotating rotors and/or counter-rotating
generators have been investigated vs. conventional systems. Farahani [26] analyzed a two-input wind system, in
which the main (upwind) rotor has twice the diameter of the downwind rotor. Climescu [27] and Saulescu [28]
considered different operating situations for wind turbines with one vs. two counter-rotating rotors, with vs. without
speed increaser (1-DOF or 2-DOF) and electric generator with fixed vs. mobile stator. Their dynamic behavior was
investigated and compared, concluding that the use of counter-rotating turbines for applications with Class 1 wind
potential allows energy generation at lower nominal speed than in conventional cases. Similar comparative analyzes
were also presented in [29]; it concluded that the counter-rotating turbine solution ensured more compact rotors and
higher efficiency of mechanical transmission (81.7% compared to 71.3% for the considered conventional turbine).
A variable wind speed dynamic approach was presented in [30] for a 10 kW turbine consisting of a wind rotor,
speed increaser and counter-rotating electric generator.

The literature presents various studies, in general, on particular solutions of counter-rotating wind systems,
without identifying significant results on optimizing the ratio of wind rotor diameters, respectively the impact of the
type of electric generator and the type of speed increaser on the energy performance of the wind system. As a result,
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the main purpose of the paper is to propose, model and optimize a novel wind system capable of transforming wind
energy into electricity with high efficiency, by considering the class of wind turbines with counter-rotating wind
turbines, counter-rotating generator and planetary speed increaser. Thus, a new reconfigurable counter-rotating wind
system is proposed in Section 2, for which four distinct operating cases of 1-DOF or 2-DOF turbines are considered,
with traditional (with fixed stator) or counter-rotating generator. The kinematic and static analytical modeling of
this reconfigurable wind system is presented in Section 3, and the optimization of the system design parameters
is addressed in Section 4. A relevant numerical example is described in Section 5, along with discussions on the
results obtained for four cases. The conclusions of the paper are drawn in Section 6.

2. Problem formulation

The proposed comparative analysis addresses four categories of horizontal-axis wind turbines (HAWT) with
two counter-rotating coaxial rotors R1 and R2, which integrate a single degree of freedom (1-DOF) or differential
(2-DOF) speed increaser (SI) and a conventional (with fixed stator, GS ≡ 0, Fig. 1a) or counter-rotating electric
generator (in which the rotor GR and the stator GS are mobile and rotate in opposite directions, Fig. 1b). By
convention, R1 is the upwind rotor and R2 - the downwind rotor. The two rotors R1 and R2 can have the
same or different diameters, and the speed increaser is usually a planetary transmission. It is already known that
branched (in parallel) transmission of mechanical power from wind rotors to the generator is achieved with higher
efficiencies than serial transmission [20]. Based on these considerations, the energy performance of the counter-
rotating wind turbines, under similar operating conditions, can be significantly different depending on their category;
thus, identifying their behavior is a challenge for researchers and a goal for designers in determining the optimal
solution.

Fig. 1. Conceptual scheme of wind turbines with counter-rotating rotors and: (a) conventional generator; (b) counter-rotating generator.

The problem of modeling and identifying the energy performance of the four counter-rotating wind systems is
addressed in the following hypotheses:

• the wind turbines have the same set of wind rotors and the electric generators have identical characteristics;
• the wind rotors R1 and R2 have optimized uneven diameters, according to a proposed approach;
• the rotors R1 and R2 rotate in opposite directions;
• the pitch angle β of the rotor blades is considered at constant value: β = 0◦, for both R1 and R2 rotors;
• the GR rotor and the mobile GS stator rotate in opposite directions, thus leading to an increased speed of the

electric generator (defined as the relative speed between GR and GS). For inertial reasons, the speed of the
GR rotor is typically higher than that of the GS stator;

• the speed increaser is based on a reconfigurable planetary transmission with two inputs, which can operate
both as 1-DOF and 2-DOF mechanism, with one or two outputs, by the appropriate control of two intermittent
clutches C1 and C2, Fig. 2;

• without reducing the generality of the proposed method, for the sake of simplicity of the analytical approach,
it is considered that the wind turbines are equipped with two wind rotors and electric generators of direct
current, whose mechanical characteristics are linear functions with constant coefficients;
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Fig. 2. Structural scheme of the proposed reconfigurable counter-rotating wind system (upper half section).

• the modeling and functional simulation of the four wind turbines are performed in stationary conditions, at
three wind speeds: the rated speed, a speed close to the cut-in value and an intermediate speed.

The proposed speed increaser (Fig. 2) is a planetary transmission with cylindrical gears, consisting of two sun ring
gears 1 and 2, which mesh with the satellite gears 4 and 5, and a sun external gear 3 engaged with the satellite gear
5. The transmission has two inputs (of mechanical power), due to the connection of the satellite carrier H to the
rotor R1 and the gear 2 to the rotor R2. It can have a single output to the generator rotor (3 ≡ GR) or two outputs
(3 ≡ GR and 2 ≡ GS). The transmission can also operate as a 1-DOF drive (by attaching the gear 1 to the base 0)
or 2-DOF (when the gear 1 moves idle). Thus, the speed increaser is a transmission with adjustable configuration,
property ensured by means of the clutches C1 and C2, for which the following coding is introduced:

• C1 = 0 – the clutch C1 is engaged, i.e., 1 ≡ 0; C1 = 1 – the clutch C1 is disengaged, i.e. the gear 1 has idle
motion;

• C2 = 0 – the double clutch C2 is engaged with the base 0, i.e. GS ≡ 0; C2 = 1 – the clutch C2 is engaged
with the gear 2, i.e. GS ≡ 2.

The complex SI in Fig. 2 can be decomposed into two planetary gear sets PGS1 (1-4-5-3-H) and PGS2 (2-5-3-H),
respectively, each characterized by an internal kinematic ratio i01,2 and an internal efficiency η01,2(Fig. 3).

The main parameters of the energy performance considered in this study refer to the mechanical power provided
by the wind rotors, the mechanical power driving the generator and the transmission efficiency. These energy
performance parameters can be identified by applying the algorithm depicted in Fig. 4, considering in a general
approach the following four operating cases ensured by the proposed planetary transmission:

• Case A: bimobile (differential) transmission with two inputs and two outputs (2-DOF, L = 4; C1 = 1 & C2
= 1 => ω1 ̸= 0, T1 = 0),ω2 = ωGS;

• Case B: monomobile transmission with two inputs and two outputs (1-DOF, L = 4; C1 = 0 & C2 = 1 =>

ω1 = 0, T1 ̸= 0), ω2 = ωGS;
• Case C: bimobile transmission with two inputs and one output (2-DOF, L = 3, C1 = 1 & C2 = 0 =>

ω1 ̸= 0,ω1 ̸= 0, T1 = 0, ω2 ̸= ωGS, ωGS = 0);
• Case D: monomobile transmission with two inputs and one output (1-DOF, L = 3, C1 = 0 & C2 = 0 =>

ω1 = 0, T1 ̸= 0, ω2 ̸= ωGS, ωGS = 0).

3. Wind system modeling

The kinematic and static modeling of the mechanical systems, corresponding to the four wind turbines, uses
the block diagram from Fig. 3, which specifies the torques Tx and the angular velocities ωx related to the isolated
subsystems (PGS and shafts); this modeling is based on the general relationships in the theory of gears [31]. Thus,
starting from the definition of the internal kinematic ratios i01 and i02, and assuming that all gears have the same
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Fig. 3. Block scheme of the reconfigurable wind system.

module, the numbers of teeth are modeled by:⎧⎪⎪⎪⎨⎪⎪⎪⎩
i01 = i H

31 =
ω3H

ω1H
= −

z5

z3

z1

z4

i02 = i H
32 =

ω3H

ω2H
= −

z2

z3

z1 − z4 = z5 + z3 = z2 − z5

⇒

⎧⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎩

z1 = z3
i01 (1 − i02)

2i01 − i02 − 1

z2 = −z3i02

z4 = z3

(
1 − i02

2

) (
1 + i02

2i01 − i02 − 1

)
z5 = −z3

1 + i02

2

(1)

where z3, i01 and i02 are considered independent design variables.
As the wind rotors should rotate in opposite directions in all operation cases (i.e., ωR1/ωR2< 0), it is necessary

that |i01| > |i02|, which leads to the restriction: z2 > z1(by default: z5 > z4).
According to Fig. 3, the planetary speed increaser is characterized by the following analytical correlations related

to its isolated subsystems:
• input shafts:{

ωR1 = ωH

TR1 − TH = 0
and

{
ωR2 = ω2R

TR2 − T2R = 0
(2)

• internal shafts:{
ωH = ωHa = ωHb

TH − THa − THb = 0
,

{
ω2 = ω2R = ω2S

T2R − T2 + T2S = 0
and{

ω3 = ω3a = ω3b

T3 − T3a − T3b = 0

(3)
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Fig. 4. Flowchart of the proposed analytical modeling of the reconfigurable wind system.
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• planetary gear sets:

PGS1 :

⎧⎪⎪⎨⎪⎪⎩
ω3 − ω1i01 − ωH (1 − i01) = 0

T1 + T3ai01η
x1
01 = 0

T1 + T3a + THa = 0

and

P SG2 :

⎧⎪⎪⎨⎪⎪⎩
ω3 − ω2i02 − ωH (1 − i02) = 0

T2 + T3bi02η
x2
02 = 0

T2 + T3b + THb = 0

(4)

in which:

x1 = sgn (ω3H T3a) = sgn
(

ω3H T3a

−ω31T3a

)
= sgn

(
i01

1 − i01

)
= −1 (5)

x2 = sgn (ω3H T3b) = sgn
(

ω3H T3b

−ω32T3b

)
= sgn

(
i02

1 − i02

)
= −1 (6)

The general relations (4) have the following particular forms: Cases A and C, in which ω1 ̸= 0, T1 = 0 and
implicitly T3a = 0, THa = 0, i.e. PGS1 operates idle; Cases B and D, in which ω1 = 0, T1 ̸= 0 and implicitly
ω3 − ωH (1 − i01) = 0, i.e. PGS1 becomes a 1-DOF planetary gear set.

• transmission connections with the generator stator and rotor:{
ω3 = ωG R

TG R − T3 = 0
and

{
ω2S = ωGS

TGS − T2S = 0
(7)

• the equations of the global wind system:{
(ωR1TR1 + ωR2TR2) η + ωG R TG R + ωGSTGS = 0

TR1 + TR2 + T1 + TG R + TGS = 0
(8)

• electric generator equations:{
ωG = ωG R − ωGS

TG = TG R = −TGS
(9)

in which, by convention, the angular speed of the electric generator is defined as the relative speed between its rotor
and stator, and the generator torque is considered the torque of the rotor GR (equal and opposite to the torque of
the GS stator).

The relations (2). . . (9) allow the analytical determination of the expressions of torques and angular velocities for
all shafts of the wind system (Table 1): in Cases A and C, depending on the independent variables (ωR1, TR1, ωR2),
and in Cases B and D, depending on (ωR1, TR1, TR2) parameters.

The operating point of the analyzed wind systems (i.e. the values of kinematic and static parameters in steady
state regime for all shafts) can be determined based on the relationships in Table 1 and on the linear mechanical
characteristics with constant coefficients of wind rotors and electric generator (see Fig. 5):

- the wind rotors R1 and R2

TR1 = −aR1ωR1 + bR1, 0 ≤ ωR1 ≤
bR1

aR1
, aR1 > 0, bR1 > 0 (10)

TR2 = −aR2ωR2 + bR2,
bR2

aR2
≤ ωR2 ≤ 0, aR2 > 0, bR2 < 0 (11)

- the electric generator G

TG = −aGωG + bG, ωG >
bG

aG
, aG > 0, bG > 0 (12)

where the values of the parameters aR1,2 and bR1,2 depend on the properties of the wind rotors and they change
with the wind speed.
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Fig. 5. Linear mechanical characteristics of the wind rotors (R1 and R2) and the DC generator (G).

Table 1. Analytical expressions of kinematic and static parameters of the four CRWTs.
Parameter Case A (2-DOF, L = 4) Case B (1-DOF, L = 4) Case C (2-DOF, L = 3) Case D (1-DOF, L = 3)

ωR2 ωR2 ωR1
(
i02 − i01

)
/ i02 ωR2 ωR1

(
i02 − i01

)
/ i02

ω1 ωR1
i01−i02

i01
+ ωR2

i02
i01

0 ωR1
i01−i02

i01
+ ωR2

i02
i01

0

ωGS ωR2 ωR1
(
i02 − i01

)
/ i02 0 0

ωG R ωR1
(
1 − i02

)
+ ωR2i02 ωR1

(
1 − i01

)
ωR1

(
1 − i02

)
+ ωR2i02 ωR1

(
1 − i01

)
ωG

(
ωR1 − ωR2

) (
1 − i02

)
ωR1i01

(
1 − i02

)
/ i02 ωR1

(
1 − i02

)
+ ωR2i02 ωR1

(
1 − i01

)
TR2 −TR1 TR2 −TR1i02/

(
i02 − 1

)
TR2

T1 0 −TR1 − TR2 0
[
TR1i02 + TR2

(
i02 − 1

)]
i01/

[
i02

(
i01 − 1

)]
THa 0

(
TR1 + TR2

) (
i01 − 1

)
/i01 0

[
TR1i02 + TR2

(
i02 − 1

)]
/i02

THb TR1
[
TR1 − TR2

(
i01 − 1

)]
/i01 TR1 −TR2

(
i02 − 1

)
/i02

T3a 0
(
TR1 + TR2

)
/i01 0 −

[
TR1i02 + TR2

(
i02 − 1

)]
/
[
i02

(
i01 − 1

)]
T3b TR1/

(
i02 − 1

) [
TR1 − TR2

(
i01 − 1

)]
/
[
i01

(
i02 − 1

)]
TR1/

(
i02 − 1

)
−TR2/i02

T2 −TR1i02/
(
i02 − 1

)
−

[
TR1 − TR2

(
i01 − 1

)]
i02/

[
i01

(
i02 − 1

)]
−TR1i02/

(
i02 − 1

)
TR2

TG R TR1/
(
i02 − 1

) [
TR1i02 + TR2

(
i02 − i01

)]
/
[
i01

(
i02 − 1

)]
TR1/

(
i02 − 1

)
−

[
TR1i02 + TR2

(
i02 − i01

)]
/
[
i02

(
i01 − 1

)]
η

1−i02
1−i02

TR1i02+TR2
(
i02−i01

)
TR1i02+TR2

(
i02−i01

) ·
i01

(
i02−1

)
i01

(
i02−1

) ωR1
(
i02−1

)
−ωR2i02

ωR1
(
i02−1

)
−ωR2i02

TR1i02+TR2
(
i02−i01

)
TR1i02+TR2

(
i02−i01

) i02
(
i01−1

)
i02

(
i01−1

)
Notes: i01 = i01η

x1
01 , i02 = i02η

x2
02 ; x1 = −1, x2 = −1, ω2 = ωR2, ω3 = ωG R , ωH = ωR1; TH = TR1, T2R = TR2, T3 = T2S = TG R = −TGS .

The Eq. (2). . . (12) define a determined linear system whose solution represents the torques and angular speeds
related to the wind system shafts, to which its efficiency η is added, Table 1. Thus, the expressions of the kinematic
and static parameters of the operating point for the input shafts (of the wind rotors R1 and R2) are presented
in Table 2, used to calculate all the other wind system parameters, according to the relations in Table 1. These
expressions have been obtained using the Maple software and include the constant coefficients of the mechanical
characteristics (aG and aR1,2, bG and bR1,2) and the internal kinematic ratios (i01 and i02), which are subject to
optimization in the design process.

4. Optimal synthesis of CRWT design parameters

The main design parameters of the wind turbines come from the three basic components: (a) the radius rR1 and
rR2 of the R1 and R2 wind rotors, respectively; (b) the internal kinematic ratios i01 and i02 of the planetary gear
sets; (c) the coefficients aG and bG of the generator mechanical characteristic. The values of these parameters can
be optimized at the level of the reconfigurable wind system based on functional harmonization of the wind rotors
and the electric generator.

4.1. Optimization of the wind rotor radius ratio

In certain applications, the wind rotors have equal diameters, which leads to a sub-optimal use of the downwind
rotor due to the reduction of wind speed at its level, as will be emphasized in Section 5. The rotor radius ratio
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Table 2. Operating point parameters for the wind rotor shafts.

Case A (2-DOF, L = 4)

ω̃R1 =

(
i02−1

)
[(bR1+bR2)aG (i02−1)−aR2bG ]+aR2bR1(

i02−1
)
(aR1+aR2)aG (i02−1)+aR1aR2

; ω̃R2 = −
aR1ω̃R1−bR1−bR2

aR2

T̃R1 =

(
i02−1

)
[(aR2bR1−aR1bR2)aG (i02−1)−aR1aR2bG ](
i02−1

)
(aR1+aR2)aG (i02−1)+aR1aR2

; T̃R2 = −aR2ω̃R2 + bR2

Case B (1-DOF, L = 4)

ω̃R1 =
i02

[
bR1i02+bR2

(
i02−i01

)
−bG i01

(
i02−1

)]
aR1i02i02+aR2(i02−i01)

(
i02−i01

)
+aG i01i01(i02−1)

(
i02−1

) ; ω̃R2 = ω̃R1 (i02 − i01) / i02

T̃R1 =
aR1bG i02i01

(
i02−1

)
−aR1bR2i02

(
i02−i01

)
+aG bR1i01i01(i02−1)

(
i02−1

)
+aR2bR1(i02−i01)

(
i02−i01

)
aR1i02i02+aR2(i02−i01)

(
i02−i01

)
+aG i01i01(i02−1)

(
i02−1

)
T̃R2 = aR2 (i01 − i02) ω̃R1/ i02 + bR2

Case C (2-DOF, L = 3)

ω̃R1 =

(
i02−1

)
(aG bR2i02−aR2bG )+aG bR1i02i02+aR2bR1(

i02−1
)
(i02−1)aG aR2+aG aR1i02i02+aR1aR2

; ω̃R2 = −
i02(aR1ω̃R1−bR1)−bR2

(
i02−1

)
aR2

(
i02−1

)
T̃R1 = −

(
i02−1

)
[(aR1bR2−aR2bR1)aG i02+aR2(aG bR1−aR1bG )](

i02−1
)
(i02−1)aG aR2+aG aR1i02i02+aR1aR2

; T̃R2 = −aR2ω̃R2 + bR2

Case D (1-DOF, L = 3)

ω̃R1 =
i02

[
bR1i02+bR2

(
i02−i01

)
−bG i02

(
i01−1

)]
aR1i02i02+aR2(i02−i01)

(
i02−i01

)
+aG i02i02(i01−1)

(
i01−1

) ; ω̃R2 = ω̃R1 (i02 − i01) / i02

T̃R1 =
aR1bG i02i02

(
i01−1

)
−aR1bR2i02

(
i02−i01

)
+aG bR1i02i02(i01−1)

(
i01−1

)
+aR2bR1(i02−i01)

(
i02−i01

)
aR1i02i02+aR2(i02−i01)

(
i02−i01

)
+aG i02i02(i01−1)

(
i01−1

)
T̃R2 = aR2 (i01 − i02) ω̃R1/ i02 + bR2

kR = rR2/rR1 can be optimized provided that both rotors operate simultaneously at maximum power (i.e., at the
maximum value of the aerodynamic power coefficient CP ) and to provide equal torques in absolute value (as required
in Case A, see Table 1).

The mechanical power PR at a wind rotor shaft is modeled by the relation [26]:

PR =
1
2
πρC pr2

Rv3
w (13)

where ρ is the air density (ρ = 1.225 kg/m3).
The power coefficient CP depends on the tip speed ratio λ and the pitch angle of the blades β; in the assumption

β = 0◦, the expression of the power coefficient CP becomes [26]:

CP = c1

(
c2

λi
− c3

)
· e−

c4
λi + c5λ,

1
λi

=
1
λ

− c6, λ =
ωRrR

vR
(14)

where c1 = 0.5176, c2 = 116, c3 = 5, c4 = 21, c5 = 0.0068, c6 = 0.035.
The wind rotor mechanical characteristic results as follows [30] :

TR1,2 =
PR1,2

ωR1,2
=

1
2
π ρ r3

R1,2v
2
R1,2

[
c1vR1,2

ωR1,2rR1,2

(
c2vR1,2

ωR1,2rR1,2
− c2c6 − c3

)
· e

−c4

(
vR1,2

ωR1,2rR1,2
−c6

)
+ c5

]
. (15)

The maximum mechanical power PRmax of a wind rotor at any wind speed, regardless of the rotor radius, results
for the maximum value of the coefficient CP (i.e. CP max = 0.47952), obtained for λ∗

= 8.100 as a solution of the
equation dCP/dλ = 0:

c5λ
3
+ ec4

(
c6−

1
λ

)
c1 [c2c4 − (c2 + c3c4 + c2c4c6) λ] = 0. (16)

Considering the average wind speed on the downwind rotor as modeled in [25]:

vR2 = vR1
3

√
1 −

19
27

r2
R1

r2
R2

(17)

the two counter-rotating wind rotors have in operation the same torque at their maximum power points (as required
in case A, Table 1), i.e. PR1max /ω∗

R1 = PR2max / ω∗

R2, if:(
rR2

rR1

)2
[

1 −
19
27

(
rR1

rR2

)2
]

ω∗

R1

ω∗

R2
= 1, ω∗

R1,2 =
λ∗vR1,2

rR1,2
(18)
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Table 3. Values of the CRWT design parameters.

Parameter rR1 rR2 i01 i02 η01 η02 aG bG
Value 20 m 23.4 m −29.157 −17.5 0.9506 0.9506 0.0525 kN

ms
2.100 kNm

kR = 1.17, kω = 1.488, ia = 46, bG/aG = 40 s−1, z1 = 258, z2 = 350, z3 = 20, z4 = 73, z5 = 165

yielding to the equation:

k3
R

[
1 −

19
27

1
k2

R

] 2
3

= 1 (19)

with the solution:

kR = rR2/rR1 = 1.17055. (20)

It should be noted that in this situation the ratio of input rotational speeds, kω = −ω∗

R1/ω
∗

R2:

kω =
rR2

rR1

vR1

vR2
= kR

1
3
√

1 −
19
27

1
k2

R

= 1.488 (21)

has a constant value irrespective of wind speed.

4.2. Optimization of the internal kinematic ratios

The wind rotors R1 and R2 can operate simultaneously at their maximum power, including in the case of 1-DOF
wind systems (Cases B and D), if:

ωR2 = ωR1 (i02 − i01) / i02 = −ωR1/kω ⇒ i01 =
1 + kω

kω

i02 = 1.672i02. (22)

Also, in the design phase in case A, a certain amplification speed ratio ia = ωG/ωR1 can be required and thus
the following condition is fulfilled:

i02 = 1 − ia/(1 + kω). (23)

4.3. Optimization of the electric generator parameters

The choice of the electric generator (based on the coefficients aG and bG) has a major impact on the behavior
of the wind system, being directly influenced by the operating point of the wind rotors and implicitly influence
the output power. For the rated wind speed, the angular speed (ω̃R1) of the rotor R1 at maximum power (and
implicitly for the rotor R2 and the electric generator) can be determined by following the steps in Sections 4.1 and
4.2. Thus, according to Table 2, a first relation between the coefficients aG and bG is obtained; by imposing the
ratio kG = bG/aG which ensures the generator operation (i.e., ω̃G > kG), a determined system of two independent
equations and (aG , bG) is thus derived.

5. Numerical results and discussions

The numerical analysis of the reconfigurable wind system in Fig. 2 aims to identify the energy behavior of the
four wind turbines (Cases A, B, C and D), in steady-state regime, for various values of wind speed, starting from
the analytical model presented in Section 3.

The set of input data (values of the design parameters) in Table 3, established according to the algorithm in
Section 4, is further considered. The rated power PG0 of wind turbines is close to 1 MW at the rated wind speed
vw0 = 12 m/s.

The mechanical characteristic of wind rotors, Eq. (15), is a nonlinear function. However, it presents a quasi-linear
profile on the normal operating range of the rotor, i.e. for angular speed higher than the one corresponding to the
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Fig. 6. Nonlinear model of mechanical characteristics for: (a) the R1 rotor; (b) the R2 rotor; linearized mechanical characteristics on the
operating zone for: (c) the R1 rotor; (d) the R2 rotor.

maximum power point, see Figs. 6a and 6b. The expressions of the linearized mechanical characteristics, for the
operating areas of the rotors R1 and R2, are exemplified in Figs. 6c and 6d for three values of undisturbed wind
speed: 12 m/s (rated wind speed), 8 m/s (intermediate speed), and 4 m/s (close to cut-in speed).

The operating points of the four wind turbines were numerically simulated in Maple based on the input parameter
values as stated in Table 3; in this approach, the relationships in Tables 1 and 2 were used, which allowed the
calculation of the powers on the wind system shafts and of the efficiency. Thus, for the rated wind speed (12 m/s),
the power flows are depicted in Fig. 7 and the values of torques, angular speeds and powers on the input (R1 and
R2) and output (G) shafts are represented comparatively in Fig. 8.

The power flows (Fig. 7) are convergent from the inputs (rotors R1 and R2) towards outputs (GR and GS),
excepting the Case D (Fig. 7d) where a close-circuit power flow occurred and, consequently, a loss of useful power
is registered. It can be highlighted the negative effect of close-circuit power flow on the energy performance in Case
D, the output power decreasing for an increased input power compared with Case C.

The output power PG = PG R + PGS is higher for the systems with counter-rotating generator (Cases A and
B) by ∼1.5% compared with Cases C and D (traditional generator), performance ensured by the system ability to
extract more power from wind, i.e. the input powers PR1 and PR2 are higher (by ∼1.25. . . 2.5%, Figs. 7 and 8a).

As well, the Cases A and B are characterized by higher efficiencies: ∼95.32% vs. 95.22% (Case C) and 95.05%
(Case D). The higher values of the wind rotor powers in Cases A and B come from the increase of the torques
(Fig. 8b) and also a slighter rise of the output angular speed ωG (Fig. 8c).

The torques (Fig. 8b) and the angular speeds (Fig. 8c) at the generator are simultaneously higher in the Cases
A and B than in C and D. Because higher torques are transmitted in the Cases A and B, as a disadvantage, the
shafts of these transmissions should have higher diameters than in Cases C and D. Despite of its higher diameter,
the downwind rotor R2 generates less power (approx. 65%) than the upwind rotor R1 due to a decrease in wind
speed (to approx. 9.5 m/s, i.e. at 79% of the undisturbed wind speed) after crossing the R1 rotor.

The wind turbine with counter-rotating generator and 1-DOF transmission (Case B) provides slightly higher
power than the 2-DOF one (Case A): 0.15% vs. 0.1%. In contrast, the 2-DOF transmissions have the advantage of
less complexity, i.e. PGS 1 does not interfere with power transmission and thus gears 1 and 4 can be eliminated.

The wind speed influences significantly the energy performance of the analyzed wind turbines, the output power
PG decreasing rapidly with the reduction of the speed, Fig. 9. Thus, the operation of turbines at vw = 8 m/s (2/3 of
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Fig. 7. Power flow (in kW) through the speed increaser for rated wind speed (vw = 12 m/s): (a) Case A (2-DOF, L = 4); (b) Case B
(1-DOF, L = 4); (c) Case C (2-DOF, L = 3); (d) Case D (1-DOF, L = 3).

the rated speed) is accompanied by a decrease in power to about 1/3 of the rated power. The power supply becomes
insignificant at vw = 4 m/s. It can be noticed that the output power differences between the four cases diminishes
with the decrease of wind speed and they are practically negligible for wind speeds less than 8 m/s.

6. Conclusions

The paper presents the analytical modeling and the numerical simulation results of the obtained close-form model
for four wind turbines with two coaxial counter-rotating rotors with horizontal axis, a reconfigurable planetary
transmission and a counter-rotating/traditional generator, aiming at highlighting their comparative performances.
The investigation of the energy behavior of the four wind turbines, in steady-state regime at various values of wind
speed, allowed drawing the following conclusions:

- The wind turbines with counter-rotating generator operate at higher powers than those with conventional
generator; however, they have the disadvantage of increased complexity due to the mobile stator and its
additional connections to the transmission.

- The 1-DOF wind turbines generally outperform 2-DOF ones, but they have the disadvantage of higher speed
increaser complexity and can be subject of close circuit power flow.

- The downwind rotor R2 generates less power (approx. 65%) compared to the upwind rotor R1, where
kR = 1.17.

- Given the optimization of the design parameter values, according to the algorithm proposed in the paper,
the differences in energy performance between the four cases are practically insignificant. However, these
differences may become relevant for other value sets of the design parameters, such as for the kR ratio.
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Fig. 8. Values obtained for the four turbines at rated wind speed (vw = 12 m/s) for: (a) power; (b) torques; (c) angular velocities.
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Fig. 9. Variation of the generator power with the wind speed for the analyzed four turbines.

- The choice in a practical application of one of the four wind turbine types requires a preliminary multicriteria
analysis, in which other criteria should be considered in addition to energy performance, such as: complexity,
cost, reliability, etc.

This steady-state analysis of CRWTs is to be extended by virtual prototyping under dynamic conditions, considering
the impact of wind speed variation on their transient behavior. Also, an important step on the path to commercializa-
tion is the validation of conceptual solutions through experimental testing using specialized stands, the development
of which is a future priority of the authors.
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Abstract: The improvement of wind turbine performance poses a constant challenge to researchers and
designers in the field. As a result, the literature presents new concepts of wind turbines (WTs), such as:
counter-rotating wind turbines (CRWTs) with two coaxial wind rotors revolving in opposite directions,
WTs with higher-efficiency and downsized transmission systems, or WTs with counter-rotating electric
generators (CREGs). Currently, there are a few solutions of WTs, both containing counter-rotating
components; however, they can only be used in small-scale applications. Aiming to extend the
use of WTs with counter-rotating wind rotors (CRWRs) and CREGs to medium- and large-scale
applications, this paper introduces and analyzes a higher-performance WT solution, which integrates
two counter-rotating wind rotors, a 1 degree of freedom (DOF) planetary speed increaser with four
inputs and outputs, and a counter-rotating electric generator. The proposed system yields various
technical benefits: it has a compact design, increases the output power (which makes it suitable for
medium- and large-scale wind turbines) and allows a more efficient operation of the electric generator.
The kinematic and static computing methodology, as well as the analytical models and diagrams
developed for various case studies, might prove useful for researchers and designers in the field to
establish the most advantageous solution of planetary speed increasers for the CRWTs with CREGs.
Moreover, this paper extends the current database of WT speed increasers with an innovative concept
of 1 DOF planetary gearbox, which is subject to a patent application.

Keywords: wind turbine; counter-rotating wind rotors; counter-rotating electric generator;
speed increaser; kinematic and static modelling; operating point

1. Introduction

In recent years, wind power has increasingly become a feasible alternative in providing electrical
energy to fossil fuels, although it is site-dependent and its conversion is influenced by the equipment
performance. Therefore, the increase of wind turbine (WT) efficiency and the better use of onsite wind
potential are goals which definitely pose a major challenge to researchers and designers in the field.
Different theoretical approaches and technical solutions have been developed and used to reduce
energy loss in WT conversion system; e.g., increasing nominal power or improving the conversion of
wind energy into electrical energy.

Over the years, research in the field of WTs has covered more and more issues regarding the
improvement of their performance by introducing new concepts of WTs with variations in both shape
and number of rotors and/or blades, by designing more efficient and downsized transmission systems
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for WTs, or by integrating new solutions of electric generators, etc. [1–8]. Thus, the range of WT
solutions that are currently available on the market has been steadily enlarged, from single-rotor
to counter-rotating systems, capable of operating with either horizontal or vertical axis [1,2,9,10],
and equipped with innovative mechanical transmissions and efficient electric generators. Consequently,
the literature presents new concepts of WTs that meet the requirements for increased performance
and optimal use of wind potential, such as large-capacity WTs using multiple, smaller rotors in
different spatial arrangements [11], counter-rotating wind turbines (CRWTs) with two coaxial wind
rotors revolving in opposite directions [10,12,13], or counter-rotating electric generators (CREGs)
composed by both mobile rotors and stators turning with opposite speeds, which increase the output
power of WTs. Moreover, for the speed of wind rotors (which is generally low) to comply with
the speed parameters of the electric generator, a gearbox—operating as a speed increaser—may be
integrated into WT conversion systems. Thus, both the wind rotor(s) and the electric generator can
operate at their maximum efficiency. The speed increasers for WTs can be of fixed-axes [3,14,15] or
planetary type [12,16–27], the latter being mainly used to produce high kinematic ratios, as is the
case with counter-rotation wind systems [23,24]. Other solutions of WT gearboxes are variable-ratio
transmissions [28] and hybrid planetary transmissions with incorporated control systems [29,30].

The analysis of the WT solutions presented in the literature in recent years allows their
systematization according to the type of the components that are integrated in the WT conversion
systems (i.e., wind rotors, transmission, and electric generator). The common WT is a single-rotor
system, with 1 degree of freedom (DOF) fixed axes or planetary transmission and a classical generator.
The use of counter-rotating motions with either the wind rotors or the electric generator improves WT
performance. The counter-rotating solutions span a variety of WT systems, as follows: (a) WTs with
CRWRs + 1 DOF gearbox + classical generator [13,18,31,32]; (b) WTs with CRWRs + 2 DOF gearbox +

classical generator [2,4,5,7–9,16,21,22,25,26,32–37]; (c) WTs with single wind rotor + 1 DOF gearbox +

CREG [1,20,32,38]; (d) WTs with CRWRs + 1 DOF gearbox + CREG [19,32,39,40]; and (e) WTs with
CRWRs + 2 DOF gearbox + CREG [32]. The use of (a) and (b) types of WTs leads to an increase in
efficiency of up to 64% during the steady-state regime versus the single-rotor type [2,4,7–9,16,32–35],
and to an automatic adjustment of rotors speed to the wind behavior [2,36]. Due to the relatively low
capacity of the CREGs, solution (c) is suitable to be implemented in the built environment. This type
of electric generators—characterized by increased efficiency as compared to the classical ones—can
be combined with wind rotors with two rows of blades, which are more efficient than those with a
single row of blades, leading to wind systems with higher electrical power than the conventional ones.
The behavior of such electric generators under dynamic conditions and their optimal functioning are
approached in [41,42]. Solutions (d) and (e) are hardly tackled in the literature. Type (d) WTs presented
in [39,40] are low-capacity systems, which contain complex fixed-axes gearboxes placed between
the CRWRs and the CREG. A similar solution, though with a less complex transmission system, is
proposed by the authors and described in [19]. Type (e) WT is presented merely as a concept in [32].

To conclude, the latest research in the field presents and analyzes—in a wide range of specialized
studies—the performance of WTs with either CRWRs or CREGs. The solutions including both
counter-rotating components are seldom addressed and are only suitable for low-capacity applications.
The main drawbacks of the CRWTs refer to the mechanical complexity, complex aerodynamic
characteristics, and higher initial cost compared to the single-rotor WTs. The dynamic behavior of
CRWTs depend on the arrangement of wind rotors: on the same or on opposite sides of the tower;
higher dynamic challenges are raised by the first case of CRWTs due to the influence of the wind rotors
on the airflows. The gearboxes integrated in these WTs have a complex structure consisting of spur
gear trains [40] or spur and bevel gear trains [39] with fixed axes and relatively low amplification
kinematic ratios.

With regard to the WT operation, the studies in the literature approach various topics, such as:
the impact of design parameters on WT performance, the increase in efficiency by using appropriate
control algorithms and strategies [43,44], the analysis of WT optimal design [32,37], or the comparison
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of different types of WTs in terms of energy output [24,28,29,45]. The dynamic analysis of CRWTs
is approached in [46,47], while numerical simulations of the aerodynamic performance of a CRWT
are presented in [5,9,48,49]. Different adaptive methods for fast optimal pitch angle control of the
WTs under variable wind speeds are proposed in the literature, e.g., by using artificial neural network
(ANN) controllers, fuzzy logic based controllers, or hybrid ANN-fuzzy controllers [50].

Aiming to extend the use of type (d) WTs to medium- and large-scale applications, this paper
introduces and analyzes a higher-performance WT solution, which integrates two CRWRs, a 1 DOF
planetary speed increaser with four inputs and outputs, and a CREG. The proposed system with
counter-rotating components has a compact design, increases the output power, and allows a more
efficient operation of the electric generator. The system structure, the kinematic and static properties
and correlations of the proposed speed increaser are described in Section 2. The kinematic modeling of
the planetary gearbox is presented in Section 3, while torque values and efficiency are analytically
modeled in Section 4. WT power flows, efficiency and operating point in steady state regime are further
analyzed in four different cases of the speed increaser functioning. Besides the proposed analysis
methodology and analytical models for efficiency and output power, the paper extends the database of
speed increasers for WTs with an innovative 1 DOF planetary transmission concept, which is subject to
a patent application.

2. Problem Formulation

The general scheme of a CRWT containing a CREG and a 1 DOF speed increaser is presented in in
Figure 1. The two rotors R1 and R2 are rotating in opposite directions; similarly, the electric generator
rotor (GR) and the electric generator stator (GS) have opposite rotations, thus increasing the relative
speed between them. The 1 DOF speed increaser (with the mechanism degree of freedom M = 1) has
four external links (L = 4, Figure 1b), the inputs being connected to the two wind rotors, while the
outputs to the rotor and stator of the electric generator.

The electric generator with fixed stator and mobile rotor which is rotating with a speed equal to
the relative speed of the CREG will be further referred to as equivalent electric generator.

Conventionally, the main input of the speed increaser is connected to the main wind rotor R1,
while the secondary input to the wind rotor R2; the two outputs are connected to the rotor GR and
stator GS of the counter-rotating electric generator.

The 1 DOF speed increasers have the properties of summing up the input torques generated
by the wind rotors R1 and R2, as well as transmitting an independent external motion (in this case,
the speed of the main wind rotor R1) to the other three external links, in a determined way. Therefore,
these speed increasers take up the mechanical power from two wind rotors with counter-rotating
motions and transmit it to the counter-rotating electric generator, on the condition of summing up the
input torques and the increase of the electric generator speed as well.
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Figure 1. Counter-rotating wind turbine with counter-rotating electric generator: (a) general conceptual
scheme; (b) block scheme of the speed increaser (SI) with two inputs and two outputs (R1—main wind
rotor, R2—secondary wind rotor, GR—electric generator rotor, GS—electric generator stator, L—number
of mechanism inputs and outputs, M—mechanism degree of freedom).
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The 1 DOF planetary speed increaser has the following kinematic and static properties:

(a) conventionally, the angular speed ωR1 is considered as the independent parameter, while the
input speed ωR2 and the output speeds ωGR and ωGS depend on ωR1. Due to the counter-rotating
motion between the generator rotor GR and stator GS, the relative speedωeg, given by:

ωeg = ωGR −ωGS (1)

is higher than the speed of a classical generator with fixed stator (ωGR).

(b) it has one transmission function of the external torques, defined by the qualitative relation:

c1TR1 + c2TR2 + c3TGR + TGS = 0 (2)

where ci, i = 1 . . . 3 are constant coefficients.
The static property of the 1 DOF speed increaser, i.e., the weighted summation of the two torques

generated by the two wind rotors R1 and R2:

TGR = (c1TR1 + c2TR2)/(1− c3) (3)

is obtained knowing that the electric generator operation is characterized by:

TGS = −TGR. (4)

Based on the previous qualitative properties, the paper focuses on identifying the possible
functioning cases of the planetary speed increaser and, implicitly, of the wind turbine, as well as on the
dependence of its performance on two main parameters:

the amplification ratio:
iaR1−eg = ωeg/ωR1 (5)

and the input torques ratio:
kt = −TR2/TR1. (6)

Considering the general case illustrated in Figure 1, the paper highlights the performance and
features of this new type of WTs through an example that integrates a new planetary speed increaser
(Figure 2), which is subject to patent application. This speed increaser is obtained by linking in parallel
a bevel transmission with fixed axes 2–1”−1’−3 (denoted by I, Figure 3) and a 2 DOF planetary spur
gear set with one satellite gear 4-5-6-H (denoted by II). The bevel gear 3 transmits the motion to the
sun ring gear 4, which is connected to the generator stator GS, while the carrier H takes the motion
from the main wind rotor R1. The secondary wind rotor R2 drives the ring gear 4 and, thus, the stator
GS. The shaft of the rotor GR is connected to the shaft of the sun gear 6 in the planetary gear set II.

The component transmissions, the internal and external links of the planetary speed increaser
and the torques on the WT shafts are presented in the block scheme depicted in Figure 3, which is
associated with the conceptual scheme illustrated in Figure 2.
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The kinematic and static transmission functions of the speed increaser can be determined on the
basis of the kinematic and static equations (correlations), which characterize the isolated transmissions
I and II, and the internal and external links according to the block scheme in Figure 3 [18,21,23]:

• The correlations for the input shafts:

2 = R1 :
{
ω2 = ωR1

TR1 − T2 = 0
, (7)

8 = R2 :
{
ω8 = ωR2

TR2 − T8 = 0
(8)

• The correlations for the output shafts:

6 = GR :
{
ω6 = ωGR
TGR − T6 = 0

(9)

7 = GS :
{
ω7 = ωGS
TGS − T7 = 0

(10)

• The correlations for the bevel mechanism with fixed axes I:



Energies 2019, 12, 1754 6 of 19

I :

 i01 = i32′ =
ω3
ω2′

= ω3
ω1′

ω1′′

ω2
= −

z1′
z3

z2
z1′′

=> ω3 = i01ω2′

ω2′T2′η
w
01 +ω3T3 = 0 => T2′ = −

i01T3
ηw

01

(11)

for kt ≤ 1, w = +1, and kt > 1, w = −1, while η01 = η21′η1′′ 3 is the interior efficiency of
transmission I, η21′ and η1′′ 3 are the efficiencies of the two component bevel gear pairs, zi—the
teeth number of the component gears, i = 1’, 1”, 2, 3.

• The correlations for the planetary gear set II [12,24]:

II :


i02 = ω6H

ω4H
= − z4

z6

ω6 −ω4i02 −ωH(1− i02) = 0
T6ω6Hη

x
02 + T4ω4H = 0; x = sgn(ω6HT6) = sgn

( i02
1−i02

)
= −1

TH + T4 + T6 = 0

(12)

where sgn is the sign function and i02 the interior kinematic ratio of the planetary gear set II.
• The correlations for the connections between the planetary gear set II and the bevel transmission I:

2 = 2′ = 2′′ :
{
ω2′ = ω2′′ = ω2

T2 − T2′ − T2′′ = 0
(13)

2′′ = H :
{
ω2′′ = ωH

T2′′ − TH = 0
(14)

3 = 4 = 7 = 8 :
{
ω3 = ω4 = ω7 = ω8

−T3 − T4 + T7 + T8 = 0
(15)

• The correlations for the external links:
ωeg = ωGR −ωGS
(ωR1TR1 +ωR2TR2)ηtot +ωGRTGR +ωGSTGS = 0
Teg = TGR = −TGS
TR2 = −ktTR1, kt ≥ 0

(16)

whereωeg represents the speed of the equivalent electric generator.

Based on the previous correlations, the kinematic and static modeling of the proposed planetary
gearbox (Figure 2) is further presented, along with the power flow and efficiency analysis for four
functioning cases of the speed increaser, defined according to the input torques ratio: (a) kt = 0,
(b) 0 < kt < 1 (c) kt = 1, (d) kt > 1. The torque generated by a wind rotor can be controlled by adjusting
the pitch angle of the blades, which is considered in the paper through the adjustable parameter kt.

3. Kinematic Modeling

The aim of the kinematic modeling is to find out the kinematic transmitting functions of the speed
increaser by considering the power flows from inputs to outputs and based on the equations that
characterize both the isolated transmissions and the internal and external links, according to the block
scheme in Figure 3.

The speed transmitting function from the main wind rotor R1 to the generator rotor GR can be
expressed by:

ωGR = ωR1ia R1−GR (17)
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ia R1−GR = i02i01 + (1− i02) (18)

where ia R1−GR is the amplification kinematic ratio for the main power flow; wind rotor R1—generator
rotor GR, based on the following speed relations:

ω6 = ω4i02 +ωH(1− i02), ω4 = i01ωR1, ωH = ωR1. (19)

The speed transmitting function and the amplification kinematic ratio ia R1−GS on the power flow;
main wind rotor R1—generator stator GS, can be obtained:

ωGS = ωR1ia R1−GS (20)

ia R1−GS = i01 (21)

Similarly, the speed transmitting function from the secondary wind rotor R2 to the generator rotor
GR can be derived as follows:

ωGR = ωR2ia R2−GR, (22)

ia R2−GR = i02 + (1− i02)
1

i01
(23)

where ia R2−GR is the amplification kinematic ratio for the secondary power flow; wind rotor
R2—generator rotor GR. The angular speed of the generator stator GS in relation with the secondary
wind rotor R2 speed can be also established:

ωGS = ωR2ia R2−GS (24)

ia R2−GS = 1 (25)

Therefore, the kinematic parameters that characterize the two power flows from the wind rotors
to the equivalent electric generator are expressed by:

ωeg = ωR1ia R1−eg (26)

ia R1−eg = ia R1−GR − ia R1−GS = (1− i02)(1− i01) (27)

for the main flow, and:
ωeg = ωR2ia R2−eg, (28)

ia R2−eg =
(1− i02)(1− i01)

i01
(29)

for the secondary flow.

4. Modeling of Torques and Efficiency

The efficiency of the speed increaser ηtot depends on the efficiency values of the two component
transmissions, being influenced by the power flows and the torques on each branch, according to the kt

ratio. By considering the block scheme in Figure 3, the speed increaser efficiency can be obtained on
the basis of the following algorithm:

1. The torques transmitting function for the main power flow R1-eg is established by:

TR1 = −T3
i01

η01
+ TH, (30)

where the torques T3 and TH are given by:
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T3 = −

[
ktTR1 + TGR

(
1−

i02

η02

)]
(31)

TH = TGR

(
i02

η02
− 1

)
(32)

Therefore, the torque TR1 can be expressed as follows:

TR1 = −TGR

(
1− i01

η01

)(
1− i02

η02

)
1− i01

η01
kt

. (33)

2. The torques transmitting function for the secondary power flow R2-eg is established by the
following relation:

TR2 = −ktTR1 = TGR

(
1− i01

η01

)(
1− i02

η02

)
kt −

i01
η01

. (34)

3. The speed increaser efficiency ηtot is further determined:

ηtot = −
ωGRTGR +ωGSTGS
ωR1TR1 +ωR2TR2

=
(1− i01)(1− i02)

(
1− i01

η01
kt
)

(
1− i01

η01

)(
1− i02

η02

)
(1− i01kt)

. (35)

The relations for the kinematic and static parameters that are used in describing the wind turbine
with 1 DOF planetary speed increaser, as detailed in the block scheme in Figure 3, are shown in Table 1.

Table 1. The relations for the kinematic and static parameters as functions of the input parameters
(ωR1, TR1).

ω2 = ω2′ = ω2′′ = ωH = ωR1
T2 T2′ T2′′ TH

TR1 TR1
i01(kt−1)
η01−i01

TR1
η01−i01kt
η01−i01

TR1
η01−i01kt
η01−i01

ω3 = ω4 = ω8 = ω9 = ωR2 = ωGS = ωR1i01
T3 T4 T8 T9 TR2 TGS

TR1
η01(1−kt)
η01−i01

−TR1

i02
η02

(
1−

i01
η01

kt

)
(
1−

i01
η01

)(
1− i02

η02

) TR1
1−

i01
η01

kt(
1−

i01
η01

)(
1− i02

η02

) −TR1kt −TR1kt TR1
1−

i01
η01

kt(
1−

i01
η01

)(
1− i02

η02

)
ω6 = ωGR = ωR1[i02i01 + (1− i02)] ωeg = ωR1(1− i01)(1− i02)

T6 TGR Teg

−TR1
1−

i01
η01

kt(
1−

i01
η01

)(
1− i02

η02

) −TR1
1−

i01
η01

kt(
1−

i01
η01

)(
1− i02

η02

) −TR1
1−

i01
η01

kt(
1−

i01
η01

)(
1− i02

η02

)
Remark: the relations are valid for kt ≤ 1. For kt > 1,η01 has to be replaced by 1/η01.

5. Numerical Simulations and Interpretation

Based on the previous analytical relations, some relevant numerical results regarding the influence
of the amplification kinematic ratio iaR1_eg and the kt ratio on the main kinematic and static parameters,
on the transmission efficiency and output power, as well as on the power flow through the speed
increaser are further presented.

The numerical simulations are focused on three main functional aspects:

(a) The correlative influence of the amplification kinematic ratio iaR1_eg and the kt ratio on the speed
increaser efficiency; in this regard, a unitary input power at the main wind rotor is used, e.g., PR1

= 1 kW (ωR1 = 1 s−1, TR1 = 1 kNm).
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(b) The power flow distinct cases depending on the kt ratio values, for a particular value of the
kinematic ratio, i.e., iaR1_eg = 18: four functional cases are identified, and detailed in the subchapter
5.2 under the assumptions of considering and neglecting the friction in the gear pairs.

(c) The operating point of the wind system for the previous four functional cases.

A numerical example of the planetary speed increaser characterized by i02 = −8, η01 = 0.9604 and
η02 = 0.9506 are further considered as basic solution in all the performed simulations. The variation
of the amplification kinematic ratio iaR1_eg, dependent on both the interior kinematic ratios of the
transmissions I and II, is analyzed in this paper only by changing the kinematic ratio i01 of the bevel
transmission and by maintaining the kinematic ratio i02 at a constant value (i02 = −8). Several scenarios
of adjusting the torque generated by the secondary wind rotor (i.e., the kt ratio) are discussed,
considering that the speed increaser has a closed loop power flow. The power flow and the operating
point simulations are carried out for i01 = −1.

5.1. The Influence of the Amplification Kinematic Ratio and the Input Torques Ratio

The amplification kinematic ratio of the main power flow iaR1−eg depends on the interior kinematic
ratios i01 and i02, according to rel. (27), and it can significantly influence the speed increaser efficiency
for different values of the input toques ratio kt. Thus, starting from the basic speed increaser solution,
a variation of the amplification kinematic ratio iaR1−eg = 18 . . . 144 (Figure 4) is obtained by changing
the value of the interior kinematic ratio in the range i01 = −1 . . . − 15. These results highlight the
following properties of the speed increaser:

- the ηtot efficiency does not depend on the iaR1−eg ratio in the case kt = 1, i.e., the input torques
TR1 and TR2 are equal in absolute value, the efficiency being at its maximum value ηtot = 0.956,
Figure 4a,b;

- for lower values of the kt parameter (kt < 0.1), the ηtot efficiency decreases continuously with the
increase of the amplification kinematic ratio, Figure 4b; the ηtot efficiency has a growing trend
for higher subunit values (0.1 < kt < 1) and in the range of high values of the amplification ratio,
Figure 4b;

- if the secondary wind rotor generates higher torques than the main rotor, |TR2| > TR1 (i.e., kt > 1),
the ηtot efficiency increases continuously with the increase of the amplification kinematic ratio
(Figure 4b, kt = 1.2).

The results of the numerical simulations for different values of the kt ratio in the case of the basic
solution (i01 = −1, i02 = −8) are presented in Figure 5; accordingly, the following conclusions can
be drawn:

- the transmission efficiency increases with the increase of the kt ratio until the secondary wind
rotor torque becomes equal to that of the main rotor (kt = 1), after which it decreases continuously
with the increase of kt ratio, regardless of the value of the amplification ratio (Figure 5a,b);

- the useful mechanical power Peg at the equivalent generator input has a linear variation with
respect to kt (Figure 5c,d), being directly dependent on the power introduced in the system by the
secondary wind rotor R2.

Therefore, this type of wind turbine can be designed to function with high amplification kinematic
ratios and efficiency, mainly when the input torques ratio kt is maintained around the unitary value.
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5.2. Power Flow

Power transmitting from inputs to outputs can be done in an open or closed loop flow according
to the kt values, the power flow configuration also influencing the speed increaser efficiency. For equal
torques of the two wind rotors (kt = 1), the power transmitted by the bevel transmission I becomes
null (i.e., T2′ = 0) and, therefore, it represents the limit value at which the change of the power flow
direction through this transmission occurs.

Considering the basic solution of the planetary speed increaser (i01 = −1, i02 = −8, η01 = 0.9604,
η02 = 0.9506), the power flows without friction (Figure 6) and with friction (Figure 7) are analyzed in
four distinct functional cases depending on the value of the kt ratio:

• Case 1: the torque of the secondary wind rotor is null TR2 = 0, i.e., kt = 0, Figures 6a and 7a.
This situation occurs when the secondary wind turbine is set so as not to generate mechanical
power, the gearbox thus running with one input and two outputs at the efficiency value ηtot = 0.937,
in case of considering friction (Figure 7a);

• Case 2: kt = 1, Figures 6b and 7b. In this situation, the bevel transmission I is no longer involved
in the mechanical power transmitting and, thus, decoupling of the two power inputs occurs:
the power generated by the main wind rotor R1 is entirely transmitted to the generator rotor GR,
the secondary wind rotor R2 ensures the power requirements for the generator stator GS, and the
power difference is transmitted to the GR rotor. In this case, the gearbox efficiency becomes
ηtot = 0.956, Figure 7b.

• Case 3: 0 < kt < 1, Figures 6c and 7c. The power of the main wind rotor R1 branches through the
two transmissions I and II, the flow through the bevel mechanism I merges with the power flow
of the wind rotor R2, which is then distributed to the generator stator GS and to the generator
rotor GR. In this case, for a power of the R2 rotor equal to 0.5 of the R1 rotor power; according to
Figure 7c, a gearbox efficiency of ηtot = 0.949 is obtained.

• Case 4: kt > 1, Figures 6d and 7d. In this case, the power generated by the secondary wind rotor
R2 is transmitted in a branched way to the stator GS and to the rotor GR by both transmissions I
and II. As a result, the power flow through the transmission I is reversed with respect to case 3,
a part of the power generated by the secondary wind rotor R2 being summed up with that of the
main rotor R1 and then transmitted to the generator rotor GR through the planetary gear set II.
For the numerical example, the planetary transmission efficiency is ηtot = 0.952, Figure 7d.
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According to the numerical example, the planetary gearbox operates with higher efficiency for
values of the secondary wind rotor torques around the limit value (kt ≈ 1), which corresponds to close
values of the two input torques. In the particular case kt = 1, the torque transmitted by the bevel
transmission I becomes null and, therefore, it has the role of a kinematic mechanism.
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5.3. Operating Point

The stationary operating point of a wind system of the type: two CRWR-1 DOF speed
increaser-CREG, Figures 1 and 2, can be determined if the transmitting functions of the speed
increaser are known: three kinematic functions, relations (17), (20), and (24) and 1 function for torques,
relation (33), the mechanical characteristics of the two wind rotors and the mechanical characteristic of
the equivalent electric generator. The equality relation in absolute value between the torques of the
rotor GR and the stator GS, according to Equation (16), is added to the previous seven independent
equations. The values of the eight kinematic and static external parameters, associated to the four
external links described in Figure 3, which present the operating point in the WT steady-state regime,
can be obtained from these eight equations.

The hypothesis of linear mechanical characteristics for both wind rotors and the equivalent
electric generator is considered in this paper—a situation encountered in practice at direct current (DC)
electric generators.

Considering that the torque of the secondary wind rotor and, implicitly, its mechanical
characteristics can be adjusted through the kt ratio, the calculation of the operating point will
be further exemplified in four representative cases kt = [0; 0.5; 1; 1.4].

The mechanical characteristics of wind rotors can be expressed as follows:

TR1,2 = −aR1,2ωR1,2 + bR1,2 (36)

and can be reduced to the equivalent output shaft (es) of the speed increaser (the shaft 6 ≡ GR having
the torque unmodified, and the speed equal to the relative speed between the rotor and the stator of
the electric generator), obtaining a linear equation of the type:

Tes = −aes(ωGR −ωGS) + bes, (37)

where aR1,2, bR1,2, aes, and bes are constant coefficients and Tes = TGR. Note that the interior kinematic
ratios of the speed increaser (i01 and i02) are known, and the coefficients aR2, bR2, aes, and bes depend on
the kt ratio.

Considering the relation ofωR1 derived from rel. (1) and (26):

ωR1 =
ωGR −ωGS

(1− i02)(1− i01)
(38)

the Tes expression is obtained:

Tes = TR1D = −
aR1D

(1− i02)(1− i01)
(ωGR −ωGS) + bR1D, (39)

where

D = −
1− i01

η01
kt(

1− i01
η01

)(
1− i02

η02

) . (40)

The coefficients of the mechanical characteristics of the two wind rotors R1 and R2, reduced to the
output equivalent shaft es of the speed increaser are obtained according to Equations (37) and (39):

aes =
aR1D

(1− i02)(1− i01)
, bes = bR1D. (41)

Knowing the mechanical characteristic of the equivalent electric generator:
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− Teg = aegωeg − beg (42)

where aeg and beg are constant coefficients, the operating point of the wind turbine in steady-state
regime can be obtained by solving the following system:

Tes = −aesωes + bes

−Teg = aegωeg − beg

−Tes + Teg = 0
ωes = ωeg = ωGR −ωGS

(43)

The coordinates of the operating point on the equivalent output shaft (ωes, Tes) are thus obtained:

ωes =
beg − bes

aeg − aes
, (44)

Tes = −aesωes + bes (45)

The values of all kinematic and static, external and internal parameters of the wind system can be
further determined by means of the numerical values of the coordinates (ωes, Tes), calculated with the
relations (44) and (45).

For a numerical case of the wind turbine type presented in Figure 2, the values of the constant
parameters and of the operating point coordinates are tabulated (see Table 2 below) for four values of
the kt ratio. The operation point parameters can be graphically obtained by reducing the mechanical
characteristics of the two wind rotors to the equivalent output shaft es (Figure 8).

Table 2. Functional parameters of the wind turbine in steady-state regime.

WT Component Constant Parameters Variable
Parameters

kt

0 0.5 1 1.4

Main wind rotor R1
aR1= 0.386 kNms
bR1= 73.5 kNm

ωR1 [s−1] 4.71 5.42 6.13 6.94

TR1 [kNm] 71.68 71.40 71.13 70.82

PR1 [kW] 337.61 386.99 436.03 491.49

Secondary wind rotor R2
ωR2 [s−1] 0 −5.42 −6.13 −6.94

TR2 [kNm] 0 −35.70 −71.13 −99.15

PR2 [kW] 0 193.49 436.03 688.10

Speed increaser iaR1−eg= 18 ηtot 0.9366 0.9494 0.9559 0.9171

Equivalent output shaft aes [kNms] −0.0011 −0.0017 −0.0023 −0.0027

bes [kNm] −3.8243 −5.8153 −7.8063 −9.3360

Equivalent electric generator
aeg = 0.15 kNms

beg = 9 kNm

ωeg [s−1] 84.77 97.54 110.41 120.07

Teg [kNm] −3.73 −5.65 −7.55 −9.01

Peg [kW] −316.21 −551.11 −833.60 −1081.80

The results obtained by simulating the operating point also highlight the possibility of increasing
the mechanical power at the generator input by increasing the kt ratio, Figure 8. The optimal wind
turbine operation (i.e., with maximum efficiency) is achieved for torques of the secondary wind rotor
R2 adjusted to quasi-equal values of the main wind rotor R1 torques (i.e., kt ≈ 1), Table 2.
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6. Conclusions

The performance of a new, patent-pending solution of a 1 DOF planetary transmission is analyzed
in this paper, meant to increase the speeds and torques in the counter-rotating wind turbines with
counter-rotating electric generator. The speed increaser is obtained by parallel connection of a two-step
bevel transmission with a 2 DOF planetary gear set. This example was used to explain the proposed
kinematic and static modeling algorithm that allows identifying the speed increaser efficiency and
performance of the wind turbine which integrates this type of gearbox, by solving the stationary
operating point problem.

Using the properties of 1 DOF transmissions with two inputs and two outputs of summing
up the torques/powers and distributing an external speed in a determined way, the proposed
transmission allows both an increase in the relative speed between the electric generator rotor and
stator, and additional power/torque input brought by the secondary wind turbine.

Beyond the advantage of increasing power, the use of these wind turbines with counter-rotating
components allows a more efficient operation of the electric generator by providing increased speeds
along with a compact design. The results presented in the form of kinematic and static computing
methodology, analytical models, and diagrams developed for various case studies may prove useful for
researchers and designers in the field to establish advantageous solutions of planetary speed increasers
for counter-rotating wind turbines that integrate electric generators with mobile stators in which speed
needs to be increased proportionally with the power increase.
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Nomenclature

WT Wind turbine DOF Degree of freedom
CRWT Counter-rotating wind turbine M Mechanism degree of freedom
CRWR Counter-rotating wind rotors GR Electric generator rotor
CREG Counter-rotating electric generator GS Electric generator stator
R1 Main wind rotor L Number of mechanism inputs and outputs
R2 Secondary wind rotor eg Equivalent electric generator
SI Speed Increaser ia Amplification kinematic ratio
ω Angular speed η0 Transmission interior efficiency
T Torque i0 Transmission interior kinematic ratio
kt Input torques ratio ηtot Efficiency of the speed increaser
z Gear teeth number es Equivalent output shaft of the transmission
H Planetary carrier PR1,2 Power of the wind rotor R1,2
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Abstract: Wind energy conversion systems play a major role in the transition to carbon-neutral power
systems, and obviously, a special attention is paid in identifying the most effective solutions for a
higher valorization of the local wind potential. In this context, this paper presents a comparative
study on the energy performances of wind turbines (WTs) that include a counter-rotating electric
generator. Starting from an innovative concept proposed by the authors for a reconfigurable wind
turbine with three clutches, four cases of WTs with counter-rotating generators are studied: a system
with three wind rotors (WRs) and a 2-DOF (degrees of freedom) planetary speed increaser (Case A),
with two counter-rotating WRs and a 1-DOF (Case B) or a 2-DOF (Case C) speed increaser and a
1-DOF single rotor wind system (Case D). An analytical archetype model for angular speeds, torques,
powers and efficiency of the reconfigurable planetary speed increaser, corresponding to the general
case with three inputs (Case A), was firstly derived. The analytical models of the other three cases
(B, C and D) were results by customizations of the archetype model according to the kinematic- and
static-specific effects of engaging/disengaging the clutches. The simulation of the analytical models
for a numerical representative example with two variable parameters (input speed ratio kω and
input torque ratio kt) allows highlighting the influence of various parameters (number of WRs, speed
increaser DOF, kω and kt) on the input powers, power that flows through the planetary transmission
and mechanical power supplied to the electric generator, as well as on the transmission efficiency. The
obtained results show that the output power increases with the increase of the number of wind rotors,
the transmission efficiency is the maximum for kt = 1 and the speed amplification ratio increases
with the ratio kω.

Keywords: renewable energy; wind turbine; wind rotor; counter-rotating electric generator; speed
increaser; steady-state modeling; efficiency; power flow

1. Introduction

The importance of replacing fossil fuel-based energy with clean energy in the concern
for the sustainable development of human society is well-known, achieving green economic
growth in the context of reducing its impact on climate change. Thus, the generation of
electricity with renewable energy systems can reduce global greenhouse gas emissions to a
large extent while reducing environmental pollution.

A significant share of clean electricity is obtained by converting wind kinetic energy
by using wind turbines (WTs). In order to be accessible and feasible, wind turbines must
meet several specific requirements, the conversion efficiency of wind energy into electricity
being one of the most important technical issues. Therefore, it is necessary to optimize
wind turbines by designing and developing efficient solutions; thus, the following main
directions of scientific research have been identified in the literature:
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• the design and development of novel solutions for wind turbines or their main com-
ponents and an estimation of their performances;

• increasing the efficiency and/or energy performance of existing WTs;
• functional optimization of existing WT subsystems.

Special attention is also paid in the literature to the comparative study of various types
of wind turbines: conventional (with a single wind rotor and electric generator with a fixed
stator) and unconventional: dual- and multi-rotor WTs, with counter-rotating generators,
with diverse types of speed increasers, etc.

The design of new or improved wind turbines is a constant concern of researchers
and developers in the field. Thus, Oprina et al. [1] conducted a literature review of
the main results on counter-rotating wind turbines (CRWTs) in terms of the design and
methods for estimating their performances. Didan et al. [2] investigated experimentally
the performance of a novel vertical axis counter-rotating wind turbine, and Pacholczyk
et al. [3] analyzed a new small CRWT considering the influence of distance between the
two wind rotors, its performance being highlighted using the computational fluid dynamics
(CFD) method. An original small CRWT with a vertical shaft was proposed by West in
a patent [4], in which the input motions of the two rotors are added by means of a gear
transmission; a novel torque-adding CRWT was proposed by Neagoe et al. [5], considering
also adding speed in the counter-rotating generator. Saulescu et al. presented in [6]
an algorithm for the conceptual synthesis of systems with one or two counter-rotating
wind rotors and with conventional or counter-rotating electric generators. Another way to
increase the performances of wind turbines addressed the counter-rotating wind systems by
implementing a counter-rotating double-sided flux switching permanent magnet generator,
as proposed by Mirnikjoo et al. [7] and tested by Kutt [8]. A novel concept of CRWTs,
including a 1-DOF (degree of freedom) planetary speed increaser with two inputs and one
output, was proposed by Neagoe et al. in [9]. The design of multi-rotor and multi-generator
WTs with a lattice tower was presented in [10]. Cho et al. [11] proposed, developed and
experimentally tested an integrated control algorithm for a new dual-rotor wind turbine
with a counter-rotating generator, designed to maximize the output power of the wind
turbine. Jelaska et al. [12] proposed a wind system with two inputs and one output, one
input being connected to a wind rotor and the other input to a motor aiming at maintaining
a constant speed at the electric generator shaft. Unlike the previous studies, which refer
to low- and medium-power systems, Qiu et al. [13] presented the main types of wind
systems with one input and high output capacity. The performances of a CRWT with a
conventional generator were analyzed by Saulescu et al. in [14] based on a steady-state
operating point; the same authors approached in [15] the analysis of the efficiency of several
speed increasers for systems with two inputs and one output with different mounting
situations. Vasel-Be-Hagh et al. [16] analyzed the performance of a CRWT farm, and Blanco
et al. investigated theoretically and experimentally the performance (power coefficient) of
a vertical axis Savonius wind turbine integrating an innovative rotor with Fibonacci spiral
geometry [17].

The performances of existing wind turbines have been studied by many researchers
considering various indicators (capacity factor, availability, failure rate, downtime, power
coefficient, efficiency, reliability, etc.) and using a wide range of data and methods, such as
those systematized by Pfaffel et al. [18], the empirical mode decomposition method [19,20]
or methods such as experiments and the Lattice Boltzmann model combined with Large
Eddy Simulation [21] applied to a horizontal axis counter-rotating wind turbine. The
performances of dual-rotor (co- and counter-rotating) wind turbines were highlighted also
by Lam et al. in [22], ideas that were further developed by Lipian et al. [23] and Bani-Hani
et al. [24]. The performance of a CRWT was discussed by Erturk et al. [25] in the case of
implementing a counter-rotating generator, while Pamuji et al. compared rotary systems
with two or three wind rotors [26]. Neagoe et al. analyzed in [27] the stationary operating
point of a 2-DOF CRWT with a counter-rotating generator. Fan et al. [28] analyzed the
influence of three-stage transmission vibrations on the performance of horizontal axis wind
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systems operating in low-wind speed areas. Chaichana et al. studied in a wind tunnel the
effect of the speed ratios of two counter-rotating rotors of a vertical axis wind turbine [29];
on the same CRWT type, Didane et al. [30] investigated the aerodynamic characteristics,
power and torque coefficients. In [31], Didane et al. highlighted the performance of a CRWT
with Darius H-type rotors using three-dimensional CFD models based on the K-omega
Shear Stress Transport turbulence model; the same method was applied by Cao et al. [32]
for a similar turbine on a floating platform. The performance of a horizontal axis CRWT
with identical front and rear rotors was highlighted by Ilmunandar et al. in [33], while
Koehuan et al. [34] analyzed the performance of the same wind turbine type by considering
the ratio of wind rotor diameters as a dimensionless parameter.

The main WT subsystems addressed extensively by researchers are wind rotors, electric
generators and speed increasers. Li et al. studied in [35] the effect of the number of blades
on the aerodynamic forces of a vertical axis wind turbine, while the design of the WT
blade shapes and their influence on the power coefficient in static and dynamic conditions
were addressed in [36]. Mirnikjoo et al. investigated the performance of a counter-rotating
electric generator [37].

Several representative speed reducers for which the power flow was reversed (and,
hence, used as a speed increaser) were analyzed by Jaliu et al. in [38], while Saulescu
et al. [39] proposed and modeled a speed increaser able to be operated with one input
and one or two outputs. Other novel solutions of planetary speed increasers have been
presented and analyzed in the literature: a 2-DOF hybrid transmission for variable speed
wind turbines [12] and a two-input one-output cylindrical planetary gear set with satellites
in a series [40]. The dynamic properties of a speed increaser and the steady-state operating
point were highlighted by Herzog et al. [41] by studying the behavior of a wind turbine
with counter-rotating rotors using a wind tunnel and the CFD method. Bharani et al. [42]
classified the gearbox technologies for horizontal axis wind systems into three categories
(planetary gearbox, continuous variable transmission and magnetic gearbox) and studied
their performances based on indicators such as the torque output, tracking accuracy and
durability. Qiu et al. summarized the gear mechanisms used in wind turbines [13]. Recent
technologies and development trends of mechanical transmissions were systematized by
Nejad et al. [43], and Concli et al. analyzed the behavior of the gear teeth using artificial
neural networks [44] or the load capacity and its influence on the condition of the teeth [45].
The dynamic behavior of speed increasers was addressed by Wu et al. [46] by modeling
the lateral-torsional coupling of the transmission of a large wind turbine. Lee et al. [47]
proposed a testing rig, patented by the authors, used to investigate the mechanical power
flow of a speed increaser into a high-speed wind turbine, while Lin et al. developed a new
concept of a speed increaser with a parallel power flow implemented in a wind turbine
with two inputs and one output [48].

Several studies have compared the efficiency of counter-rotating vs. conventional
WTs, concluding that counter-rotating systems can generate up to 40% more electricity.
Thus, Climescu et al. [49] analyzed the dynamics of counter-rotating vs. conventional wind
systems with a cylindrical gearbox. Saulescu et al. approached comparatively the stationary
operating point for wind turbines with two counter-rotating rotors vs. one rotor and 1-DOF
vs. 2-DOF speed increasers [50], wind systems with one rotor and counter-rotating vs.
traditional (with fixed stator) electric generator [51] and wind systems with two counter-
rotating rotors and counter-rotating vs. a traditional generator [52]. Farahani et al. [53]
showed comparatively the dynamic behavior of a CRWT in several operating situations.

Considering the variability of wind speed during the year, the optimization of wind
energy harvesting and the transformation as efficient as possible into electricity are major
challenges for research in the field. Dual- or multi-rotor wind turbines with counter-rotating
generators are a promising recent technology still insufficiently explored for large-scale
development and implementation. This research is also part of this knowledge development
effort by proposing a comparative analysis of the energy performance of four wind turbines
with a counter-rotating electric generator that integrate a planetary speed increaser with an
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innovative variable structure patented by the authors. This transmission allows the wind
turbine to operate with one, two or three counter-rotating WRs by means of three clutches.

The manuscript is organized as follows: Section 2 is devoted to problem formulation
and presents the four studied configurations (cases) of the WTs with a counter-rotating
generator. Section 3 details the analytical modeling method and presents the kinematic,
static, power and efficiency results in the four cases derived from a general model. For a
representative numerical set, Section 4 presents the simulation results and discussions on
the analyzed WT performances. The final conclusions of the paper are drawn in Section 5.

2. Problem Formulation

The wind systems with counter-rotating generators (WSCGs) have superior conversion
efficiencies compared to conventional generators (with fixed stator) due to the branched
transmission of mechanical power and higher relative speed between the rotor (GR) and the
stator (GS) of the electric generator (G). A counter-rotating generator has both armatures
(GR and GS) movable and rotates in opposite directions; usually, due to inertial reasons,
the generator rotor has a higher speed than the stator. However, the energy performance
of WSCGs is significantly influenced by the number of WRs, as well as by the speed
increaser type. In order to highlight the influence of the number of WRs (inputs) and
of the structural degree of freedom, a comparison between WSCGs with 1-DOF or 2-
DOF speed increasers with one input (i.e., with one WR and the total number of external
connections L = 3, implicitly), two inputs (two WRs and L = 4) and three inputs (three WRs
and L = 5) is further approached. To this end, a planetary transmission with a variable
structure, based on three clutches and derived from a solution for which the authors have a
patent application [54], is proposed; by appropriate combinations of clutch engaging and
disengaging, the transmission can operate in various structures, of which four cases were
selected (Figure 1):

• Case A: 2-DOF (differential) transmission with three inputs (2-DOF, L = 5, and
three WRs);

• Case B: 1-DOF (monomobile) transmission with two inputs (1-DOF, L = 4, and
two WRs);

• Case C: 2-DOF transmission with two inputs (2-DOF, L = 4, and two WRs);
• Case D: 1-DOF transmission with one input (1-DOF, L = 3, and one WR).

As a result, the energy performances of WSCGs with two or three wind rotors can
be directly compared with those of conventional wind turbines (with one wind rotor),
highlighting the specific differences of cases with 1-DOF vs. 2-DOF transmissions.

The approach starts from a “variable” structure, based on setting the clutches C1 . . .
C3 (Figure 1); this structure contains: three wind rotors (a permanent primary rotor R1 and
two secondary rotors R2 and R3 activated by clutches C2 and C3, respectively), a planetary
gear set with bevel gears I ≡ 2-1”-1′-3-H1 (equipped with clutch C1 for blocking the
satellite carrier H1) and a differential cylindrical planetary gear set II ≡ 4-5-6-H2 with two
counter-rotating outputs, 6 and 7, secured to the rotor GR and the stator GS, respectively.

The primary rotor R1 is coupled to the bevel gear (2), which is assembled on the carrier
H2. The power generated by R1 is distributed on two branches to the planetary gear set
II through the bevel sun gear (3), assembled into the ring sun gear (4) and directly to the
carrier H2; further, the power is transmitted by gear set II to the rotor GR ≡ 6 and stator
GS ≡ 7, respectively.
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Denoting a disengaged clutch by Ci = 0 and an engaged clutch by Ci = 1 (i = 1, 2, 3),
the structures related to Cases A, B, C and D can be described as follows:

• Case A, Figure 1a: C1 = 0, C2 = C3 = 1, 2-DOF transmission with three inputs and
two outputs (L = 5);

• Case B, Figure 1b: C1 = C3 = 1, C2 = 0, 1-DOF transmission with two inputs and
two outputs (L = 4); for C1 = 1, the bevel transmission I is a 1-DOF gear set with fixed
axes, and, for C2 = 0, the rotor R2 idles and torque TR2 = 0, implicitly. In order to
facilitate the kinematic modeling, it is considered that the clutch disengaging, afferent
to a rotor R, is accompanied by fixing the rotor to the base, i.e., the rotational speed
ωR = 0;

• Case C, Figure 1c: C1 = C3 = 0, C2 = 1, 2-DOF transmission with two inputs and
two outputs (L = 4); analogous to Case B, for C3 = 0, the rotor R3 becomes inactive and
blocked, i.e., TR3 = 0 andωR3 = 0;

• Case D, Figure 1d: C1 = 1, C2 = C3 = 0, 1-DOF transmission with one input and
two outputs (L = 3); analogous with Cases B and C, the rotors R2 and R3 become
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inactive and blocked for C2 = C3 = 0, i.e., TR2 = 0, ωR2 = 0 and TR3 = 0, ωR3 = 0,
respectively.

The four variants of WSCGs (Figure 1) use the same speed increaser under the follow-
ing premises:

– homologous gears of the four WSCGs have the same number of teeth zi, i = 1′, 1”, . . . , 6;
– homologous gear pairs with fixed axes have the same efficiency;
– the three wind rotors have the possibility to modify the pitch angle of their blades to

adjust the input powers, the angular speeds and the input torques implicitly while
considering a constant wind speed (i.e., a steady-state regime);

– in order to facilitate the kinematic modeling, it is considered that the clutch disengag-
ing for a wind rotor is accompanied by the rotor locking at the base, which means that
both the rotor torque and speed become null.

Under these premises, the problem addressed in the paper refers to the analytical
modeling of the parameters considered as the main comparison criteria: the kinematic
amplification ratio of the speed from the primary rotor R1 to the generator G (ia), the
transmission efficiency (η) and the mechanical power transmitted to the electric generator
(PG), as well as the power flow. For simplicity, the meaning of the symbols used in the
equations is detailed in the Nomenclature section, without repeating it in the text.

3. Closed-Form Modeling

The kinematic and static models of the WSCGs illustrated in Figure 1 can be derived
based on the block diagrams from Figure 2. The following correlations [55] can be written
by decomposing the complex transmissions into gear sets I and II, according to the block
diagrams in Figure 2:

• Planetary gear set I:

I :


iH1
32 = i01 =

ω3H1
ω2H1

= − z1′
z3

z2
z1′′

ω3 = ω2i01 −ωH1(1− i01) ⇒ i32 = i01 +
ωH1
ω2

(1− i01)

T3i01η
x
01 + T2′ = 0

T3 + T2′ + TH1 = 0

(1)

where x = ±1, depending on the direction of the power flow transmission through the
fixed axis mechanisms associated with the planetary gear set, obtained by reversing
the motion with respect to H1 [55]. For Case A (Figure 1a) and Case B (Figure 1b),
the sign of x depends on the ratio kt = −TR3/TR1: for kt > 1, x = +1, and for kt < 1,
x = −1. For Cases C (Figure 1c) and D (Figure 1d), x = −1.

• Planetary gear set II:

II :


iH2
64 = i02 =

ω6H2
ω4H2

= − z4
z6

ω6 = ω4i02 +ωH2(1− i02) ⇒ i64 = i02 +
ωH2
ω4

(1− i02)

T6i02η
w
02 + T4 = 0

T6 + T4 + TH2 = 0

(2)

where the sign of the exponent w is obtained as follows [55]:

w = sgn
(
ω6H2 T6

)
= sgn

(
i02

1− i02

)
= −1 (3)

where sgn is the signum function.
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The kinematic and static modeling in the general case (Case A) is further presented
considering Equations (1) and (2), to which the kinematic and static correlations related to
the connections between the planetary gear sets, the wind rotors and the electric generator
are added. The relations for the other three functional cases (B, C and D) are obtained by
customizing the analytical archetype model obtained in Case A.
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3.1. Kinematic Modeling

The transmission with three inputs (Case A, Figure 1a) is characterized by two inde-
pendent external speeds; for instance,ωR1 andωR2. For simplicity, it is preferable to use
the input speed ratio kω = −ωR2/ωR1 as an independent variable instead of the speed
ωR2. According to Figure 2a, the following correlations related to the connections between
the WSCG components can be added to the kinematic equations in Systems (1) and (2):

ωR1 = ω2 = ωH2

ωR2 = ω9; ωR2 = −kωωR1
ω9 = ωH1

ω3 = ω4 = ω7 = ω8
ω7 = ωGS; ω8 = ωR3
ω6 = ωGR
ωG = ωGR −ωGS

(4)

The obtained set of 14 independent equations with 16 unknown parameters allows
the description of the 14 dependent kinematic variables (ωR2,ωR3,ωGR,ωGS,ωG,ω2,ω3,
ω4,ω6,ω7,ω8,ω9,ωH1 andωH2 ), depending on the independent variablesωR1 and kω.

The other three cases (B, C and D) can be modeled kinematically based on the relations
previously obtained for the archetype model, in which the following particularizations occur:

• Case B: C1 = 1, C2 = 0 andωR2 = 0; implicitly: ω9 = ωH1 = 0 (Figure 2b);

• Case C: C3 = 0 andωR3 = 0; implicitly: ω8 = 0 andω7 = ω4 = ω3 ( 6= 0) (Figure 2c);

• Case D: C1 = 1, C2 = C3 = 0 and ωR2 = 0 = ωR3 = 0; implicitly: ω9 = ωH1 = 0,
ω8 = 0 andω7 = ω4 = ω3 ( 6= 0) (Figure 2d).

The transmission amplification ratio ia can be obtained with the relation:

ia =
ωG
ωR1

(5)

The kinematic correlations of the speed increasers from Figure 1, systematized in
Table 1, can be obtained by solving the set of kinematic Equations (1), (2), (4) and (5) and
considering the previous particularizations. It can be observed that, except for the speed
ωR3, the relations are identical for Cases A and C (2-DOF variants) and B and D (1-DOF
variants), respectively.

Table 1. The analytical expressions of the dependent kinematic parameters and the amplification
kinematic ratio corresponding to the four cases (Figures 1 and 2).

Case A Case C Case B Case D

ωR2 −ωR1kω −ωR1kω 0 0
ωR3 ωR1[i01 − kω(1− i01)] 0 ωR1i01 0
ωGR ωR1[i02(i01 − 1)(1 + kω) + 1] ωR1[i02(i01 − 1) + 1]
ωGS ωR1[i01 − kω(1− i01)] ωR1i01
ωG ωR1(1− i01)(1− i02)(1 + kω) ωR1(1− i01)(1− i02)

ia (1− i01)(1− i02)(1 + kω) (1− i01)(1− i02)

3.2. Torque Modeling in the Steady-State Regime

The following set of static equations in steady-state conditions is obtained based on
the torque equations that come from the modeling of the two planetary gear sets, according
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to Equations (1) and (2), and the equations of static equilibrium for the shafts isolated from
the WSCG—Case A (Figure 2a):

TR1 − T2 = 0
T2 − T2′ − T2′′ = 0; T2′ = −i01T3; T2′′ = TH2

−T3 − T4 + T7 + T8 = 0
T9 − TH1 = 0; TH1 =

(
i01 − 1

)
T3; TH2 =

(
i02 − 1

)
T6

T4 = −i02T6
TR2 − T9 = 0; TR3 − T8 = 0; TR3 = −ktTR1
TGR − T6 = 0; TGS − T7 = 0; TG = TGR = −TGS

(6)

where i01 = i01η
x
01, i02 = i02η

w
02. Thus, a system of 16 linear equations with 16 dependent

torques (TR2, TR3, TGR, TGS, TG, T2, T2′ , T2′′ , T3, T4, T6, T7, T8, T9, TH1 and TH2) and
two independent variables TR1 and TR3, replaced by TR1 and the input torques ratio
kt = −TR3/TR1, is obtained. Relations (6) are valid for the other three cases by considering
the following customizations:

• Case B: C2 = 0, TR2 = 0, and implicitly, T9 = 0 and TH1 6= 0 (Figure 2b);

• Case C: C3 = 0, TR3 = 0, and implicitly, T8 = 0 (Figure 2c);

• Case D: C2 = C3 = 0, TR2 = 0 and TR3 = 0, and implicitly, T8 = 0, T9 = 0 and TH1 6= 0
(Figure 2d).

Solving linear system (6), by taking into account the particularities of each case, leads
to the torque expressions systematized in Table 2. It can be noticed that the torques in
Table 2 have identical expressions in Cases A and B and C and D, respectively, except for
the zero input torques; in addition, the torque relations for Cases C and D are obtained
through the customization of Cases A and B by considering kt = 0.

Table 2. Expressions of WSCG torques related to the four cases (Figures 1 and 2).

Case A Case B Case C Case D

TR2 TR1(kt − 1) 0 −TR1 0
TR3 −TR1kt 0 0
TGR −TR1

(1−kt i01)
(i01−1)(i02−1)

−TR1
1

(i01−1)(i02−1)

TGS TR1
(1−kt i01)

(i01−1)(i02−1)
TR1

1
(i01−1)(i02−1)

T2′ −TR1
i01(kt−1)

i01−1
TR1

i01
i01−1

T2′′ −TR1
1−kt i01
i01−1

−TR1
1

i01−1
T3 TR1

kt−1
i01−1

−TR1
1

i01−1

T4 TR1
i02(1−kt i01)

(i01−1)(i02−1)
TR1

i02

(i01−1)(i02−1)
TH1 TR1(kt − 1) −TR1

Notes: T2 = TR1, TG = TGR, T6 = TGR, T7 = TGS, T8 = TR3, T9 = TR2 and TH2 = T2′′ .

3.3. Power and Efficiency Modeling in Steady-State Regime

The mechanical power on the speed increaser shafts can be analytically determined
by taking into account the kinematic results from Table 1 and the static ones from Table 2,
depending on the independent parameters TR1, ωR1, kt and kω. The obtained power
relations (i.e., the power Pi = Ti ·ωi on the i shaft, i = 1, 2, . . . ) are systematized in Table 3
for the four studied cases.
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Table 3. WSCG power and efficiency expressions for the four cases (Figures 1 and 2).

Case A Case B Case C Case D

PR2 −ωR1TR1kω(kt − 1) 0 −ωR1TR1kω 0
PR3 −ωR1TR1kt[i01 − kω(1− i01)] −ωR1TR1kti01 0 0
PGR −ωR1TR1

(1−kt i01)[i02(i01−1)(1+kω)+1]

(i01−1)(i02−1)
−ωR1TR1

(1−kt i01)[i02(i01−1)+1]

(i01−1)(i02−1)
−ωR1TR1

i02(i01−1)(1+kω)+1
(i01−1)(i02−1)

−ωR1TR1
i02(i01−1)+1
(i01−1)(i02−1)

PGS ωR1TR1
(1−kt i01)[i01−kω(1−i01)]

(i01−1)(i02−1)
ωR1TR1

i01(1−kt i01)
(i01−1)(i02−1)

ωR1TR1
i01−kω(1−i01)

(i01−1)(i02−1)
ωR1TR1

i01

(i01−1)(i02−1)

PG −ωR1TR1
(1−i01)(1−i02)(1+kω)(1−kt i01)

(i01−1)(i02−1)
−ωR1TR1

(1−i01)(1−i02)(1−kt i01)
(i01−1)(i02−1)

−ωR1TR1
(1−i01)(1−i02)(1+kω)

(i01−1)(i02−1)
−ωR1TR1

(1−i01)(1−i02)

(i01−1)(i02−1)
P2 TR1ωR1 TR1ωR1 TR1ωR1 TR1ωR1

P2′ −ωR1TR1
i01(kt−1)

i01−1
−ωR1TR1

i01(kt−1)
i01−1

ωR1TR1
i01

i01−1
ωR1TR1

i01
i01−1

P2′′ −ωR1TR1
1−kt i01
i01−1

−ωR1TR1
1−kt i01
i01−1

−ωR1TR1
1

i01−1
−ωR1TR1

1
i01−1

P3 ωR1TR1
[i01−kω(1−i01)](kt−1)

i01−1
ωR1TR1

i01(kt−1)
i01−1

−ωR1TR1
i01−kω(1−i01)

i01−1
−ωR1TR1

i01
i01−1

P4 ωR1TR1
i02(1−kt i01)[i01−kω(1−i01)]

(i01−1)(i02−1)
ωR1TR1

i01i02(1−kt i01)
(i01−1)(i02−1)

ωR1TR1
i02[i01−kω(1−i01)]

(i01−1)(i02−1)
ωR1TR1

i01i02

(i01−1)(i02−1)

η (i01−1)(i02−1)(1−kt i01)
(i01−1)(i02−1)(1−kt i01)

(i01−1)(i02−1)
(i01−1)(i02−1)

Notes: P2 = PR1, P6 = PGR, P7 = PGS, P8 = PR3, P9 = PR2, PH1 = PR2 and PH2 = P2′′ .
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Starting from the efficiency expression in Case A, in the hypothesis of wind rotors
operating as motors (i.e., PRi > 0, i = 1, 2, 3):

η = − PG
PR1 + PR2 + PR3

= − ωGRTGR +ωGSTGS
ωR1TR1 +ωR2TR2 +ωR3TR3

(7)

the efficiencies of the other speed increasers (Cases B, C and D) are obtained by customiza-
tion; the analytical relations for the efficiency in the four cases are also systematized in
Table 3.

4. Numerical Simulations and Discussions

The WSCG analytical model, described by the relations in Tables 1–3, contains eight
independent parameters: the interior kinematic ratios i01 and i02, the interior efficiencies
η01 and η02, the primary wind rotor power parameters (ωR1 and TR1) and the ratios kω
and kt. The numerical simulations are based on the input data from Table 4, where i01,
i02, η01 and η02 are constant parameters of the mechanical transmission, kω and kt are
independent parameters used as variable simulation ratios whose values can be controlled
by appropriately adjusting the pitch angles of the wind rotor blades.

Table 4. Input data for the numerical simulations of the analytical model.

Planetary Gear Set i0 η0 kω=−ωR2
ωR1

kt=− TR3
TR1

I −1.5 0.8836 (=0.942) −0.5 . . . 1 -
II −5 0.925 (=0.952) - 0 . . . 1.5

The numerical simulations are performed under the following assumptions:

- Both secondary rotors (R2 and R3) rotate in opposite directions to the primary rotor
R1 (by exception, rotor R2 may also have the rotation direction of rotor R1, a situation
highlighted in Section 4.1);

- The powers of rotors R1, R2 and R3 are input powers for the transmission, i.e., PR1 > 0,
PR2 > 0 and PR3 > 0 (but there are also exceptions in which rotor R2 becomes the
brake, i.e., PR2 < 0, as highlighted in Section 4.2);

- The counter-rotating electric generator G is characterized by the operating speed
ωG = ωGR −ωGS, the torque TG = TGR = −TGS and by the mechanical power
PG = TGωG (considered as the transmission output power, i.e., PG = TGωG < 0,
Figure 2);

- In order to simplify the comparative energy analysis of the selected cases, the mechan-
ical characteristics related to the wind rotors and the generator are disregarded; as a
result, the power of the primary rotor R1 will be further considered as the reference
power, and the other powers will be expressed by ratios of the type Px/PR1, whatever
the x shaft, called reduced powers (at the primary rotor).

4.1. Transmission Input Powers and Efficiency

The analysis of the diagrams depicted in Figures 3–6 allows the following particulari-
ties to emerge:

(a) The ratios kω and kt directly influence the operation state of the secondary wind
rotors R2 and R3 and the mechanical power flow through the planetary transmission
implicitly; thus, for Case A, the variation ranges of these ratios for which the wind
system operation makes sense are further analyzed, i.e., the secondary wind rotors R2
and R3 are motor sources (PR2 > 0 and PR3 > 0).

(b) In the premise PR1 > 0, the angular speed and the torque of the rotor R2 (controlled by
kω and kt) also influence the power of the secondary wind rotor R3 (Figures 3 and 4).
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(c) Rotor R2 is the most reactive to the variations of kω and kt, which can change its
state from the motor mode (PR2 > 0) to the brake mode (PR2 < 0) (Figures 3a and 4a);
additionally, the power of rotor R2 is cancelled for kt = 1, irrespective of the kω value.

(d) At normal operations (kω > 0), rotor R2 works in the motor mode only for kt < 1,
becoming a brake for kt > 1; for kω < 0 (i.e., rotor R2 rotates in the same direction as
the primary rotor R1), R2 becomes the motor only if kt > 1 (see the line kω = −0.5 in
Figure 3a).

(e) Rotor R3 always operates in the motor mode (PR3 > 0), irrespective of the kt and kω
values (Figures 3b and 4b); the power PR3 increases linearly with the increase of kt,
while the slope of line PR3 increases with kω.

(f) The maximum power generated by rotor R3 (PR3 = 6PR1 for kt = 1.5 and kω = 1,
Figure 3b) is significantly higher than the maximum power of rotor R2 (PR2 = PR1 for
kt = 0 and kω = 1, Figure 3a).

(g) The mechanical power received by the generator increases linearly with the increase
of the ratios kt and kω (Figure 5), even in the brake mode of rotor R2 (PR2 < 0 for
kt > 1 and kω > 0, Figure 3a).

(h) The transmission efficiency does not depend on the ratio kω (see Table 3), but it is
influenced by ratio kt, with a maximum value of 0.917 for kt = 1 (Figure 6), i.e., when
the energy contribution of rotor R2 is zero (PR2 = 0, Figure 3a).

In conclusion, as kt and kω increase, the mechanical power supplied to the elec-
tric generator increases as well, with a higher input brought about by wind rotor R3
(Figures 3 and 4). The diagrams depicted in Figures 3–6 allow highlighting the particular
cases in which the ratios kt and kω become null; by customization, the type A systems
become types B (kω = 0), C (kt = 0) and D (kω = 0, kt = 0).

4.2. Power Flow

In all four cases, the speed increaser contains a branched circuit of mechanical power,
and the direction of the power flow in each branch depends on the kt and kω values; more-
over, the three-rotor version (Case A) allows obtaining the other three cases by appropriate
customizations: Case B (ωR2 = ω9 = ωH1 = 0), Case C (TR3 = T8 = 0) and Case D
(ωR2 = ω9 = ωH1 = 0 and TR3 = T8 = 0).

The power flow is further analyzed comparatively, considering the input data from
Table 4 and certain representative values kω ∈ {0, 0.5, 1} and kt ∈ {0, 0.5, 1, 1.5}.
According to Table 3, the powers in Case A depend on both the ratio kt and kω; in Case
B, only on kt, and in Case C, only on kω, while, in Case D, they are not influenced by
these ratios.

• Case A
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Six distinct simulation variants, defined by the distinct combinations of the kt and kω
values, are addressed in Case A (see Figure 2a). The numerical results on the power flow
are depicted in Figure 7, and the values of certain representative parameters are shown in
Table 5. Based on the obtained data, the following aspects can be highlighted:

- The secondary rotors R2 and R3 influence each other when the pitch angle changes,
their powers depending on both ratios kω (adjustment for R2) and kt (adjustment
for R3).

- Ratio kt significantly influences both the power values and the directions of the power
flows as follows:

• kt = 0: that is, Case C, in which the energetic contribution of rotor R3 is zero,
such as TR3 = 0;

• 0 < kt < 1 (red lines, Figure 7a,b): the powers of rotors R1, R2 and R3 flow
branched and convergent towards the rotor and stator of the generator;
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• kt = 1 (blue lines, Figure 7a,b): in this limit situation (when TR2 = 0 and PR2 = 0, see
Tables 2 and 3), rotor R2 and the planetary gear set I are idling, and the power of rotor
R1 flows through gear set II to GR, while the power of the rotor R3 branches into two
flows: one directly to GS and another, through gear set II, to GR. It can be noticed that
both the mechanical power of the generator and the transmission efficiency are higher
compared with the previous situation (0 < kt < 1);

• kt > 1 (green lines, Figure 7a,b): the power flow of rotor R1 is transmitted entirely
through gear set II to GR, while the power of rotor R3 branches into four streams: a
first flow directly to GS, a second flow through gear set II to GR, a third flow through
gear sets I and II also towards GR and a fourth flow through gear set I towards rotor
R2, which passes in the brake mode, with the reversal of the power flow direction
through planetary gear set I; although rotor R2 becomes the brake (reverse direction
of PR2 flow), the power received by the generator increases, while the transmission
efficiency decreases (see Table 5).

- The power |PG| received by the electric generator increases with the increase of
the ratio kt.

- The power supply to the mobile stator GS increases with the increase of ratio kω
(i.e., from 10% PG for kω = 0 to 13.3% PG for kω = 1).

- The amplification ratio ia does not depend on ratio kt and increases with the
increase of ratio kω (i.e., from 15 for kω = 0 to 30 for kω = 1, Table 5).

• Case B

Case B (Figure 2b) is derived from Case A by engaging clutch C1 (i.e., C1 = 1) and
disengaging clutch C2 (i.e., C2 = 0 => TR2 = 0), accompanied by rotor R2 blocking (ωR2 = 0
=> kω = 0). Comparing the best scenarios in Case A (kω = 1 and kt = 1) and in Case B
(kt = 1, see Table 5 and Figure 8): the rotor R3 power decreases about 2.66 times, the total
input power and the output power decrease two times and the power input of the stator
GS decreases to 10% of PG.
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• Case C

Case C (Figure 2c) is obtained from Case A by eliminating rotor R3 (TR3 = 0 => kt = 0)
and the flows related to it; according to Figure 9, the flow corresponding to the value
kω = 0 is missing, because in this situation, Case C turns into Case D.
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Table 5. Performances of the four WSCGs for certain representative numerical scenarios.

Case DOF No WRs kt kω ia PR2/PR1 PR3/PR1 Pin/PR1 |PG|/PR1 η PGS/PG

A 2 3 0.5 1 30 0.500 2.000 3.500 3.143 0.898 13.3%
1 1 30 0 4.000 5.000 4.587 0.917 13.3%
1 0.5 22.5 0 2.750 3.750 3.440 0.917 12.2%

B 1 2 0.5 0 15 0 0.750 1.750 1.572 0.898 10.0%
1 0 15 0 1.500 2.500 2.293 0.917 10.0%

C 2 2 0 0.5 22.5 0.500 0 1.500 1.275 0.850 12.2%
0 1 30 1.000 0 2.000 1.700 0.850 13.3%

D 1 1 0 0 15 0 0 1.000 0.850 0.850 10.0%

Since ratio kt intervenes in the relation of the torques, powers and transmission effi-
ciency (see Tables 2 and 3), Case C (kt = 0) is characterized by the following particularities
(Figure 9 and Table 5):

- the torque of the rotor R2 is equal, in absolute value, to that of the primary rotor R1;
as a result, the power generated by R2 increases with the increase of the kω ratio;

- the input powers (PR1 and PR2) flow into three branches directly toward the rotor GR
and stator GS;

- the transmission efficiency is constant (η = 0.85), regardless of the value of the ratio kω;

- the power supply to the stator GS increases with the increase of kω: from 12.1% PG
for kω = 0.5 to 13.3% PG for kω = 1.

• Case D

Case D (Figure 2d) is derived from Case A by removing rotors R2 and R3, i.e., kω = 0,
kt = 0; rotor R1 delivers a power whose flow (Figure 10) is similar to the homologous flow
from Case C (see Figure 9). The system ensures a power supply of the stator GS of 10% of
PG and a constant efficiency (η = 0.85).
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According to Table 5, both the structure’s degree of freedom and the number of wind
rotors have a major influence on the output power (to the generator) and on the input
powers, as well as on the power distribution between secondary rotors R2 and R3, with a
consistent increase for R3 in Case A. It should be noted that the 2-DOF transmissions double
the speed amplification ratio (ia = 30 for kω = 1) compared to the 1-DOF ones (ia = 15
for kω = 0); a similar trend has the energy supply brought about by mobile stator GS (see
the PGS/PG ratio in Table 5). Being independent of the ratio kω and highly dependent on
kt, the transmission efficiency is higher in Cases A and B (η = 0.917, kt = 1) vs. Cases C
and D (η = 0.850, kt = 0). The performances of the turbines with two wind rotors and
1-DOF (Case B) or 2-DOF (Case C) speed increasers significantly depend on kt and kω; for
the considered data, the 1-DOF transmission (Case B) shows a superior performance when
kt = 1 and kω = 1.

5. Conclusions

This paper presented a comparative analysis of the performances of four different
types of wind turbines with a counter-rotating electric generator. To this end, a differential
planetary transmission with a variable structure, derived from an innovative solution
proposed by the authors, was firstly proposed. By appropriate combinations of engag-
ing/disengaging of the clutches, the transmission can operate in various structures, of
which four cases were selected for analysis: a system with three rotors and a 2-DOF speed
increaser (Case A), a 1-DOF system with two counter-rotating wind rotors (Case B), a
2-DOF system with two counter-rotating wind rotors (Case C) and 1-DOF system with a
single wind rotor.

Archetype models for speeds, torques, powers and the efficiency of the planetary
transmission with a variable structure used as speed increaser in the general case of
differential transmission with three inputs (Case A) were developed. The analytical models
of the other three cases (B, C and D) were the result of customizing the archetype models
based on the correlations specific to each case according to the engaging/disengaging of
the component clutches.

The analysis of the numerical results obtained by the simulations of the analytical
models of the four WSCGs, considering a set of representative values for the simulation
ratios kt and kω, allowed drawing the following conclusions:

- the wind turbine with three wind rotors (Case A) allows the increase of the output
powers (towards the electric generator) and of the input one compared to those with
two counter-rotating wind rotors (Cases B and C); in turn, the systems in Cases B and
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C can ensure a better use of the wind potential compared to traditional single-rotor
wind turbines (Case D);

- the reduced input powers (corresponding to secondary wind rotors R2 and R3) and
the reduced output power, as well as the configuration of the power flows, depend, to
a large extent, on the values of ratios kt and kω;

- the transmission efficiency is constant in Cases C and D, because it does not depend
on the operating speed nor on the transmitted power; instead, the efficiency in Cases
A and B changes with ratio kt;

- thanks to the property of “summing up” the speeds, the 2-DOF systems (Cases A and
C) can offer higher amplification ratios (ia) than the 1-DOF ones and can implicitly
ensure a higher power supply by the stator GS;

- the turbines with two wind rotors (Cases B and C) can have comparable power
performances, the 1-DOF system (Case B) being advantaged with superior powers
and efficiency in the vicinity of the value kt = 1. The differential system (Case C)
achieves higher amplification ratios, accompanied by relatively high powers, as the
ratio kω increases;

- the maximum input power supply being brought about by rotor R3; the most inter-
esting energy aspects are found in Case A in the vicinity of ratio value kt = 1 for the
situation kω = 0. Practically, this means a 2-DOF system with two rotors, R1 and R3,
were obtained from the case with three wind rotors by removing rotor R2 (i.e., Case B);
it is also interesting that, in this system (Figure 1a without rotor R2), planetary gear
set I idles (it does not participate in the transmission of the torque and of the power
implicitly).

The authors intend to develop this topic more in the future by analyzing the CRWT
behavior in dynamic conditions, the transient effects of changing the wind speed, by con-
sidering wind turbines and electric generators with known functional characteristics. The
experimental validation of these theoretical results is also a future purpose of the authors.
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Nomenclature

Acronyms
DOF Degree of freedom
GR Generator rotor
GS Generator stator
WR Wind rotor
WT Wind turbine
WSCG Wind system with counter-rotating generator
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Symbols
C1,2,3 Clutch no 1, 2, 3
G Electric generator
H1,2 Satellite carrier no 1, 2
i Kinematic ratio (ixy = ωx/ωy)
i0 Interior kinematic ratio
i0 Interior static ratio
ia Amplification kinematic ratio (ia = ωG/ωR1)
I Bevel planetary gear set
II Spur planetary gear set
kt Ratio of the input moments (kt = −TR3/TR1)
kω Ratio of the input angular speeds (kω = −ωR2/ωR1)
L Total number of external links
P Power
Pin Sum on the input (positive) powers
R1,2,3 Wind rotor no 1, 2, 3
T Torque
z Gear teeth number
η Mechanical efficiency
η0 Internal mechanical efficiency
ω Angular speed
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Abstract: The paper presents a general approach to the steady-state efficiency analysis of one degree
of freedom (1-DOF) speed increasers with one or two inputs, and one or two outputs, applicable to
wind, hydro and marine-current power generating systems. The mechanical power flow, and the
efficiency of this type of complex speed increasers, are important issues in the design and development
of new power-generating systems. It is revealed that speed increases, with in-parallel transmission of
the mechanical power from the wind or water rotors to the electric generator, have better efficiency
than serial transmissions, but their efficiency calculus is still a challenging problem, solved in the
paper by applying the decomposition method of complex speed increasers into simpler component
planetary gear sets. Therefore, kinematic, steady-state torque and efficiency equations are derived for
a generic 1-DOF speed increasers with two inputs and two outputs, obtained by connecting in parallel
two gear mechanisms. These equations allow any speed increaser to be analysed with two inputs
and one output, with one input and two outputs, and with one input and one output. We discuss a
novel design of a patent-pending planetary-gear speed increaser, equipped with a two-way clutch,
which can operate (in combination with the pitch adjustment of the rotors blades) in four distinct
configurations. It was found that the mechanical efficiency of this speed increaser in the steady-state
regime is influenced by the interior kinematic ratios, the input-torque ratio and by the meshing
efficiency of its individual gear pairs. The efficiency of counter-rotating dual-rotor systems was found
to be the highest, followed by systems with counter-rotating electric generator, and both have higher
efficiency than conventional systems with one rotor and one electric generator with fixed-stator.

Keywords: wind energy; marine-current; hydro power; planetary gear; efficiency analysis

1. Introduction

Among the renewable energy technologies, hydro and wind energy conversion systems currently
have the largest share of electrical power generation worldwide [1,2]. While, hydro-electric power is a
more mature technology, improvements to wind, tidal-stream and marine-current energy conversion
systems are reported every year [3,4]. The major research has looked at energy-conversion efficiency
for the purpose of maximizing the use of the onsite renewable potential. Moreover, in the case of
wind and hydro-power systems of medium and high capacity, power is transmitted from the wind or
water turbine to the electric generator via a speed increaser, which amplifies the speed of the turbine
shaft approximately three times in case of hydro-electric systems, and by around one hundred in
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case of wind power systems [5–7]. The best performing speed increasers in use, are one degree of
freedom (1-DOF) or two degrees of freedom (2-DOF) planetary transmissions, which achieve higher
efficiency, higher transmission ratios and smaller overall sizes than fixed-axis transmissions. However,
these benefits come with added complexity, making the respective transmissions more difficult to
design and optimize.

Many innovative solutions of wind and tidal turbines have been proposed in recent years
(Figure 1), such as counter-rotating rotors [8–19], high-performance mechanical transmissions [3,20]
and more compact and efficient electric generators, including the counter-rotating type [21,22]. Shin [8]
proposed a large capacity wind turbine that uses multiple, smaller rotors in a spatial arrangement
and a high-efficiency planetary speed increaser. Wacinski [11], Brander [12], Climescu et al. [13]
and Oprina et al. [16] proposed different solutions of horizontal-axis wind turbines with two coaxial,
counter-rotating rotors. Didane et al. [15,19] and West [18] evaluated the performance of new concepts of
vertical-axis wind turbines with counter-rotating coaxial rotors. Designers of counter-rotating turbines
(CRT) have resorted to a wide variety of innovative solutions of speed increasers, such as variable
transmissions [23], differential transmissions with electric motor speed control [24], or novel planetary
gears [25–28]. In spite of their larger size and lower efficiency, compared to their planetary counterparts,
the most common solution of speed increasers implemented in wind, hydro and marine-current power
generating systems, including of the CRT type, are fixed-axis gear mechanisms [29–31].
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Figure 1. Dual rotor; (a) wind turbine of Kowintech Co. Ltd.; and (b) tidal turbine of SIMEC Atlantis
Energy (formerly Atlantis Resources Corp.).

Planetary speed increasers are more appropriate for CRT applications because they ensure higher
kinematic ratios and reduced overall size, at higher efficiency levels [11,13,25,26,32–41]. Furthermore,
CRTs can employ 2-DOF transmissions to sum the input speeds [35,39] or 1-DOF planetary transmissions
to sum the input torques of their two rotors [40,41]. The first type of speed increaser has been studied
in conjunction with CRT and conventional generator [42–48], or with CRT and counter-rotating electric
generator [41]. No generalization has been proposed. Rather, particular designs have been presented
and analysed with respect to their performance. The 1-DOF planetary speed increasers with multiple
inputs and outputs can operate both, with single or with counter-rotating wind or water rotors,
and with conventional (fixed stator) or counter-rotating, (moving stator) electric generator [49–51].
Efficiency analysis of the mechanical transmissions used in wind, tidal-stream and marine-current
energy conversion systems is an essential part of their design and development process [52,53].

Based on the literature survey, the authors concluded that a comprehensive analysis of two-input,
one degree of freedom planetary transmissions applicable to wind and water turbines is necessary,
aiming to model the speed increaser efficiency in steady-state regime.
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The paper proposes a generic class of 1-DOF transmissions, with two inputs and two outputs,
employing two planetary gear mechanisms connected in parallel. All four possible combinations,
i.e., with one or two input rotors, and with one or two generator outputs can be obtained as particular
cases. In Section 2, steady-state torque and efficiency equations are derived for this generic speed
increaser class with two inputs and two outputs. Three other types of speed increasers, i.e., with two
inputs and one output, with one input and two outputs, and with one input and one output are
discussed in Section 3 as particular cases. A novel planetary speed increaser with cylindrical gears,
which can operate in four variants by means of a two-way clutch [54], is analysed in Section 4 using
bivariate three-dimensional (3D) plots. The paper ends with a summary of results and conclusions.

The main contributions of this paper involve the proposed 1-DOF speed increaser class that can
operate in four functional cases. To the best of our knowledge, it is the first unifying modeling of
transmission performance in different functional cases. The application example is done for a novel
design of a patent-pending transmission [54]. The performance study of the transmission is outlined
in this paper by using bivariate plots.

2. Problem Formulation

It is known that mechanical transmissions where power is transmitted in parallel, also known
as split-power transmissions, have higher efficiency than transmissions formed with mechanisms
connected in series [51]. The same applies to speed increasers used in wind, hydro and marine-current
power generating systems that integrate two counter-rotating wind or water rotors and/or one
counter-rotating electric generator. A 1-DOF transmission consisting of two 1-DOF mechanisms
M1 and M2 is assumed, providing serial (Figure 2a) or in-parallel transmission (Figure 2b,c) of the
mechanical power from one rotor (R) or from two counter-rotating rotors (R1 and R2) to a standard
electric generator (G) with a fixed stator, or to a generator with counter-rotating rotor (GR) and moving
stator (GS). Mechanisms M1 and M2 are characterized by their kinematic ratios i1 and i2, and efficiencies
η1 and η2. Each shaft x has an angular velocityωx and transmits a torque Tx (where x is either R, R1,
R2, G, GR or GS).Energies 2020, 13, x FOR PEER REVIEW 4 of 18 
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Figure 2. Block diagrams of 1-DOF speed increasers with two 1-DOF mechanisms M1 and M2, having:
(a) one rotor and one standard electric generator; (b) one rotor and counter-rotating electric generator;
(c) two counter-rotating input rotors with standard electric generator. R, R1 and R2 are wind or water
rotors, G and GR are the electric-generator rotor; GS is the electric generator stator; Tx is the torque
transmitted andωx is the angular velocity of shaft x; and i1 and i2 are the kinematic ratios and η1 and
η2 are the efficiencies of constituent mechanisms M1 and M2.

As explained in references [26,40,51], the efficiencies of the 1-DOF mechanical transmissions
have been determined in closed-form, from kinematic, torque equilibrium and energy conservation
considerations using Maple computer algebra system.
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The efficiencies of the 1-DOF mechanical transmissions in Figure 2 are calculated as follows.

• Case A (Figure 2a): speed increaser with one input (R) and one output (G) for which,

ωG =
ωR

i1i2
; TG = −i1i2η1η2TR (1)

the efficiency is:

ηA =
−PG
PR

=
−TG ·ωG
TR ·ωR

= η1η2 (2)

• Case B (Figure 2b): speed increaser with one input (R) and two outputs (GR and GS) with:

ωGR =
ωR

i1
; ωGS =

ωR

i2
; ωG = ωGR −ωGS =

i2 − i1
i1i2

ωR (3)

TR1 = −
TGR
i1η1

; TR2 = −
TGS
i2η2

; TR = TR1 + TR2 (4)

Knowing that the torques transmitted to the rotor and to the moving stator of the electric-generator
are equal but of opposite signs (TGS = -TGR), the torque TG = TGR and mechanical power TG ωG

delivered to the electric generator are:

TG = TR
i1i2η1η2

i1η1 − i2η2
and TG ·ωG = η1η2

i2 − i1
i1η1 − i2η2

TR ·ωR (5)

These equations allow the efficiency of the transmission to be calculated as:

ηB =
−PG
PR

=
−TG ·ωG
TR ·ωR

= η1η2
i1 − i2

i1η1 − i2η2
(6)

• Case C (Figure 2c): speed increaser with two inputs (R1 and R2) and one output (G).

ωG =
ωR1

i1
=
ωR2

i2
; ωR2 =

i2
i1
ωR1 (7)

TG1 = −i1η1TR1; TG2 = −i2η2TR2; TG = TG1 + TG2 (8)

TG ·ωG = −
i1η1TR1 + i2η2TR2

i1
ωR1 (9)

from where the efficiency of the transmission is calculated as:

ηC =
−PG
PR

=
−TG ·ωG

TR1 ·ωR1 + TR2 ·ωR2
=

i1η1 − i2η2kt

i1 − i2kt
(10)

where kt is the input torque ratio:

kt = −
TR2

TR1
(11)

Assuming for convenience that the two component mechanisms M1 and M2 have equal efficiencies
(η1 = η2 = η) Equations (2), (6) and (10) become:

ηA = η2; ηB = η; ηC = η (12)

Equation (12) suggests that if mechanisms M1 and M2 have comparable efficiencies, the use of
counter-rotating wind or water rotors, or of counter-rotating generator, results in better efficiencies
compared to serial arrangements i.e., ηB > ηA and ηC > ηA. In the next section, a general model for the
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efficiency analysis of a class of 1-DOF planetary speed increasers with two inputs and two outputs,
consisting of two in-parallel planetary gear sets will be presented.

3. Generalized Speed and Steady-State Torque Equations for 1-DOF Speed Increasers with Two
Inputs and Two Outputs

Figure 3 shows a general case of a 1-DOF speed increaser with two inputs and two outputs,
obtained by connecting in parallel two planetary gear sets M1 and M2. The main input will be from
the primary wind or water-turbine rotor R1, while the main output will be the generator rotor GR.
The two planetary gear sets are connected through two links, one to the frame (i.e., body 0), and the
second to both the secondary input-rotor R2 and to stator GS of the electric generator. The other
input is connected to the primary rotor R1, while the electric generator rotor (GR) is connected to the
other output.
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Figure 3. Block diagram of 1-DOF speed increasers with two counter-rotating inputs and two
counter-rotating outputs, obtained by connecting in parallel the planetary gear sets M1 and M2.

With either the sun gear or planet carrier hold fixed to the frame, the two planetary gear sets M1
and M2 become 1-DOF mechanisms. Due to the constraints introduced by connecting the output of M1
to the input of M2, the speed increaser with two inputs and two outputs (L = 4) will have one degree
of freedom.

Four functional variants of the 1-DOF speed increaser in Figure 3 are possible, depending on how
the inputs and the outputs of the mechanism are activated:

(1) Variant V1: where both inputs R1 and R2, and both outputs GR and GS are active (L = 4). A system
with two counter-rotating rotors and one counter-rotating electric generator is obtained.

(2) Variant V2: where both inputs R1 and R2 and the electric-generator output GR are active (L = 3).
In this case, a system with two counter-rotating rotors and a standard electric generator with
ωGS = 0 is obtained.

(3) Variant V3: where the main input R1 and both outputs are active (L = 3), case in which a system
with one rotor (TR1 , 0 and TR2 = 0) and one counter-rotating electric generator is obtained.

(4) Variant V4: where only the main input R1 and the main output to the generator rotor GR are
active (L = 2). This results in a system with one rotor (TR1 , 0 and TR2 = 0) and a standard electric
generator withωGR , 0 andωGS = 0.

A 1-DOF mechanism with two inputs and two outputs (L = 4) is characterized by the following
kinematic and static properties [51]:

(1) It has one independent external angular velocity, with ωR1 assumed the independent
kinematic parameter;

(2) It has three angular-velocity transmission functions, i.e., three of the external angular velocities
depend on the independent velocity i.e.,ωR2 =ωR2 (ωR1),ωRG =ωRG (ωR1),ωGS =ωGS (ωR1);

(3) It has one torque-transmission function TR1 = TR1 (TR2, TGR, TGS) i.e., one dependent external torque
(the primary rotor torque TR1) and three independent external torques i.e., TR2, TGR and TGS.
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It is also known that these transmission functions are linear, except for non-circular gears.
As a result, the transmission functions for angular velocities can be written as,

ωGR = a ·ωR1; ωR2 = b ·ωR1; ωGS = c ·ωR1 (13)

where coefficients a, b and c are constant, and have meanings of kinematic ratios. The dependent
torque TR1 can be written as,

TR1 = A · TGR + B · TR2 + C · TGS (14)

where coefficients A, B and C are also constant and have meanings of torque ratios.
The counter-rotating electric generator is characterized by the relative angular velocityωG between

the rotor and the stator, and by the property that the rotor torque TGR and the stator torque TGS are
equal and of opposite signs:

ωG = ωGR −ωGS = (a− c)ωR1; TGS = −TGR (15)

The efficiency η of a 1-DOF speed increaser with two inputs and two outputs is defined as the ratio
between the sum of output powers over the sum of input powers. Since efficiency must be positively,
and since the output powers of a mechanism are always negative, the efficiency equation writes,

η = −
ωGRTGR +ωGSTGS
ωR1TR1 +ωR2TR2

(16)

or by using coefficients a, b, c, A, B and C it becomes:

η = −
a− c

A−C
TR1 − BTR2

TR1 + bTR2
. (17)

The input-torque ratio kt in Equation (11) varies from zero (i.e., TR2 = 0) to a maximum value, depending
on the geometry of the two rotors R1 and R2, where the most common method of changing torque TR2

is to adjust the pitch angle of the rotor blades. The efficiency of the above four variants V1 . . . V4 can be
obtained by considering particular forms of Equations (11) and (17) as follows:

For variant V1 with two inputs (R1, R2) and two outputs (GR, GS):

ηV1 = −
(a− c)(1 + ktB)
(A−C)(1− ktb)

(18)

For variant V2 with two inputs (R1, R2) and one output (GR), i.e.,ωGS = 0:

ηV2 = −
a(1 + ktB)
A(1− ktb)

. (19)

For variant V3 with one input (R1), i.e., kt = 0, and two outputs (GR, GS):

ηV3 = −
a− c

A−C
(20)

For variant V4 with one input (R1), i.e., kt = 0, and one output (GR), i.e.,ωGS = 0:

ηV4 = −
a
A

(21)

Coefficients a, b, c and A, B, C in Equations (18)–(21) can be determined by applying the principle
of superposition. An example on how these coefficients can be determined for the case of a planetary
speed increaser with cylindrical gears will be presented next.
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4. Case Study Analysis

In this section, a novel cylindrical-gear planetary speed increaser will be considered. Its unique
feature is that the input and output motions have opposite directions, provided by planet gear 2 in
series with planet gear 3 (see Figure 4a).
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Figure 4. 1-DOF cylindrical-gear speed increaser in a generalized configuration with two inputs and
two outputs: (a) structural diagram; (b) detail of the two-way clutch (left) in the H ≡ GS position and
(right) in the GS ≡ 0 position; (c) block diagram showing the input-output power flow.

Ring gear 4, connected to the primary rotor R1 is the main input, and meshes with planet gear
3, while the secondary input is the planet carrier H. Ring gear 6 which is fixed, meshes with gear 5
of the compound planet 3–5. Sun gear 1 is connected to the electric-generator rotor (GR), while its
stator is connected to carrier H through a two-way clutch. This clutch allows the transmission of the
mechanical power to output shafts GS and GR (see Figure 4b-left) or, by holding fixed the stator of the
electric generator, to output GR only (see Figure 4b-right).

According to the block diagram in Figure 4c, the speed increaser consists of planetary gear sets
M1 and M2, of which M1 (4-3-5-6-H) contains a compound planet with internal - internal gearing,
and M2 (1-2-3-5-6-H) has two planets in series with external-internal gearing. In this configuration,
the two component mechanisms share the same moving carrier H and the same fixed gear 6.
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In its general configuration with two inputs and two outputs, the four operating variants V1 to V4
become (see Figure 5):

(1) Variant V1: a system with two inputs and two outputs (L = 4), in which both input R1 and R2
and both output GR and GS are active. The input-output torque ratio kt > 0 is controlled by the
blade-pitch angle of either or both rotors R1 and R2, while the clutch is set to connect carrier H to
GS (see Figure 4b-left);

(2) Variant V2: a system with two inputs and one output (L = 3), in which the output is connected to
the electric-generator rotor GR, and stator GS is fixed by the clutch as shown in Figure 4b-right;

(3) Variant V3: a system with one input and two outputs (L = 3), obtained from V1 by deactivating
the secondary rotor R2 (kt = 0);

(4) Variant V4: a system with one input and one output (L = 2), obtained from variant V1 by
deactivating the secondary rotor R2 (kt = 0) and by connecting the electric-generator stator to the
frame (see Figure 4b-right).
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Figure 5. Structural and block diagrams of the 1-DOF speed increaser in Figure 4a with (a) two inputs
and two outputs (variant V1); (b) two inputs and one output (variant V2); (c) one input and two
outputs (variant V3) and (d) one input and one output (variant V4).
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The two component planetary gear sets M1 and M2 are characterized by the interior kinematic
ratios i01 and i02,

i01 = iH46 = iH43 · i
H
56 =

z3z6

z4z5
> 0; i02 = iH16 = iH12 · i

H
23 · i

H
56 =

z3z6

z1z5
> 0 (22)

where izxy is the angular speed ratio of body x and body y relative to body z.
For obvious reasons, the number of teeth z4 of ring gear 4 has to be bigger than the number of

teeth z1 of sun gear 1 (i.e., z4 > z1), and according to Equation (22), inequality i02 > i01 should also
hold true.

Efficiencies η01 and η02 are the internal efficiencies of mechanisms M1 and M2 associated to the
respective planetary gear sets, when carrier H is fixed (see Equation (12), where η0 is the efficiency of one
gear pair, and efficiencies ηz

xy correspond to the power being transmitted from member x to member y
when z is held fixed, and where x, y can be either 1, 2, 3, 4, 5 and H, while z can be either 6 and H).

η01 = ηH
43 · η

H
56 = (η0)

2; η02 = ηH
12 · η

H
23 · η

H
56 = (η0)

3 (23)

Coefficients a, b, c defined in Equation (13) can be calculated by applying a motion-inversion
relative to planet carrier H [51]:

a = i614 =
ω16

ω46
=

1− i02

1− i01
; b = c = i6H4 =

ωH6

ω46
=

1
1− i01

(24)

In turn, torque-transmission functions are also linear equations according to Equation (25)

TR1 = T(GR)
R1 + T(R2)

R1 + T(GS)
R1 ; T(GR)

R1 = A · TGR; T(R2)
R1 = B · TR2; T(GS)

R1 = C · TGS (25)

where T(x)
R1 is the torque at the primary rotor shaft R1 obtained when all independent external torques

are zero, except for Tx, and where coefficients A, B, C defined in Equation (14) are determined by
applying the principle of superposition.

For example, torque T(GR)
R1 is obtained for TGR , 0 (mechanical power is transmitted only to

electric-generator rotor GR) and for TR2 = TGS = 0 (i.e., the secondary rotor R2 and the stator of the
electric generator are idling).

Considering only the power flow from R1 to GR yields,

T(GR)
R1 ·ω46 · η

6
41 + TGR ·ω16 = 0 => T(GR)

R1 = −TGR ·
a
η6

41

(26)

where,

η6
41 = η6

4H · η
6
H1; η6

4H =
1− i01

1− i01
; η6

H1 =
1− i02

1− i02
(27)

and where i01 and i02 are torque ratios [51], defined as:

i01 = i01 · η
x1
01; x1 = sign

(
ω4H
ω46

)
= sign

(
i01

i01 − 1

)
(28)

i02 = i02 · η
x2
02; x2 = sign

(
−
ω1H
ω16

)
= sign

(
−

i02

i02 − 1

)
(29)

In the above equations, sign represents the sign function, and x1 = −1 for i01 < 1 and x1 = +1 for i01

> 1, x2 = +1 for i02 < 1 and x2 = −1 for i02 > 1, i01 , 1, i02 , 1. Because in a counter-rotating electric
generator, the generator rotor must have a higher angular velocity than the stator i.e., |ωGR| > |ωGS|,
then |a| > |c|, and as a result, i02 > 2 and x2 = −1.
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From the condition that rotors R1 and R2 are counter-rotating, i.e., sign (ωR1 ωR2) = −1, and since
b < 0, then i01 > 1 and x1 = +1 (see Equations (13) and (24)). It also implies that:

A = −
a
η6

41

= −
1− i02

1− i01
= −

1− i02 · η
−1
02

1− i01 · η01
(30)

Coefficients B and C are determined similarly to coefficient A, by considering the power flow from
R1 to R2 and from R1 to RS:

T(R2)
R1 ·ω46 · η

6
4H + TR2 ·ωH6 = 0 => T(R2)

R1 = −TR2 ·
b
η6

4H

(31)

T(RS)
R1 ·ω46 · η

6
4H + TRS ·ωH6 = 0 => T(RS)

R1 = −TRS ·
c
η6

4H

(32)

According to Equation (24), b = c which yields:

B = C = −
b
η6

4H

= −
c
η6

4H

= −
1

1− i01
= −

1
1− i01 · η01

(33)

By employing Equations (18)–(21), the efficiencies of the four variants of the 1-DOF planetary
speed increaser are obtained.

For variant V1: two inputs and two outputs (L = 4):

ηV1 =
i02

i02
·

1− i01 − kt

1− i01 − kt
= η02 ·

1− i01η01 − kt

1− i01 − kt
(34)

For variant V2: two inputs and one output (L = 3,ωGS = 0):

ηV2 =
1− i02

1− i02η
−1
02

·
1− i01η01 − kt

1− i01 − kt
. (35)

For variant V3: one input and two outputs (L = 3, kt = 0):

ηV3 = η02 ·
1− i01η01

1− i01
(36)

For variant V4: one input and one output (L = 2,ωGS = 0, kt = 0):

ηV4 =
1− i02

1− i02η
−1
02

·
1− i01η01

1− i01
(37)

5. Numerical Simulations and Discussions

Four independent parameters, i.e., i01, i02, kt and η0 occur in the efficiency Equations (34)–(37)
of the planetary speed increaser variants V1, V2, V3 and V4. The effects of these parameters upon
overall efficiency and kinematic ratios of the respective speed increasers have been studied using
bivariate plots as explained in [55,56] (see Figures 6–10; note that in some of these plots the z-axis has
been reversed for clarity). The value ranges of these four parameters have been considered as follows:
the kinematic ratio of the speed increaser iaG =ωG/ωR1 ≥ 3, input torque ratio kt < 2 and efficiency of a
typical pair of gears η0 > 0.94 [57].
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Figure 6. Efficiency of the 1-DOF speed increaser variant V1 (Figure 5a) as function of the interior
kinematic ratio i01, torque ratio kt, and efficiency of each gear-pair η0 = 0.98.
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Figure 7. Efficiency of the 1-DOF speed increaser variant V2 (Figure 5b), as functions of the interior
kinematic ratios i01 and i02, for torque ratios kt = 0, 0.5, 1.0, 1.5 and 2.0, assuming η0 = 0.965.
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Figure 9. Efficiency of the 1-DOF speed increaser variant V4 (Figure 5d) as functions of the interior
kinematic ratios i01 and i02, for various gear-pair efficiencies η0 = 0.94, 0.95, 0.96, 0.97 and 0.98.
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Figure 10. Variations of kinematic ratios (a) iaGR (from R1 to GR), (b) iaGS (from R1 to GS) and (c) iaG (from
R1 to G in of counter-rotating electric generator) as functions of the interior kinematic ratios i01 and i02.

According to Equation (34), the efficiency of a speed increasers with two counter-rotating wind or
water rotors and counter-rotating electric generator (variant V1) depends on i01, kt and η0, and it is not
influenced by the interior kinematic ratio i02. As the plot in Figure 6 shows, the efficiency ηV1 of the
speed increaser is influenced the most by the efficiency η0 of its constituent gear pairs, resulting in more
than 12% increase, for only 4% improvement in η0 i.e., from 94% to 98%. Consequently, care should
be given to the manufacturing quality of the individual gears. Also, what is visible in Figure 7 is a
rapid decrease of ηV1 with a reduction of parameters i01 and kt, most noticeable for i01 < 1.75 and
kt < 0.75. From Figure 10c it additionally becomes apparent that for 1 < i01 < 2, high values of the
amplification ratio iaG are obtained. During the operation of a power generating system equipped with
such a transmission, torque ratio kt will be adjusted via the pitch angles of the wind or water rotors.
In the design stage, the anticipated range of kt should be correlated with interior ratio i01 and gear-pair
efficiency η0 to achieve best speed increaser efficiency and a high amplification ratio iaG.

In case of variant V2 of gear increasers (which is the same as variant V1 but with a locked stator,
i.e., ωGS = 0) Equation (35) indicates that the efficiency ηV2 of the increaser depends on all four
parameters i01, i02, kt and η0. Assuming that each gear-pair of the transmission has the same efficiency
η0 and equal to 0.965, according to the plot in Figure 7, ηV2 is influenced manly by the interior kinematic
ratio i01 and by the torque ratio kt, and less by the interior ratio i02. As i02 increases and for i01 and kt
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assumed constant, a slight increase of ηV2 is observed. Likewise, efficiency ηV2 increases for kt < 1,
and decreases slightly for kt > 1 as i01 increases. For kt = 1, efficiency ηV2 no longer depends on i01,
which may be interesting when large kinematic amplification ratios iaG are desired. Same as for variant
V1, an increase of the torque ratio kt is accompanied by an increase in efficiency ηV2. The increase of
ηV2 with kt is more significant for small values of i01 than is for larger values of i01.

The efficiency of gear transmission variant V3 with one input R1 and two counter-rotating outputs
GR and GS, depends only on i01 and η0 (see Equation (36)). The internal gear ratio i01 does not affect
the efficiency ηV3 of the increaser and kt = 0. The 3D plot in Figure 8 shows, for i01 held constant,
a linear correlation of efficiency ηV3 with η0. Also apparent is a rapid drop of efficiency ηV3 with i01,
particularly for i01 < 1.75.

Variant V4 of gear increaser is characterized by kt = 0 (there is only one input i.e., R1) and by
ωGS = 0 (the generator has a fixed stator). According to Equation (37) its efficiency ηV4 depends on
parameters i01, i02 and η0. Higher values of the efficiency ηV4 are obtained for larger values of these
three parameters, of which η0 has the most effect, Figure 9. Internal kinematic ratio i02 has a smaller
effect, however, a rapid drop in ηV4 is observed for i01 approaching 1.

Based on the same plots in Figures 6–9, the following additional conclusions can be drawn:

− Efficiencies ηV1 and ηV2 increase as the input torque ratio kt increases. This is explicable by the
relative increase of the power from the secondary wind or water rotor R2. It is worth mentioning
that the power flow from R1 passes entirely through mechanism M1 and then through part of
mechanism M2, while the power flow generated by R2 passes only partially through M2 and the
rest is transmitted directly to the generator stator GS;

− The interior kinematic ratio i01 influences strongly the speed-increaser efficiency in all four variants
as kt approaching 0, particularly if 1 < i01 < 1.75. Furthermore, the mechanism locks (i.e., efficiency
becomes negative) for i01 approaching 1;

− The interior kinematic ratio i02 does not occur in the efficiency Equations (34) and (36) for the
speed increaser variants V1 and V3 with counter-rotating electric generator. Instead, efficiencies
ηV2 and ηV4 (the cases with electric generator with a fixed stator) have markedly lower values for
small values of parameter i02, but increase with the increase of i02;

− The quality of the component gears and therefore the individual gear pair efficiencies η0, have a
major influence upon the efficiency of the speed increaser, regardless of variant V1 to V4. Therefore,
it is recommended that good quality gear pairs are used, in order to minimize losses and maximize
the efficiency in transmitting mechanical power from wind or water rotors to the electric generator.

As a general conclusion, Figures 6–9 confirm that split-power transmissions have higher efficiencies
than serial transmission. Overall, the best efficiencies are provided by variant V1, which combines
the split input power (Figure 2c) with the split output power (Figure 2b). The second most efficient
is variant V2 with two inputs and one output (Figure 2c), followed by variant V3 with a single rotor
and counter-rotating electric generator (Figure 2b). The least performing variant is V4 with serial
transmission of mechanical power (Figure 2a). Thus, the efficiency of hydro/tidal/wind systems can be
increased by adopting either a split-input power transmissions, a split-output power transmissions,
or a transmissions with power split both at input and at output.

The interior kinematic ratios i01 and i02 of the component mechanisms M1 and M2, directly influence
the transmission of input angular speed ωR1 to the electric generator, and implicitly, the relative speed
ωG between the generator rotor and stator. The plots in Figure 10, depicted for variant V1 with two
inputs and two outputs, indicate that the amplification ratio iaG =ωG/ωR1 increases with the decrease
of i01 and with the increase of i02. High kinematic ratios iaG can be obtained at reduced internal ratios
i01 (e.g., iaG = 50 for i01 = 1.2 and i02 = 10) and/or in combination with high values of internal ratio i02

(e.g., iaG = 30 for i01 = 1.5 and i02 = 15).
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6. Conclusions

This paper presented a generalized model of efficiency calculation of 1-DOF speed increasers
applicable to hydro and wind energy conversion systems with two gear mechanisms in parallel.
Possible operating modes involve one input or two counter-rotating inputs, and with a single or two
generator outputs. The inputs are provided by two counter-rotating wind or water rotors, while the
outputs are linked to the counter-rotating rotor and the stator of an electric generator.

It was found that the in-parallel or split-power transmissions have higher efficiency compared
to the serial transmissions. The in-parallel power transmission can be achieved, either by using two
counter-rotating wind or water rotors, or by employing an electric generator with counter-rotating
rotor and stator. As a result, counter-rotating systems have higher efficiencies than conventional single
input, single output systems.

For the general case of a speed increaser with two inputs and two outputs, an efficiency analysis
has been performed where transmissions with only two inputs and one output; one input and two
outputs, and with one input and one output result as particular cases. This approach has then been
applied to a novel planetary gear speed increaser, which can operate in all four possible combinations
using a built-in two-way clutch, and by adjusting the pitch angle of the wind or water rotors.

The results reveal that the speed-increasers with two inputs and two outputs have higher efficiency.
The results presented in this paper offer design engineers a useful approach for the analysis and
synthesis of high-performance wind/tidal/hydro electrical systems.
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Nomenclature

CRWT Counter-Rotating Wind Turbine
SI Speed increaser
R Rotor
R1 Primary rotor
R2 Secondary rotor
P Power
ω Angular speed
T Torque
kt Ratio of the input torques
z Gear teeth number
H Satellite carrier
a, b, c Kinematic coefficients
A, B, C Static coefficients
DOF Degree of Freedom
M1, M2 Mechanism 1 or 2
L Total number of inputs and outputs
G Standard electric generator
GR Electric generator rotor
GS Electric generator stator
i Kinematic ratio

i01,2
Interior kinematic ratio of the mechanism
M1,2

ia Amplification kinematic ratio
η Efficiency of the speed increaser
η01,2 Interior efficiency of the mechanism M1,2
η0 Efficiency of a gear pair
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The paper presents a comparative analysis on the steady-state behavior of two
counter-rotatingwind turbines with same components, where the generator can
operate as a counter-rotating (with both a mobile rotor and stator—Case a) vs.
conventional (with a fixed stator—Case b) electric machine. These wind energy
conversion systems (WECSs) also have two coaxial counter-rotating wind rotors
and a one-degree-of-freedom (1-DOF) planetary speed increaser with two
inputs and one or two outputs for compatibility with the considered generator.
The paper aims at highlighting the efficiency and energy performances of
WECSs with a counter-rotating vs. conventional generator by investigating three
functional scenarios (A, B, and C) of the two WECS cases (a and b) under the
assumption of identical or different counter-rotating wind rotors. A generalized
kinetostatic modeling algorithm is first proposed, starting from the general case
of WECS with a counter-rotating generator, which allows the establishment
of analytical relationships corresponding to speeds and torques at input and
output shafts. Numerical simulations of the obtained closed-formmodel in each
scenario highlighted the influence of the constructive parameters on WECS
performances, as well as the energetic superiority of WECS, with a counter-
rotating generator (Case a) vs. conventional generator (Case b): higher efficiency
by 1.2% and more output power by 1% (Scenario A) to 5.5% (Scenario C).

KEYWORDS

wind turbine, counter-rotating rotors, counter-rotating electric generator, torque-
adding speed increaser, modeling, kinematics, statics, operating point

1 Introduction

The European Union (EU) released a revised directive concerning sustainable energy
in 2018 (European Union, 2018) which establishes a mandatory objective at the EU level
stating that the share of energy from sustainable sources should be at aminimumof 32%until
2030, adding a clause which would allow an ascending revised growth of this percent until
2023 (Windeurope, 2017). Wind energy is the source with the highest percentage of energy
production out of the total amount of sustainable energy in EU, and onshore and offshore
wind energy is estimated to represent approximately 21% of electric energy production
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by 2030. When considering the built environment, a main challenge
in designing and implementing wind energy conversion systems
(WECS) is to get increased efficiency and energy production that
can become main arguments toward choosing sustainable energy.

The growth of energetic performance of wind turbines and
optimization of wind potential harnessing can be conducted
through different technical solutions converging into one main
direction—optimization of the conversion of wind energy into
electric energy. This issue refers to the design of either the
rotor, gearbox, or electric generator. Thus, the use of multi-rotor
systems (Kale and Sapali, 2012) and counter-rotating (primary
and secondary) rotors vs. single-rotor (conventional) WECS has
proved to harvest more wind energy and, consequently, to increase
the electricity production by approximately 40% (Li et al., 2013).
Counter-rotating WECS contains two coaxial wind rotors rotating
in opposite directions, which can be placed on the same side or
on both sides of the nacelle. The primary rotor is the upwind
rotor, and the secondary one—the downwind rotor. Vasel-Be-
Hagh and Archer (2017) stated that using counter-rotating rotors
is 22.6% more efficient in power production than using the
single-rotor wind farms, while Circiumaru Oprina et al. (2022)
established experimentally the efficiency of counter-rotating WECS
on the diameters of the two rotors, with an increase in system
efficiency of up to 49.14% being achieved for lower ratios between
the diameters of front (upwind) and rear (downwind) rotors.
Pacholczyk et al. (2017) demonstrated by simulation that a counter-
rotating 5 MWwind turbine brings approximately 20%of additional
power compared to the conventional type. Other results refer to the
performance of counter-rotating WECS at different aerodynamic
loads and blade pitch angles (Jung et al., 2005; No et al., 2009;
Rosenberg et al., 2014; Blecharz and Pacholczyk, 2018; Wang et al.,
2022), for different number of blades (Pamuji and Bramantya,
2019), various rotor axial distances (Irawan and Bramantya, 2016;
Koehuan and SugiyonoKamal, 2017; Pacholczyk et al., 2019), or
different rotor configurations (Radhakrishnan et al., 2022). Thus,
Rosenberg et al. (2014) demonstrated that the power coefficient for
counter-rotating rotors is influenced by the distance between the
rotors and their diameters, increasing by 8%–9% when the distance
equals the rotor radius and by 7% when the diameter of the upwind
rotor is a quarter of the downwind rotor diameter. The pitch control
strategy for a 1 MW dual-rotor wind turbine and the impact on its
performance were established theoretically (No et al., 2009), both in
steady-state and transient regimes, and the results concluded that
the proposed model has to be refined by testing the turbine in-
site. Li et al. (Zhiqiang et al., 2018) analyzed the improvement of the
power coefficient of a micro-counter-rotating wind turbine based
on the aerodynamics, the diameters, and configuration of the two
rotors and proved that the position of the secondary rotor influences
the system efficiency. Moreover, Jung et al. (2005) studied a 30 kW
counter-rotating WECS and concluded that the best performance
can be obtained when the distance between the rotors is half the
auxiliary rotor diameter with the power coefficient reaching 0.5. In
addition, it was proved experimentally that the power coefficient
decreases with the increase in the pitch angle. A 3 kW coaxial, multi-
rotor horizontal-axis wind turbine was built and tested by Mitchell’s
project team, demonstrating that its power output is approximately
three times higher at low and medium wind speeds than a single-
rotor turbine of the same diameter (Queen, 2007). All research

works concluded that the counter-rotating configuration of rotors is
preferable for small power applications rather than the single-rotor
WECS.

Regarding the electric generators forWECS, Booker et al. (2010)
and Habash et al. (2011) proposed the use of counter-rotating
electrical generators for wind turbine applications in urban areas,
which have a mobile rotor (GR) and mobile stator (GS) rotating
in opposite directions due to their increased energy performance
compared to the conventional (with a fixed stator GS) generators.
The counter-rotating generator was further investigated in terms of
performance and rotor topology by Kutt et al. (2020), Egorov et al.
(2021), and Mirnikjoo et al. (2021) and in terms of optimized
system configuration with counter-rotating rotors (Mirnikjoo et al.,
2020; Ullah et al., 2022a; Ullah et al., 2022b). Cho et al. (2017)
analyzedthe performance and control of a WECS with counter-
rotating rotors and counter-rotating generator and concluded that
this configuration can lower the tip speed ratio at which the
power curve attains its maximum almost by half in comparison to
the single-rotor system. The designers and developers of counter-
rotating generators recommend their use mainly in low-power
counter-rotating WECS connected directly to the rotors.

In order to achieve the higher speed requirement of the electric
generator, the wind turbines need to include a gearbox for increasing
the lower speed of wind rotors. Various types of speed increasers
are presented and discussed in the literature: fixed-axis type
(Jaliu et al., 2008a; Bevington et al., 2008; Marjanovic et al., 2012),
planetary transmissions (Shin, 1999; Jaliu et al., 2008b; Jelaska et al.,
2015; Saulescu et al., 2016a; Neagoe et al., 2017; Pastor et al., 2021),
and variable speed transmissions (Erturk et al., 2018; Bharani and
Sivaprakasam, 2020). Due to their advantages, i.e., high kinematic
ratio, reduced radial size, and better efficiency, the researchers
consider that the planetary speed increasers are suitable for both
single-rotor systems, mainly for the high-power WECS, and for the
multi-rotor WECS. For instance, Dong et al. (2017) and Vázquez-
Hernández et al. (2017) investigated the parameters that affect the
design and the conversion efficiency of WECS and concluded that
the use of a planetary transmission is the best option for wind
turbines.

In addition, in the counter-rotating WECS configurations,
the planetary transmissions can operate either as one-degree-
of-freedom (1-DOF) or two-DOF speed increasers, improving
in both cases the wind turbine performance. The two operation
cases were included by Qiu et al. (2017) in a synthesis of planetary
transmissions used in WECS as possible gearboxes, while
Saulescu et al. (2018) proposed an algorithm for the conceptual
design of the planetary 1-DOF and 2-DOF speed increasers
for different functioning situations. Various innovative solutions
of planetary speed increasers were proposed (Saulescu et al.,
2016b; Saulescu et al., 2018; Neagoe et al., 2019) for counter-
rotating WECS. The performance in the steady-state regime of
the different WECS configurations was investigated comparatively
(Saulescu et al., 2016b; Neagoe et al., 2019; Saulescu et al., 2021;
Neagoe and Saulescu, 2022), and a generalized approach for the
efficiency analysis of 1-DOF speed increasers for counter-rotating
WECS was proposed (Neagoe et al., 2020).

Recent research proved that the use of the counter-rotating
generators can lead to a higher conversion efficiency of WECS
than the conventional system (Saulescu et al., 2016a; Saulescu et al.,
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2016b; Neagoe et al., 2017; Neagoe et al., 2019; Neagoe et al., 2020;
Saulescu et al., 2021; Neagoe and Saulescu, 2022). However, only
a few studies analyzed WECS configuration with both counter-
rotating rotors and counter-rotating generator andproposed suitable
mechanical transmissions (Neagoe et al., 2019; Neagoe et al., 2020;
Neagoe and Saulescu, 2022). To the best of our knowledge, a
major research gap identified in the literature review was the
need for comparative analysis of these types of WECS in different
structural–functional scenarios that allow their constructive
optimization and highlight their benefits in comparison with WECS
with a conventional generator.

The paper proposes two WECS configurations that combine
the concepts of counter-rotating wind rotors and counter-rotating
or conventional electric generator and integrate a novel 1-DOF
planetary speed increaser with two inputs and two outputs. The
proposed transmission can accommodate both the conventional
generator and the counter-rotating generator. The paper proposes
a generalized modeling approach of these two types of counter-
rotating systems with a counter-rotating generator (Case a) vs.
conventional generator (Case b) and compares their energy
performance simulation results in the steady state by considering
three scenarios. The same primary rotor and same electric generator
are used for both cases in all scenarios, while the secondary rotor is
designed as follows:

- Different in the two applications, being established from the
condition of achieving the same ratio of input torques kt
(Scenario A).

- Identical to the primary rotor R1 but operating at a torque and
angular speed (in absolute value) different from R1 (Scenario B).

- Identical to the primary rotor R1 and operating at a torque and
angular speed (in absolute value) identical to R1 (Scenario C).

The remainder of the paper is organized as follows: two WECS
configurations (Case a and Case b), consisting of two counter-
rotating rotors—a 1-DOF speed increaser and a counter-rotating or
conventional electric generator, are proposed in Section 2. Section 3
presents a generalized analytical kinematicmodeling, and the torque
and efficiency modeling algorithm is proposed in Section 4, based
on the input torque ratio kt . Section 5 deals with the expression
of the kt ratio and the mechanical characteristics of the rotors and
generator, while Section 6 provides the expressions of the operating
point for the proposed WECS configurations. Section 7 presents the

numerical simulations and discussions for the three scenarios, and
Section 8 is devoted to final conclusions.

2 Problem formulation

The two WECSs with counter-rotating rotors (R1—primary
rotor and R2—secondary rotor) considered in this comparative
study are schematically illustrated in Figure 1. The analysis is based
on the following correlation: the second variant (Figure 1B) can
be obtained from the counter-rotating system with two outputs
(materialized by the rotor GR and the stator GS of a counter-
rotating generator Gc, Figure 1A) by breaking the connection
between the speed increaser SI and the stator GS and by fixing
the stator (Figure 1B). Therefore, the mathematical models derived
in the general case of systems with a counter-rotating generator
(Case a) allow proving the results obtained for systems with a
conventional generator G (Case b) by customizing the GS stator
state.

The following assumptions are used in the comparative analysis
of the two WECSs:

• Both WECSs use the same mechanical transmission SI, for
which the following parameters are known: internal kinematic
ratio and internal efficiency.

• The same mechanical characteristics are considered for the
homologous wind rotors on the one hand and for the electric
generators (both conventional and counter-rotating) on the
other hand.

• The ratio of the torques of the two wind rotors
kt = −TR2/TR1 > 0 is introduced; it allows controlling the
mechanical characteristic of the rotor R2.

The planetary speed increaser (Figure 2) is a complex
transmission consisting of two parallel-connected 1-DOF
planetary gear sets, 1-2-3-5-6-H (PG I = 01) and 4-3-5-
6-H (PG II = 02), which have three sun gears (1, 4, and
6) and a common planet carrier H (Figure 3). The internal
kinematic ratios of the two planetary gear sets are denoted by
i01 = iH16 = i

H
12 ⋅ i

H
23 ⋅ i

H
56 =

ω1
ω2

ω2
ω3

ω5
ω6
= (− z2

z!
)(− z3

z2
)(+ z6

z5
) = + z3

z1

z6
z5

and

i02 = iH46 = i
H
43 ⋅ i

H
56 =

ω4
ω3

ω5
ω6
= (+ z3

z4
)(+ z6

z5
) = + z3

z4

z6
z5
, respectively, where

zi is the teeth number of the gear i = 1…6 and izxy is the kinematic

FIGURE 1
Conceptual diagrams of the WECS considered in the comparative analysis: systems with a counter-rotating generator (A) and conventional generator
(B).
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FIGURE 2
Structural schemes and block diagrams of the 1-DOF systems with a counter-rotating generator (A) and conventional generator (B).

ratio, where the rotational motion is transmitted from body x to
body y and z is considered the reference body.

According to Figure 2A; Figure 3, the WECS with two counter-
rotating wind rotors (R1 and R2), a speed increaser (1-2-3-
4-5-6-H), and a counter-rotating electric generator Gc uses
a planetary transmission with two inputs (H ≡ R1—primary
input; 4 ≡ R2—secondary input) and two outputs (1 ≡
GR—primary output; H ≡ GS—secondary output). Thus, the
1-DOF planetary speed increaser transmits the mechanical
power from the counter-rotating wind rotors to the electric
generator whose rotor and stator rotate in opposite directions.
This 1-DOF planetary mechanism has the property of a)
summing the input torques from the wind rotors (torque-adding)
and b) transmission in a determined way of an independent
external motion to the other three exterior links. Overall, the
planetary transmission (Figure 2A) has four inputs and outputs
(L = 4): conventionally, the primary input is connected to the wind
rotor R1, and the secondary input is connected to the wind rotor
R2; the two outputs are connected to the rotor GR and to the stator
GS. According to Figure 2A, the secondary input R2 is connected

directly to the stator GS. Because the transmission from Figure 2B
can be obtained by breaking the connection between the secondary
output H and the generator stator and by fastening the stator GS
to the base, its kinematic and static model can be derived as a
particular case of the mathematical model of the speed increaser
from Figure 2A.

The kinematic and static (torque) correlations, which are
systematized in relationships (1)–(3), (4), and (5), refer to the
systems shown in Figure 2 and allow highlighting their performance
by considering themechanical characteristics of the wind rotors and
the generator or the behavior of one wind rotor in relation to the
other. The efficiency of the transmission can be determined either
based on the torques of the two wind rotors or by using the torque
of the primary rotor (TR1) and the input torque ratio kt .

3 Kinematic modeling

The specific kinematic correlations of the speed increaser and
its connections to the external links can be written according to

Frontiers in Energy Research 04 frontiersin.org

https://doi.org/10.3389/fenrg.2023.1215509
https://www.frontiersin.org/journals/energy-research
https://www.frontiersin.org/journals/energy-research#articles


Saulescu et al. 10.3389/fenrg.2023.1215509

FIGURE 3
Block diagram of the 1-DOF planetary speed increaser with two inputs
and two outputs.

Figure 3 starting from the general relationships of a planetary gear
set (Neagoe et al., 2020).

Considering the motion of the rotor R1 as an independent
parameter, Eq. 1 highlights the kinematic correlations specific to the
isolated subsystems:

• Input shafts:

ωR1 = ωH; ωR2 = ω4. (1a)

• Planetary gear sets:

PGI: ω1 −ωH(1− i01) = 0; PGII: ω4 −ωH(1− i02) = 0. (1b)

• Transmission connections with the generator stator and rotor:

ωGR = ω1; ωGS = ωH. (1c)

• The transmission functions of the system:

{{{{
{{{{
{

ωR2 = ωR1(1− i02);

ωGR = ωR1(1− i01);

ωGS = ωR1.

(1d)

Based on the aforementioned equations, the kinematic
transmission functions can be obtained as follows:

• 1-DOF speed increaser with two counter-rotating inputs and
two counter-rotating outputs, as shown in Figure 2A:

ωGc = ωGR −ωGS = −i01ωR1. (2)

• 1-DOF speed increaser with two counter-rotating inputs and
one output, as shown in Figure 2B (ωGS = 0 and ωGR = ωG):

ωG = ωR1(1− i01). (3)

4 Torques and efficiency modeling

Analogous to the kinematic modeling, the static modeling is
performed using the block diagram shown in Figure 3, which allows
identifying the static correlations specific to the two planetary gear
sets, the equilibrium equations of the links between them and also
of the external connections, and the static transmission function.
These relationships together with the mechanical characteristics
of the wind rotors and the counter-rotating/conventional electric
generator can be used for identifying the following: the operating
point of the machine of wind rotors—speed increaser—electric
generator type; the mechanical power obtained at the input of the
electric generator; the power flow through the speed increaser and
its efficiency; and the influence of the ratio kt.

For the 1-DOF speed increaser with two counter-rotating
inputs and two counter-rotating outputs, as shown in Figure 2A,
the equality TGc = TGR = −TGS is considered (also valid for the
conventional generator) by considering the torque balance for the
generator stator and rotor. According to Figure 3, the planetary
speed increaser is characterized by the following static correlations
starting from its isolated subsystems:

• Input shafts:

TR1 −TH = 0; TR2 −T4 = 0. (4a)

• Internal shafts:

TH −TH1
−TH2
−TH3
= 0; T6 −T6′ −T6″ = 0. (4b)

• Planetary gear sets (PG I and PG II):

{{
{{
{

T1 +T6″ +TH2
= 0; T4 +T6′ +TH1

= 0;

T6″ = −T1
i01
η01
; T6′ = −T4i02η02.

(4c)

• Transmission connections with the generator stator and rotor:

TGR −T1 = 0; TGS +TH3
= 0. (4d)

• Transmission functions of the system:

TGR = TR1
η01 − ktη01(1− i02η02)

i01
. (4e)

• The mechanical characteristics of the wind rotors and the
electric generator:

{{{{
{{{{
{

TR1 = −aR1ωR1 + bR1;

TR2 = −ktTR1 = −aR2ωR2 + bR2;

−TGc = aGωGc − bG.

(4f)

• For the 1-DOF speed increaserwith two counter-rotating inputs
and one output, as shown in Figure 2B, Eq. 4 is particularized
for the fixed stator and TH3

= 0:
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{{{{{{{{{{{{{{{{{{{{{{{{{{{{
{{{{{{{{{{{{{{{{{{{{{{{{{{{{
{

T*
1 +T

*
6″ +T

*
H2
= 0; T*

4 +T
*
6′ +T

*
H1
= 0

T*
6″ = −T

*
1
i01
η01
; T*

6′ = −T
*
4i02η02

T*
H −T

*
H1
−T*

H2
= 0; T*

6 −T
*
6′ −T

*
6″ = 0;

TR1 −T*
H = 0; TR2 −T*

4 = 0

TG −T*
1 = 0

TG = −TR1
η01 − ktη01(1− i02η02)

η01 − i01

TR1 = −aR1ωR1 + bR1; TR2 = −ktTR1 = −aR2ωR2 + bR2

−TG = aGωG − bG.

(5)

In order to avoid possible confusions, the static parameters
belonging to the system with a conventional generator, that have
different values than those of the first case, are marked with an
asterisk.

5 Determination of the kt ratio

In the general case, the static ratio kt depends on the input and
output mechanical characteristics; a certain value for the kt ratio
can be obtained by modifying appropriately at least one mechanical
characteristic. As a result, the analytical expressions of the kt ratio
are further modeled for both systems according to the coefficients
of the input and output mechanical characteristics:

• Case a, see Figure 2A and Eq. 4:

{{
{{
{

TR2 = −ktTR1;

TGc = TR1
η01 − ktη01(1− i02η02)

i01
.

(6)

By replacing the mechanical characteristics presented in Eq. 4
into Eq. 6 and by considering the kinematic correlations from Eqs 1,
2, the following equation system is obtained:

{{{{{{
{{{{{{
{

−aR2ωR2 + bR2 = aR1ktωR1 − bR1kt;

−aGωGc + bG = −aR1
η01 − ktη01(1− i02η02)

i01
ωR1 + bR1

η01 − ktη01(1− i02η02)
i01

;

ωR2 = ωR1(1− i02);
ωGc = −ωR1i01.

(7)

The kt ratio can be obtained by solving the equation systemEq. 7:

kt = −
aR1bR2η01 + aR2bR1η01(i02 − 1) + aR2bGi01(1− i02) + aGbR2i

2
01

aR1[bR2η01(i02η02 − 1) + bGi01] + bR1[aR2η01(i
2
02η02 − i02η02 − i02 + 1) + aGi

2
01]
.

(8)

By denoting

{{{{{{{{{{
{{{{{{{{{{
{

A = aR1bR2η01 + aR2bR1η01(i02 − 1)

B = aR2bGi01
C = aGbR2

D = bR2η01(i02η02 − 1)

E = aR2η01(i
2
02η02 − i02η02 − i02 + 1),

(9)

it is obtained

kt = −
A+B(1− i02) +Ci201

aR1[D+ bGi01] + bR1[E+ aGi201]
. (10)

Case b, see Figure 2B and Eq. 5:

{{
{{
{

TR2 = −ktTR1;

TG = −TR1
η01 − ktη01(1− i02η02)

η01 − i01
.

(11)

Similar to the previous case, by combining Eqs 1, 3, 5 with
system (11), it is obtained

{{{{{{
{{{{{{
{

−aR2ωR2 + bR2 = aR1ktωR1 − bR1kt

−aGωG + bG = −aR1
η01 − ktη01(1− i02η02)

η01 − i01
ωR1 + bR1

η01 − ktη01(1− i02η02)
η01 − i01

ωR2 = ωR1(1− i02)
ωG = ωR1(1− i01).

(12)

The ratio kt can be determined by solving system (12):

kt = −
A+B(1− i02 − η01 + η01i02) +C(i

2
01 + η01 − i01 − i01η01)

aR1[D+ bG(i01 − η01)] + bR1[E+ aG(i201 − i01η01 − i01 + η01)]
,

(14)

where A, B, C, D, and E are defined by Eq. 9.
Taking into account Eqs 2–5, the expressions of the

constants aR2 and bR2 (related to the characteristic of the wind
rotor R2) are deduced based on the imposed ratio kt; the
following equation can be written from the expression of the kt
ratio:

TR1kt +TR2 = 0. (15)

An equation ofXωR1 +Y = 0 type is obtained fromEq. 15, which
leads to

[−aR1kt − aR2(1− i02)]ωR1 + bR1kt + bR2 = 0. (16)

As the angular speed ωR1 is the independent kinematic
parameter, the previous relationship is fulfilled for any value of
ωR1 only if X = [−aR1kt − aR2(1− i02)] = 0 and Y = bR1kt + bR2 = 0;
therefore, the coefficients aR2 and bR2 become

{{
{{
{

aR2 = −
aR1kt
1− i02

bR2 = −ktbR1.
(17)

6 Determination of the operating
point

The analytical relationships of the kinematic and static
parameters are systematized comparatively in Table 1 for both
analyzed WECSs.

The parameters of the operating point (F) reduced on the shaft
connected to the generator rotor can be also obtained for the two
cases:

• Case a, Figure 2A (see Eqs 2, 4):
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TABLE 1 Analytical expressions of the kinematic and static parameters.

Parameter η01 η02 kt ia ηa
Relationship Case a Case b Case a Case b

η3
g η2

g − TR2

TR1
−i01 1− i01 η01

1−kt(1−i02η02)
1−kt(1−i02)

η01(1−i01)
η01−i01

1−kt(1−i02η02)
1−kt(1−i02)

Case a
Parameter ωGc TGc PGc

Relationship −ωR1i01 TR1
η01

i01
[1− kt(1− i02η02)] −ωR1TR1η01[1− kt(1− i02η02)]

Case b
Parameter ωG TG PG

Relationship ωR1(1− i01) −TR1
η01[1−kt(1−i02η02)]

η01−i01
−ωR1TR1

η01(1−i01)[1−kt(1−i02η02)]
η01−i01

TABLE 2 Values of the parameters related to the steady-state operating point for Scenario (A).

Parameter ω [s−1] T [kNm] P [kW] ωGc; ωG [s
−1] TGc; TG [kNm] PGc; PG [kW] ηa [%]

Case a
R1 14.97 113.25 1,696.13 −149.76 10.27 −1,538.71 0.795

R2 −2.99 −79.27 237.45

Case b
R1 16.57 102.87 1,704.95 −149.16 10.20 −1,522.59 0.783

R2 −3.31 −72.01 238.69

aR1 = 6.5 kNms; bR1 = 210.6 kNm;

aR2 = 22.75 kNms; bR2 = −147.42 kNm;

aG = 0.11 kNms; bG = −6.2 kNm.

i01 = 10, i02 = 1.2, η01 = 0.857, η02 = 0.9025, and kt = 0.7.

{{{{{
{{{{{
{

ωF =
bG −

bR1η01[1−kt(1−i02η02)]
i01

aG +
aR1η01[1−kt(1−i02η02)]

i201

;

TF = −aGωF + bG; PF = ωFTF.

(18)

• Case b, Figure 2B (see Eqs 3, 5):

{{{{{
{{{{{
{

ω*
F =

bG +
bR1η01[1−kt(1−i02η02)]

η01−i01

aG +
aR1η01[1−kt(1−i02η02)]
(η01−i01)(1−i01)

;

T*
F = −aGω

*
F + bG; P

*
F = ω

*
FT

*
F.

(19)

7 Numerical results and discussion

For the purpose of comparative analysis, numerical simulations
are further performed by considering that each of the two WECSs
is characterized by the internal kinematic ratios i01 = 10 and
i02 = 1.2 and the internal efficiency η01 = η

3
g = 0.95

3 = 0.857 and
η02 = η

2
g = 0.95

2 = 0.9025 for all three scenarios, under following
general assumptions:

- The primary rotors R1 have the same mechanical characteristic
(i.e., same values of aR1 and bR1, respectively, see Table 2).

- The electric generators have the same mechanical characteristic
in both cases (i.e., same values of aG and bG, respectively, see
Table 2).

The behavior of the two WECSs is analyzed in three different
scenarios, inwhich the secondarywind rotor and the speed increaser
are modified according to the following assumptions:

Scenario (A): the static ratio in both cases is kt = 0.7, achieved
by the appropriate selection of the mechanical characteristic of the
rotor R2.

Scenario (B): the rotors R2 of the two WECSs are identical with
the rotors R1, but different values of kt are registered for the two
cases.

Scenario (C): the rotors R2 are identical with the rotors R1 in
both cases, and the same value of kt (kt = 1) is obtained for the two
WECSs by changing i02 = 2. In this particular case, the wind rotors
R1 and R2 rotate with equal speeds in opposite directions.

The values of the coefficients aR1,2 and bR1,2 from themechanical
characteristics of the wind rotors R1 and R2, which are dependent
on the blade aerodynamic behavior, were obtained by applying the
algorithm presented in Neagoe and Saulescu (2022). The behavior
of the two types of WECSs is further presented comparatively based
on the values of the kinematic and static parameters in the operating
point, also following the influence of the mechanical characteristics
on the system behavior and energy performance.

7.1 Comparative analysis in Scenario A

The coefficients of the mechanical characteristics describing the
behavior of the rotors R2 are determined based on the previous data,
by means of Eq. 17 and imposing kt = 0.7; then, the parameters of
the operating points of the two systems are determined based on
Eqs 18, 19. The obtained values related to the steady-state operating
points are centralized in Table 2 and illustrated in Figures 4–6. The
mechanical characteristics of the two wind rotors (Figure 4) are
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FIGURE 4
Mechanical characteristics of the wind rotors R1 and R2 in Scenario A.

FIGURE 5
Operating points in Scenario A reduced on the shaft of the
counter-rotating generator T1 = TGc = TGc(ωGc) and on the shaft of the
conventional generator T*

1 = TG = TG(ωG).

reduced on the SI outputs, and thus the operating points in both
cases are obtained, as depicted in Figures 5, 6.

Figure 6 details Figure 5 and presents comparatively the two
operating points reduced on the transmission output shaft and
the afferent mechanical powers. It shows that the output power
in Case a is higher by ∼1% than that in Case b, due to the
generator benefits of a higher torque and a higher angular speed,
implicitly.

From the results systematized in Table 2, it appears that the
efficiency of the system with a counter-rotating generator is higher
than that of the system with a conventional generator; this aspect
is due to the branched transmission of the mechanical power at the
output of the speed increaser, in which case the power transmitted
to the stator of the electric generator is without friction losses
(Figure 3). In the case of the system with a conventional generator,
the entire mechanical power is transmitted through the speed
increaser only to the rotor of the electric generator, and implicitly, the
frictional losses are higher. Therefore, considering a theoretical case
of 1 kW cumulative input power generated by the two wind rotors,
the 1-DOF transmission with two inputs and two outputs delivers

FIGURE 6
Operating points in Scenario A reduced on the generator shafts with
the specification of the afferent mechanical power.

TABLE 3 Values of the parameters related to the steady-state operating
point for Scenario (B).

Parameter Case a (Figure 2A) Case b (Figure 2B)

ωR1 [s−1] 15.45 17.14

TR1 [kNm] 110.15 99.19

PR1 [kW] 1,702.24 1,700.12

ωR2 [s−1] −3.09 −3.43

TR2 [kNm] −190.51 −188.32

PR2 [kW] 588.83 645.53

ωGc; ωG [s−1] −154.54 −154.25

TGc; TG [kNm] 10.80 10.77

PGc; PG [kW] −1,668.97 −1,661.01

ηa [%] 0.728 0.708

kt 1.729 1.898

ia = ωGc(G)/ωR1 −10 −9

aR1 = aR2 = 6.5 kNms; bR1 = −bR2 = 210.6 kNm;

aG = 0.11 kNms; bG = −6.2 kNm.

i01 = 10, i02 = 1.2, η01 = 0.857, and η02 = 0.9025.

to the generator a power of 795 W, while the system with two inputs
and one output delivers a power of 783 W for the same static ratio
kt = 0.7.

Due to the higher efficiency in Case a compared to Case b, an
output power PGc > PG is obtained despite the lower powers of the
rotors R1 and R2, where both rotors operate at lower speeds and
higher torques. This phenomenon can be an advantage, especially
at lower wind speeds.

7.2 Comparative analysis in Scenario B

The values obtained in this scenario are given in Table 3, by
considering identical wind rotors in both cases. Similar to Scenario
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TABLE 4 Values of the parameters related to the steady-state operating
point for Scenario (C).

Parameter Case a (Figure 2A) Case b (Figure 2B)

ωR1 [s−1] 18.42 20.02

TR1 [kNm] 90.87 80.45

PR1 [kW] 1,673.81 1,610.98

ωR2 [s−1] −18.42 −20.02

TR2 [kNm] −90.87 −80.45

PR2 [kW] 1,673.81 1,610.98

ωGc; ωG [s−1] −184.20 −180.18

TGc; TG [kNm] 14.06 13.62

PGc; PG [kW] −2,590.33 −2,454.19

ηa [%] 0.773 0.761

kt 1 1

ia = ωGc(G)/ωR1 −10 −9

aR1 = aR2 = 6.5 kNms; bR1 = −bR2 = 210.6 kNm;

aG = 0.11 kNms; bG = −6.2 kNm.

i01 = 10, i02 = 2, η01 = 0.857, and η02 = 0.9025.

FIGURE 7
Block diagram of the planetary speed increaser from Figure 3 in the
functional case of TGR ≠ 0, TGS = 0, and TR2 = 0.

A, the counter-rotating generator system (Case a) achieves a slightly
higher power output (by ∼0.5%) than Case b, as the mechanical
power is flowing at a higher efficiency (0.728 vs. 0.708) due to the
branched transmission of the output power. Implicitly, the counter-
rotating generator operates at higher torque and rotational speed
than the conventional generator.

In Case a, the rotor R2 extracts a lower power from wind
and the rotor R1 extracts a higher power than Case b. The ratio
kt > 1 in both cases (i.e., 1.729 vs. 1.898), that is, the rotor R2
operates at a higher torque and lower rotational speed than the
rotor R1.

FIGURE 8
Block diagram of the planetary speed increaser from Figure 3 in the
functional case of TGR = 0, TGS ≠ 0, and TR2 = 0.

FIGURE 9
Block diagram of the planetary speed increaser from Figure 3, for
which the independent torque TR2 is considered to be non-zero, i.e.,
TGR = 0, TGS = 0, and TR2 ≠ 0.

7.3 Comparative analysis in Scenario C

In order to meet the premise of kt = 1 in both cases, the value
of kinematic ratio i02 is determined by imposing ωR2/ωR1 = −1 in
Eq. 1d:

i02 = 1−
ωR2

ωR1
= 2. (20)

Table 4 shows the values of the operating points in Case a
and Case b for Scenario C. By imposing the two rotors which
rotate in opposite directions with the same speed, an increase in
the power supply brought by the rotor R2 and a better efficiency
are obtained compared with Scenario B. The kinematic and static
relative behavior of the two cases is similar to the previous
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TABLE 5 Expressions of the torques and speeds for the speed increaser with two inputs and two outputs (Case a, Figure 3).

T(I)j (Figure 7) T(II)j (Figure 8) T(III)j (Figure 9) Tj = T
(I)
j + T
(II)
j + T

(III)
j

TH1 0 0 ktTR1(1− i02η
w
02) ktTR1(1− i02η

w
02)

TH2 −TR1
(1−i01η

x
01)[1−kt(1−i02η

w
o2)]

i01η
x
01

0 0 −TR1
(1−i01η

x
01)[1−kt(1−i02η

w
o2)]

i01η
x
01

TH3 0 TR1
[1−kt(1−i02η

w
o2)]

i01η
x
01

0 TR1
[1−kt(1−i02η

w
o2)]

i01η
x
01

TH −TR1
(1−i01η

x
01)[1−kt(1−i02η

w
o2)]

i01η
x
01

TR1
[1−kt(1−i02η

w
o2)]

i01η
x
01

ktTR1(1− i02η
w
02) TR1

ωH ωR1

T4 0 0 −ktTR1 −ktTR1

ω4 ωR1(1− i02)

T1 TR1
[1−kt(1−i02η

w
o2)]

i01η
x
01

0 0 TR1
[1−kt(1−i02η

w
o2)]

i01η
x
01

ω1 ωR1(1− i01)

T6′ 0 0 ktTR1i02η
w
02 ktTR1i02η

w
02

T6″ −TR1[1− kt(1− i02η
w
o2)] 0 0 −TR1[1− kt(1− i02η

w
o2)]

T6 −TR1[1− kt(1− i02η
w
o2)] 0 ktTR1i02η

w
02 −TR1(1− kt)

ω6 0

where j =H,H1,H2,H3,1,4,6′,6″,6, x = −1, and w = +1.

scenarios, with the efficiency of the speed increaser with two
outputs bringing an improvement of ∼1.5%. In this scenario, both
rotors R1 and R2 registered in Case a have higher power and
torque, accompanied by smaller rotational speed, than those in
Case b.

7.4 Power flow

Analytically, the static transmission functions can be
determined either by solving the system of equations formed by
the static relationships from Eq. 4 or using the “effects overlapping”
method; according to this method, initially abstracting from the
wind rotors and the electric generator, the static analysis of the
considered 1-DOF mechanism with L = 4 can be reduced (due to
its linear-type functions) to the analysis of L = 3 simpler 1-DOF
mechanisms (L = 2); they are obtained from the initially considered
mechanism (Figures 2A, 3), leaving non-null in turn for each of
the three independent torques: TGR, TGS, and TR2. It is obtained as
follows: the mechanism with the block diagram from Figure 7 (with
TGR ≠ 0, TGS = 0, and TR2 = 0), the mechanism from Figure 8 (with
TGR = 0, TGS ≠ 0, and TR2 = 0), and the mechanism from Figure 9,
respectively (with TGR = 0, TGS = 0, and TR2 ≠ 0).

By “overlapping the static effects” of the mechanisms from
Figures 7–9, the expressions of the static transmission functions
of the initial mechanism (Figure 3) and the torque of the electric
generator are obtained. Similarly, the other torques are determined
(see Table 5) while being required in the organologic calculations.

As explained in the problem formulation, the 1-DOF speed
increaser with two inputs and one output (Figure 2B) was obtained
from the speed increaser with two inputs and two outputs
(Figure 3) by breaking the stator connection and by fixing it (i.e.,
ωGS = 0). This speed increaser with one output is a particular
case of the one from Figure 3. Its internal torques and speeds

TABLE 6 Expressions of the torques and speeds for the speed increaser with
two inputs and one output (Case b).

T*
H1 ktTR1(1− i02η

w
02)

T*
H2 TR1[1− kt(1− i02η

w
o2)]

T*
H3 0

T*
H TR1

ωH ωR1

T*
4 −ktTR1

ω4 ωR1(1− i02)

T*
1 −TR1

[1−kt(1−i02η
w
o2)]

1−i01η
x
01

ω1 ωR1(1− i01)

T*
6′ ktTR1i02η

w
02

T*
6″ TR1

[1−kt(1−i02η
w
o2)]i01η

x
01

1−i01η
x
01

T*
6 TR1{kti02η

w
02 +
[1−kt(1−i02η

w
o2)]i01η

x
01

1−i01η
x
01
}

ω6 0

where x = −1 and w = +1.

are presented in Table 6 by processing the relationships (3)
and (5).

A modeling of the power flow from inputs to outputs
in both cases is further developed by considering the input
power of the primary rotor (PR1) as an independent variable
and known values for the input parameters kt = 0.7, i01 = 10,
i02 = 1.2, and ηg = 0.95, as used in Scenario A. The correlations
corresponding to the speeds and torques for highlighting the
power flow in Case a (Figure 10) and Case b (Figure 11) are
obtained by processing Eqs 2, 4, according to Figures 3, 7–9 (see
Table 5).
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FIGURE 10
Power flow for the 1-DOF speed increaser with two inputs and two
outputs (Case a).

FIGURE 11
Power flow for the 1-DOF speed increaser with two inputs and one
output (Case b).

In both cases, the rotor R2 generates lower mechanical power
than the primary rotor (0.14 PR1), which is then directed through
the planetary gear set PG II and subsequently connected with power
PR1. This cumulative power flows on two branches in Case a toward
the generator rotor and stator (Figure 10) and is completely directed
to the generator rotor in Case b, crossing the PG I. Due to the
direct transmission of a significant power share to theGS (0.091 PR1,
Figure 10), the output power inCase a is higher than inCase b (0.907
PR1 vs. 0.893 PR1).

8 Conclusion

The generalized algorithm presented in the paper refers to a
1-DOF planetary transmission with two inputs and two outputs
(L = 4), used as a torque-adding speed increaser in WECS
with two counter-rotating rotors and generator with a mobile
stator.

The conclusions drawn from the comparative analysis of the
obtained results under the considered premises show the following:

• A WECS with a 1-DOF speed increaser with two counter-
rotating outputs achieves a higher efficiency than the WECS
with a single output; considering the initial characteristics and
a cumulative power of 1 kW at the input, the speed increaser
with two counter-rotating outputs brings power gain of 1.2%
compared to the case with one output.

• The mechanical characteristics can significantly influence the
functionality of a system; for example, the WECS with the
set of coefficients defined in Table 2 (Scenario A) achieves a
higher efficiency than the homologous WECS with the set of
coefficients from Table 3 (Scenario B): by 6.7% more in Case a
and by 7.7% more in Case b.

• The correlation between the speeds of the wind rotors
influences decisively their behavior, including static ratio kt; the
increase in the ratio of the wind rotor speeds is accompanied
by the increase in the static ratio kt, as well as input power and
output power delivered to the generator, whilst the mechanical
efficiency decreases (Table 3 vs. Table 4).

The considered planetary transmission reverses the direction
of rotation with respect to the wind rotor R1, sums up the input
torques, and increases the input speed ia = −i01 times (compared to
the motion of the wind rotor R1) while reducing the torque TGR/TR1
times.

The efficiency of the 1-DOF transmission with two counter-
rotating inputs and two counter-rotating outputs does not depend
on the internal kinematic ratio i01 (Table 1) and thus on the
amplification ratio.

Depending on the power required by the generator and
the torque ratio, the proposed algorithm allows determining the
mechanical power parameters on each branch, corresponding to the
transmission outputs (rotor and stator of the electric generator).

The results of this work are limited to the steady-state behavior
of WECS, where constant wind speed is considered and the inertial
effects are null, implicitly.The authors intend in the future to address
the problem of dynamic modeling and simulation of these WECS
types by considering their bodymoments of inertia and their impact
under transitory conditions at variable wind speeds and starting or
stopping regimes. It is also intended to experimentally validate the
numerical results by developing a specific stand for WECS small-
scale prototypes.
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Nomenclature

aG speed coefficient in the generator mechanical characteristic

aR speed coefficient in the wind rotor mechanical characteristic

bG torque term in the generator mechanical characteristic

bR torque term in the wind rotor mechanical characteristic

DOF degree of freedom

F operating point

G conventional electric generator

Gc counter-rotating electric generator

GR generator rotor

GS generator stator

H satellite carrier

i0 internal kinematic ratio

ia speed amplification ratio

izxy kinematic ratio where the rotational motion is transmitted from body x to body y and z is considered as the reference body

kt ratio of the input torques

L total number of inputs and outputs

P power

P* power for the system with a conventional electric generator

PG planetary gear set

R1/R2 primary/secondary wind rotor

T torque

T* torque for the system with a conventional electric generator

η efficiency

η0 internal efficiency

ηa WECS overall efficiency

ηg efficiency of a gear pair

ω angular speed

ω* angular speed in the case of the system with a conventional electric generator

SI speed increaser

WECS wind energy conversion system

z i number of teeth of gear i
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Abstract: Increasing the efficiency of wind power conversion into electricity poses major challenges to
researchers and developers of wind turbines, who are striving for new solutions that can ensure better
use of local wind potential in terms of both feasibility and affordability. The paper proposes a novel
concept of wind systems with counter-rotating wind rotors that can integrate either conventional
or counter-rotating electric generators, by means of the same differential planetary speed increaser,
aiming at providing a comparative analysis of the energy performance of counter-rotating wind
turbines with counter-rotating vs. conventional electric generators. To this end, a generalized
analytical model for angular speeds and torques has been developed, which can be customized
for both system configurations. Three numerical simulation scenarios have been contrasted: (a) a
scenario with identical wind rotors in both systems, (b) a scenario with the secondary wind rotors
being identical in the two applications, but different from the primary rotors, and (c) a scenario with
different secondary rotors in the two wind turbines. The results have shown that the wind systems
with counter-rotating generator are more efficient and have a higher amplification ratio, compared to
systems with conventional generators. In addition, the analyzed wind system with a counter-rotating
generator displays better energy performance with low values for output power and ratio of input
speeds, whereas the wind turbine with a conventional generator proves to be more efficient in the
high-value range of the above-mentioned parameters.

Keywords: wind turbine; counter-rotating wind rotors; counter-rotating electric generator; planetary
speed increaser; speed-adding increaser; modeling; operational point

1. Introduction

Wind energy has become increasingly popular among renewable energy sources
worldwide, representing a valuable alternative to fossil fuels and other polluting sources
of energy production. Most of the wind turbines that are currently in operation both
onshore and offshore have a conventional structure, consisting of a single wind rotor, a
speed increaser and a conventional generator. However, as the use of wind energy is
gathering pace, there is a constant need for either improving the existing wind turbines or
developing innovative higher performance models. Thus, a better use of wind potential
and a more efficient energy conversion, leading to a boost in electricity production, are
major milestones that researchers, designers and developers in the field are constantly
striving to reach.

In recent years, several innovative wind turbine solutions have been developed with
improvements regarding the wind rotor, the speed increaser or the electric generator. For
instance, a number of studies have been conducted on various issues, such as:

• the development of innovative concepts of wind turbines (with horizontal axis and
counter-rotating rotors [1–4], or with multiple and smaller rotors in a spatial arrange-
ment [5]). An example of comprehensive, but not exhaustive overview of research
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achievements in counter-rotating wind turbine systems development, characterization
and use can be found in [4];

• the influence of rotor pitch on the output power of a conventional wind turbine [6]
and of a counter-rotating wind turbine [7];

• the effect of the number of blades of counter-rotating wind turbines on the system
performance [8];

• the performance of new types of counter-rotating wind turbine with vertical axis [9,10], etc.

Several studies have offered a contrastive approach to single-rotor vs. counter-rotating
wind turbines, proving that the latter can increase the power conversion efficiency by 40%
as against the former [7,11]. When using the two types of rotor in wind farms, Vasel-Be-
Hagh et al. concluded that the use of a counter-rotating configuration leads to 22.6% more
power than in the case of single-rotor wind turbines [11].

Wind turbines usually include a speed increaser, whose function is to transmit me-
chanical energy, as well as to boost the lower speed of wind rotors so that the electric
generator’s speed requirement be met. Research on speed increasers has covered various
topics, such as: the fixed-axis gearbox type [12–14], planetary transmissions [5,15–19] or
variable transmissions [20–22], analyzed as part of single-rotor wind turbines or counter-
rotating systems, by e.g., the structure of an improved wind turbine gearbox is presented
for meeting the operation of the optimized wind turbine power-wind speed curve [22].

The planetary speed increaser type is mainly used in high-power conventional wind
systems and in counter-rotating turbines, due to their advantages: high amplification ratios,
reduced radial sizes and better efficiency [1,3,16,17,23–32]. With dual-rotor systems, the speed
increaser, operating as a 2-DOF transmission, sums up the rotors’ input speeds [26,30], while
operating as a 1-DOF planetary transmission, it sums up the rotors’ input torques [31–33].
Qiu et al. proposed in [23] a synthesis of planetary speed increasers mainly for high-power
wind turbines, considering both 1-DOF and 2-DOF types.

A dynamic response of a wind turbine gearbox under different excitation conditions is
reported in [34] by Zhao and Ji, while Dong et al. used a similar approach and investigated
the dynamics of a planetary transmission for wind turbines that influences the conversion
efficiency and proves that the use of a planetary gear train is the best option for wind
turbines [35]. Vázquez-Hernández C. et al. analyzed in [36] different gearbox arrangements
for onshore wind turbines, as well as the factors that affect their design, proving that the
current trend in the market is to use planetary transmissions rather than gearless wind
turbines. Farahani et al. [37] evaluated and compared the transient performance of the
single-rotor and the counter-rotating wind turbines, concluding that performance would
be enhanced by using the second type.

Recently, new developments in electric generators for wind turbines have been pre-
sented in the specialist literature, many of which are in the prototype phase. For example,
an axial-flux generator with a counter-rotating field and armature for counter-rotating
wind turbines is proposed and analyzed by Kutt et al. in [38], but the solution has proven
to have low efficiency; a permanent magnet synchronous generator with mobile armatures
(both stator and rotor) is put forth in various studies [32,39–42], the innovative design being
proposed for low-power applications. Still, research in this area has shown that the use of
counter-rotating (with mobile stator)—instead of conventional (with fixed stator)—electric
generators can provide additional energy gain.

Combining the previous concepts, Pacholczyk et al. [43] proposed a small counter-
rotating wind turbine consisting of two counter-rotating rotors, a 1-DOF planetary gearbox
and a counter-rotating generator. The authors investigated its performance and operational
point as functions of axial distance and tip speed ratio of each rotor. Another study on the
comparative behavior of a single-rotor wind turbine with 1-DOF planetary speed increaser
and counter-rotating vs. conventional electric generator was reported by Saulescu et al.
in [44]. The operating point was derived by reducing the mechanical characteristic of the
wind rotor at the shaft of the electric generator rotor. Numerical simulations highlighted
higher efficiency for systems with parallel flow of mechanical power. However, in both



Energies 2021, 14, 2594 3 of 21

studies, authors presented a particular configuration of wind turbine—the model not being
generalized. Other approaches can be find in [45] and [46], where Fan et al. and Hong and
Fan, respectively, utilise the empirical mode decomposition method and the particle swarm
optimization algorithm, who have been successfully hybridized with the support vector
regression to produce satisfactory forecasting performance. A review of the performance
and reliability of wind turbines is done by Pfaffel et al. in [47].

The foregoing brief survey of specialist literature reveals that a relatively small number
of studies have contrasted only particular configurations of counter-rotating wind turbines.
However, they do not report generalized analytical models that can be customized to
different operational cases of wind turbines. This paper aims to bridge the gap and proposes
a novel concept of a counter-rotating wind system that can integrate one of the two types
of electric generator and uses the same 2-DOF planetary speed increaser. The goal is to
compare the energy performance of counter-rotating wind turbines with a counter-rotating
vs. conventional electric generator. To this end, a generalized analytical model for angular
speeds and torques is developed, which can be customized for both system configurations
and which allows to obtain the operational point of the two types of wind turbine. Three
numerical simulation scenarios will be considered: (a) a scenario with identical wind
rotors in both systems, (b) a scenario with the secondary wind rotors being identical in the
two applications, but different from the primary rotors, and (c) a scenario with different
secondary rotors in the two wind turbines—where the mechanical characteristics are
obtained from the condition of achieving the same ratio between the input angular speeds
of both wind systems. Thus, the influence of mechanical characteristics on the behavior
of the considered wind systems can be identified. The results of this comparative study
will confirm the acknowledged conclusion that the counter-rotating type is more efficient,
and they will also allow to define the extent to which performance of wind systems with a
counter-rotating generator exceeds that of conventional generator applications.

Subsequent to these introductory, general considerations, the paper has the following
structure: Section 2, in which two configurations are proposed of counter-rotating wind
turbines consisting of two counter-rotating rotors, a speed increaser that can function as a 2
in-1 out or 2 in-2 out transmission, and either a conventional or counter-rotating electric
generator; Section 3, in which a generalized analytical model is presented for angular
speeds, torques, efficiency and operational point with both configurations; Section 4, in
which numerical simulations and analyses are performed for the three scenarios; and
Section 5, which provides final conclusions.

The main contributions of this paper to the scientific endeavor in the field are: a novel
concept of a counter-rotating wind system using the same differential planetary speed increaser
and either counter-rotating or conventional electric generator; a generalized close-form model
of 2-DOF wind systems which can be used, by customization, for performance investigation
of both types of wind turbine (with a counter rotating vs. conventional electric generator);
three numerical simulation scenarios performed and analyzed comparatively, aiming to identify
performance of each type of wind turbine in relation to relevant input parameters.

2. Problem Formulation

The in-parallel transmission of mechanical power from inputs to outputs can be
achieved by power split at input, output or both, which ensures a higher efficiency com-
pared to transmissions obtained by serial connection of the same component mecha-
nisms [48]. A new approach to the development of modern wind turbines is the use of two
counter-rotating coaxial rotors and the integration of a counter-rotating electric generator,
which requires a mechanical transmission with power split at both input and output.

In order to identify the energy gain brought by a counter-rotating electric generator as
against a conventional, fixed-stator generator, the paper presents a comparative study of
two wind turbines having the same components (wind rotors, speed increaser and electric
generator), so that the reference wind system (with a conventional generator) is derived
from the wind system with two inputs and two outputs as a particular case, by releasing



Energies 2021, 14, 2594 4 of 21

the stator of the electric generator and fixing it to the frame. Thus, the general case is
considered of a wind turbine with two counter-rotating rotors R1 and R2, a 2-DOF speed
increaser (SI), and an electric generator consisting of either a mobile rotor GR and a mobile
stator GS (in the case of a counter-rotating generator, the 2 in-2 out wind system type
shown in Figure 1a) or a fixed stator (conventional generator GS ≡ 0, the 2 in-1 out wind
system type shown in Figure 1b). In order to ensure equivalence of the two wind systems
under comparative analysis, the following hypotheses are considered:

• The same set of rotors R1 and R2 is used in both wind systems and the same set
of mechanical characteristics is considered in modeling these systems, implicitly.
Conventionally, R1 is the primary wind rotor and R2—the secondary rotor. The
mechanical characteristics of wind turbines can be considered as linear functions with
constant coefficients in operation at a constant wind speed. However, the values of
these coefficients depend on both the value of wind speed and the characteristics of
wind rotor, e.g., the pitch angle of blades.

• In both cases, the speed increaser SI has the same structure and the same values for
internal kinematic ratio i0 and internal efficiency η0 [49]. The mechanical transmission
is a differential mechanism (2-DOF) with two inputs that are connected to wind
rotors R1 and R2, and one or two outputs, through which the mechanical power is
transmitted either to rotor GR of the conventional generator or to rotor GR and stator
GS of the counter-rotating generator.

• The counter-rotating electric generator is obtained from the conventional one, by
setting the stator GS to rotate in opposite direction to the rotor GR; the two generators
have the same mechanical characteristics with respect to the relative speed of rotor
GR and stator GS, i.e., ωG = ωGR − ωGS. For the sake of simplicity, the case of
direct current (DC) generators is further considered, which are characterized by linear
mechanical characteristics with constant coefficients, is further considered.

• The ratio of angular speeds of wind rotors is denoted by kω = −ωR2/ωR1 > 0. The
ratio kω can be adjusted during wind turbine operation by changing the pitch angle
of the two rotors R1 and R2, which also changes their mechanical characteristics.

Figure 1. Block diagrams of the differential counter-rotating wind systems that are considered in the
comparative analysis: (a) with counter-rotating generator; (b) with conventional generator.

The proposed mathematical model of a wind system with a counter-rotating generator,
under the above-mentioned hypotheses, also allows for the description of the system with
a conventional electric generator by customizing the state of stator GS: the stator is fixed to
the frame after disconnecting it from the speed increaser (see Figure 1).

The case of a planetary speed increaser with cylindrical gears and single serial satellite
gears—illustrated in Figure 2 below only through its upper half—is further used to exemplify
the mathematical modeling and to identify the relevant properties by numerical simulation
of the two wind systems. This transmission consists of two sun gears 1 and 4, meshing
with two or more sets of serial satellites 2–3 that are articulated through revolute joints to
a satellite carrier H. The speed increaser has two inputs, carrier H and gear 4, which are
connected to primary wind rotor R1 and secondary wind rotor R2, respectively, and which
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can operate with either two outputs (1 and H, Figure 2a) or a single output (1, Figure 2b).
The main output is through gear 1, which is connected to rotor GR, while, in the case of the
counter-rotating generator, the secondary output H is held fixed to stator GS. As a result, the
analyzed planetary transmission has either L = 4 (Figure 2a) or L = 3 (Figure 2b) external
connections, two degrees of freedom (M = 2) and, therefore, two independent external speeds
(ωH andω4), as sun gear 1, ring gear 4 and carrier H are mobile bodies.

Figure 2. Structural and block diagrams for wind systems with two counter-rotating inputs, a
differential planetary speed increaser and: (a) counter-rotating generator; (b) conventional generator.

Wind rotors R1 and R2 have angular speedsωR1 andωR2 in opposite directions—a
property ensured by setting opposite inclinations of the two rotors’ blades. The two outputs
of the speed increaser, by 1 and H, are also counter-rotating due to the kinematic property
given by the planetary transmission structure, as highlighted in the next section. Being a
differential mechanism, the speed increaser sums up the two input angular speedsωR1 and
ωR2 in an output angular speed ωGR. Angular speedωGS of stator GS is identical to the
input speed of primary rotor R1 (Figure 2a), as a result of the direct connections GS-H-R1.

The analytic modeling of angular speed, torque, power and efficiency of the two wind
systems starts from the general case of a wind turbine with a counter-rotating generator
and then customized for the particular case of a system with a conventional generator.
To this purpose, the kinematic and static correlations of the planetary speed increaser
are established on the basis of the block diagrams shown in Figure 3 below and detailed
in [33], as well as on the mechanical characteristics of the wind rotors and electric generator,
considering the influence of the ratio of input speeds kω = −ωR2/ωR1 on the behavior
and performance of the two wind systems. Notations in Figure 3 are: Tx and ωx for torque
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and angular speed of kinematic body x; i0 and η0 for internal kinematic ratio and internal
efficiency of the speed increaser—all of which representing the intrinsic parameters of the
planetary transmission [33]. In particular, carrier H is connected to primary rotor R1 by HR
shaft and to the generator stator GS by HS shaft (see Figure 3a).

Figure 3. Block diagram of the differential wind system with two inputs and: (a) two outputs; (b)
one output.

The system with conventional generator, Figure 3b, can be illustrated and analyzed as
a particular case of the system with counter-rotating generator, Figure 3a, by disconnecting
the shaft HS from the carrier H (i.e., THS = 0) and by fixing the stator GS to the frame (i.e.,
ωGS = 0).

3. Analytic Modeling of Wind Systems

The mathematical modeling of the generalized counter-rotating wind turbine system
(with a counter-rotating generator) is performed by applying the method of isolating
the components, which involves breaking their connections and replacing them with the
appropriate parameters of mechanical power transmitted through these connections. The
steps of the applied algorithm for the analytical modeling of the considered wind systems
(Figure 2), according to the block diagram and notations in Figure 3, are presented in the
flowchart depicted in Figure 4.
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Figure 4. Algorithm for analytical modeling of the generalized 2-DOF dual-rotor counter-rotating wind systems.
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3.1. Kinematic Modeling

This modeling aims at establishing the relationships between the dependent angular
speeds and the two independent external angular speeds of the speed increaser (ωH and
ω4). For this purpose, the speed increaser is characterized by a function of transmitting
angular speeds, while each connection (represented by a double line in Figure 3) between
the components of the wind system is described through a distinct kinematic equation.
Thus, the following system of equations can be written [33]:

ω1 = ωH(1− i0) + ω4i0;
ωR1 = ωH ; ωR2 = ω4;
ωGR = ω1; ωGS = ωH .

(1)

where the internal kinematic ratio i0 can be calculated from the particular case when H is
assumed to be fix, given by relation (2):

i0 = iH
14 = ω1H/ω4H = z4/z1, (2)

where iH
14—angular speed transmission ratio from gear 1 to gear 4 when carrier H is

considered fixed (or reference body), ωxy—angular speed of body x relative to body y,
zj—the number of teeth of gear j; i0 is defined as the kinematic ratio of the fixed axes
mechanism that is associated to the planetary gear train, being obtained by reversing the
motion relative to the carrier H [49].

Based on the relation between the input angular speeds, as defined by ratio kω:

ωR2 = −kωωR1, (3)

the relative angular speed between rotor GR and stator GS of the electric generator, ωG,
can be obtained:

ωG = ωGR −ωGS = −ωR1i0(1 + kω). (4)

The system of Equation (1) is equally valid for the wind turbine with one output
(Figure 2b), except that the last equation has to be replaced by Equation (5):

ωGS = 0 (5)

that characterizes the stator GS, which is fixed to the frame after disconnecting it from
wind rotor R1. Therefore, the relative angular speed of the electric generator becomes:

ωG = ωGR = ωR1[1− i0(1 + kω)]. (6)

3.2. Torque Correlation and Efficiency Modeling

According to the diagram in Figure 3, the wind system with counter-rotating generator
is modeled by a set of 9 static equilibrium equations consisting of:

• two torque transmitting functions that are obtained from the static modeling of the dif-
ferential planetary speed increaser; the number of functions is equal to the mechanism
degree of freedom (M = 2). Additionally, the condition of static equilibrium of the
planetary transmission can be added as dependent equation for verification purposes;

• a static equilibrium equation for each of the other five components of the wind system,
which are obtained after breaking the connections;

• the static equilibrium equation of the electric generator, described from the condition
that the torque values at rotor GR and stator GS are equal and in opposite direction.
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As a result, the set of equations for the differential wind system in Figure 2a—with
two counter-rotating inputs and two counter-rotating outputs—can be written as follows:

THR = −T1(1− i0η−1
0 ); T4 = −T1i0η−1

0 ; T1 + T4 + THR = 0;
TR1 − TH = 0; TR2 − T4 = 0; TGR − T1 = 0; TGS + THS = 0; TH − THR − THS = 0;
TG = TGR = −TGS;

(7)
where the internal efficiency of the planetary transmission is:

η0 = ηH
14 = ηH

12·ηH
23·ηH

34 = η3
g, (8)

where ηH
xy is the efficiency of the fixed-axis gear mechanism consisting of gears x and y

(considering H ≡ 0), while ηg is the efficiency of a component gear pair; in this case, the
three cylindrical fixed-axis gear pairs (1-2, 2-3, and 3-4) are considered to have identical
efficiency values.

With a differential wind system having two counter-rotating inputs and a conventional
generator, Figure 2b, the equation TGS + THS = 0 in system (7) has to be replaced by THS
= 0, as the connection of stator GS to wind rotor R1 is broken and then fixed to the frame
(ωGS = 0).

In the general case 2 in-2 out, the efficiency of speed increaser can be obtained starting
from its definition:

η = −ωGRTGR + ωGSTGS
ωR1TR1 + ωR2TR2

, (9)

from which—after some algebraic processing of the systems of Equations (1) and (7)—
the efficiency for wind turbines with two counter-rotating rotors and counter-rotating
generator can be expressed by:

η = η0, (10)

as well as for wind turbines with conventional generator:

η = η0
1− i0(1 + kω)

η0 − i0(1 + kω)
. (11)

3.3. Steady-State Operational Point

The operational point of a motor-mechanism-effector type machine is the set of values
of the external parameters (kinematic and static) of the mechanism at which the machine
operates in steady-state mode. The operational point is obtained by solving the system
of equations consisting of the kinematic and static transmitting functions of the speed
increaser, Equations (1) and (7), and:

• the mechanical characteristics of the two wind rotors R1 and R2, described as linear
functions with constant coefficients under stationary conditions (constant wind speed,
same values of pitch angles):{

TR1 = −aR1ωR1 + bR1;
TR2 = −aR2ωR2 + bR2;

(12)

• the mechanical characteristic of DC generator, represented by a linear function with
constant coefficients, describing generator’s torque TG in relation to angular speed
ωG. By convention, the torque of the generator is TG = TGR:

− TG = aGωG − bG. (13)

Usually, the values of the power parameters on a shaft are first obtained by reducing
the mechanical characteristics to that shaft and solving analytically or grapho-analytically
the point of intersection between the reduced mechanical characteristics.
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Further on, the operational point (F) at the level of the electric generator is analytically
determined, by considering the operating angular speedωF =ωG and the torque TF = TG.
Thus, for the two analyzed wind systems, the following expressions of parametersωF, TF
and power PF are obtained:

• for the wind system with counter-rotating generator, Figure 2a: ωF =
bG−

bR1η0
i0

aG+
aR1η0

i20(1+kω )

;

TF = −aGωF + bG; PF = ωFTF.
(14)

• for the wind system with conventional generator, Figure 2b: ωF =
bG−

bR1η0
i0−η0

aG−
aR1η0

(i0−η0)[1−i0(1+kω )]

;

TF = −aGωF + bG; PF = ωFTF.
(15)

3.4. Input Angular Speeds Ratio kω
Generally, the input speeds ratio kω depends on the mechanical characteristics of the

motor and effector sub-systems and on the intrinsic parameters of the speed increaser (i.e.,
i0 and η0); in practical applications, ratio kω can be adjusted to a given value by modifying
appropriately at least one mechanical characteristic through different approaches, e.g., by
changing the pitch angle of the blades, or controlling the electric generator.

The analytical expressions of ratio kω for the two wind systems considered in this
comparative analysis can be obtained by processing Equations (1), (3), (4), (6), (7), (12) and
(13). Thus, in the case of a system with counter-rotating generator (Figure 2a), it can be
concluded from Equation (7) that:{

T1 = TH
η0
i0

= −T4
η0
i0
⇒ TH = −T4 ⇒ TR2 = −TR1;

T4 = −T1
i0
η0
⇒ T1 = TG ⇒ TR2 = −TG

i0
η0

.
(16)

By replacing the mechanical characteristics of the wind rotors and electric generator
from Equations (12) and (13) in Equation (16), and corroborating with Equations (3) and
(4), we get: 

−aR2ωR2 + bR2 = aR1ωR1 − bR1;
−aR2ωR2 + bR2 = aGωge

i0
η0
− bG

i0
η0

;
ωR2 = −kωωR1;
ωG = −ωR1i0(1 + kω),

(17)

which allows one to obtain the expression of kω:

kω = −
aR1bGi0 + aR1bR2η0 + aGbR1i20 + aGbR2i20
aR2bR1η0 + aGbR1i20 + aGbR2i20 − aR2bGi0

. (18)

Similarly, the following correlations can be written for the system with conventional
generator (Figure 2b):{

T1 = −TH
η0
η0−i0

= −T4
η0
i0
⇒ T4 = TH

i0
η0−i0

⇒ TR2 = TR1
i0

η0−i0
;

T4 = −T1
i0
η0
⇒ T1 = TG ⇒ TR2 = −TG

i0
η0

,
(19)
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and by combining them with Equations (3), (6), (7), (12) and (13), we get:
−aR2ωR2 + bR2 = aR1

i0
η0−i0

ωR1 − bR1
i0

η0−i0
;

−aR2ωR2 + bR2 = aGωG
i0
η0
− bG

i0
η0

;
ωR2 = −kωωR1;
ωG = ωR1[1− i0(1 + kω)].

(20)

The kω expression is the result of solving the system of Equation (20):

kω = −
aR1bGi0 + aR1bR2η0 + aGbR2(η0 − i0)− aGbR2i0(η0 − i0)− aGbR1i0(1− i0)

aR2bG(η0 − i0) + aR2bR1η0 + aGbR1i20 − aGbR2i0(η0 − i0)
. (21)

The influence of ratio kω on the behavior of the two wind turbines is herein considered
by adjusting only the mechanical characteristic of the secondary wind rotor R2 and keeping
unchanged the mechanical characteristics of wind rotor R1 and the electric generator.
Under these assumptions, coefficients aR2 and bR2 become variables which are dependent
on both ratio kω and the constant coefficients of the mechanical characteristic of primary
rotor R1.

Thus, the following equation is obtained for the wind system with counter-rotating
generator (Figure 2a), by considering the equality TR2 = −TR1 from Equation (16):

−ωR1(aR1 + aR2kω) + bR1 + bR2 = 0, (22)

whereωR1 is the independent parameter; this equality is mathematically satisfied only if
the following two conditions are met simultaneously:{

aR1 + aR2kω = 0;
bR1 + bR2 = 0,

(23)

which leads to the solution: {
aR2 = aR1/kω;
bR2 = −bR1 .

(24)

Similarly, for the wind turbine system with conventional generator (Figure 2b), the
starting point is established from the equality deduced in Equation (19):

TR2 = TR1
i0

η0 − i0
, (25)

from which Equation (26) is obtained as function ofωR1:

ωR1[aR1i0 + aR2(η0 − i0)kω ]− bR1i0 + bR2(η0 − i0) = 0, (26)

as well as the expressions of coefficients aR2 and bR2 are determined:{
aR2 = −aR1i0/[(η0 − i0)kω ];
bR2 = bR1i0/(η0 − i0) .

(27)

For comparison, the relations for the kinematic and static parameters of the two wind
systems are tabulated below (see Table 1); the relations are established as functions of the
parameters of primary wind rotor R1 in the analytical modeling presented above.
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Table 1. The analytical expressions of the kinematic and static parameters of the wind systems.

Parameter Symbol
Wind System

2 in-2 out,
Figure 2a

Wind System
2 in-1 out,
Figure 2b

Amplification kinematic ratio ia = ωG
ωR1

−i0(1 + kω) 1− i0(1 + kω)

Efficiency η η0 η0
1−i0(1+kω)
η0−i0(1+kω)

Angular speed of the
generator ωG = ωGR −ωGS −ωR1i0(1 + kω) ωR1[1− i0(1 + kω)]

Generator torque TG = TGR −TR1
η0
η0−i0

−TR1
η0
η0−i0

Generator power PG = TG ωG TR1ωR1η0
i0(1+kω)
η0−i0

−TR1ωR1η0
1−i0(1+kω)
η0−i0

Angular speed of the
generator rotor ωGR ωR1[1− i0(1 + kω)] ωR1[1− i0(1 + kω)]

Generator rotor torque TGR TR1
η0
i0

TR1
η0
i0

Generator rotor power PGR TR1ωR1
η0[1−i0(kω+1)]

i0
TR1ωR1

η0[1−i0(kω+1)]
i0

Angular speed of the
generator stator ωGS ωR1 0

Generator stator torque TGS −TR1
η0
i0

−TR1
η0
i0

Generator stator power PGS −TR1ωR1
η0
i0

0

Angular speed of the carrier H ωH ωR1 ωR1

H carrier torque TH TR1 TR1

H carrier power PH TR1ωR1 TR1ωR1

Angular speed of the shaft HR ωHR ωR1 ωR1

HR shaft torque THR TR1
i0−η0

i0
TR1

HR shaft power PHR TR1ωR1
i0−η0

i0
TR1ωR1

Angular speed of shaft HS ωHS ωR1 0

HS shaft torque THS TR1
η0
i0

TR1
η0
i0

HS shaft power PHS TR1ωR1
η0
i0

0

Angular speed of gear 4 ω4 −kωωR1 −kωωR1

Torque on gear 4 T4 −TR1 −TR1
i0

i0−η0

Power of gear 4 P4 kωTR1ωR1 ωR1TR1
kω i0

i0−η0

The analytical relations for the wind system with conventional electric generator (2
in-1 out, last column of Table 1) were obtained by the appropriate customization of the
general model described for the case of the system with counter-rotating generator, i.e.,
breaking the connection between H and SG (i.e., THS = 0) and fixing the stator SG to the
frame (i.e., ωSG = 0). The analysis of the relations from Table 1 can highlight the following
properties of wind systems of 2 in-2 out type compared to 2 in-1 out type systems:

- achieve a kinematic amplification ratio, in absolute value, higher than 1 (as both the
ratios i0 and kω have positive values);

- have a higher efficiency, which does not depend on the kinematic configuration of the
speed increaser and which is equal to the internal efficiency η0;

- ensure the operation with higher angular speeds ωG and powers PG of the electric
generator, for the same power of the primary wind rotor PR1 = TR1 ωR1 ;

- the wind rotor R2 operates at lower torques and powers.
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4. Numerical Simulations and Discussions

The comparative analysis of the performance of the two wind systems presented
above, which integrate the same planetary speed increaser (i.e., the same values of the
intrinsic parameters i0 and η0), is performed under equivalence conditions, by considering
the following three numerical simulation scenarios:

Scenario A: the two wind turbines use the same wind rotors R1 and R2, as well as
the same electric generator—used as a counter-rotating generator with the 2 in-2 out
wind system (Figure 2a) and as a conventional generator with the 2 in-1 out wind system
(Figure 2b). In this scenario, rotors R1 and R2 are identical and, therefore, have identical
mechanical characteristics with the same constant coefficients.

Scenario B: very similar to Scenario A, except that rotors R1 and R2 are different and, as
a result, they have mechanical characteristics with different constant coefficients.

Scenario C: derived from Scenario B, with the difference that secondary wind rotors R2
are adjusted differently in the two wind turbines (coefficients of mechanical characteristics
for rotors R2 are different), with a view to providing the same value of ratio kω.

These scenarios aim at determining the operational points of the two wind tur-
bines, i.e., the values of angular speed and torque for the external connections of the
mechanism, which allow the calculation of the efficiency and output power. Therefore,
Equations (14) and (15) are used to obtain the operational point of the rotor GR shaft, which
allows the identification of the operational point of the primary wind rotor R1 and then all
the other parameters, based on the relations in Table 1.

The intrinsic parameters of the planetary speed increaser remain constant in all sce-
narios, the following values being considered in the simulations: i0 = 10 andη0 = η3

g =

0.953 = 0.857.

4.1. Scenario A

In this scenario, the two wind turbines are characterized by the following features, see
Rel. (7):

- wind rotors R1 and R2 are identical, since they have the same mechanical charac-
teristics: TR1 = −aR1ωR1 + bR1 = −18.763 ωR1 − 204.81 and TR2 = −aR2ωR2 + bR2 =
−18.763ωR2 + 204.81;

- electric generators have the same mechanical characteristic −TG = −aGωR1 − bG =
−;0.4ωG − 35.

The results of the numerical simulations for the operational points of the two wind
turbines are tabulated below (see Table 2).

Table 2. The values of the parameters related to the steady-state operational point for Scenario A.

Parameter Wind System 2 in-2 out,
Figure 2a

Wind System 2 in-1 out,
Figure 2b

ωR1[s−1] −5.470 −5.989
TR1[kNm] −102.176 −92.438
PR1[kW] 558.905 553.613
ωR2[s−1] 5.470 5.527

TR2[kNm] 102.176 101.106
PR2[kW] 558.905 558.818
ωG[s−1] 109.401 109.171

TG[kNm] −8.760 −8.669
PG[kW] −958.382 −946.366
η 0.8573 0.8507

kω 1.000 0.923
ia = ωG/ωR1 −20.000 −17.209

aR1 = aR2 = 18.763 [kNms]; bR1 = bR2 = −204.81 [kNm]; aG = 0.4 [kNms]; bG = 35 [kNm]; i0 = 10; η0 = 0.857.
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From these numerical results, the following conclusions can be drawn: compared to
the 2 in-1 out wind system, the wind turbine with counter-rotating generator (2 in-2 out)
operates at a higher efficiency (85.73% vs. 85.07%), ensures a higher amplification ratio in
absolute value (20.00 vs. 17.21) and has a higher power by approx. 1.3% (958.38 vs. 946.37).
Both wind rotors have similar lower angular speeds and higher torques, which leads to
close input powers. As a result, when using identical wind rotors R1 and R2 in both systems
and constant intrinsic parameters of the speed increaser and the considered mechanical
characteristics, the wind turbine with a counter-rotating generator ensures slightly higher
performance than the wind turbine with a conventional generator. Although preferred
in terms of performance, the 2 in-2 out wind turbine can be surpassed by the 2 in-1 out
turbine due to an increased complexity of the counter-rotating electric generator—if an
economically-grounded multicriteria analysis might be performed.

4.2. Scenario B

The facts and figures in Scenario A change significantly by using secondary wind rotors
which are different from the primary ones. Therefore, the Scenario B aims at identifying the
operational point of the two wind turbines by considering, for both types of wind system:

- the same wind rotor R1, with the mechanical characteristic TR1 = −aR1ωR1 + bR1 =
−18.763ωR1 − 204.81

- the same wind rotor R2, with the mechanical characteristic TR2 = −aR2ωR2 + bR2 =
−18.763 ωR2 + 204.81; established from the condition that the two wind turbines
generate equal power;

- the same electric generator, with the mechanical characteristic TG = −aGωR1 − bG =
−0.4ωG − 35.

Under these conditions, the two wind turbines are stabilized in steady-state at the
operational point values listed in Table 3 below.

Table 3. The values of the parameters related to the steady-state operational point for Scenario B.

Parameter Wind System 2 in-2 out,
Figure 2a

Wind System 2 in-1 out,
Figure 2b

ωR1[s−1] −4.754 −5.283
TR1[kNm] −115.604 −105.693
PR1[kW] 549.622 558.332
ωR2[s−1] 6.474 6.474

TR2[kNm] 115.604 115.604
PR2[kW] 748.372 748.372
ωG[s−1] 112.279 112.279

TG[kNm] −9.912 −9.912
PG[kW] −1112.868 −1112.868
η 0.8574 0.8516

kω 1.362 1.225
ia = ωG/ωR1 −23.616 −21.255

aR1 = 18.763 [kNms]; ]; bR1−204.81 [kNm]; aR2 = 13.780 [kNms]; bR2 = 204.81 [kNm]; aG = 0.4 [kNms]; bG = 35
[kNm]; i0 = 10; η0 = 0.857.

Under the condition of equal output power, used for driving the electric generator, it
is found that wind rotor R2 extracts the same power from the wind in both systems, while
primary wind rotor R1 operates at higher parameters with 2 in-1 out wind turbine. Instead,
the wind system with a counter-rotating generator has slightly better efficiency (85.74% vs.
85.16%), which provides the energy compensation required to obtain a power output equal
to that of the system with a conventional generator. Choosing the secondary wind rotor (by
setting the coefficient aR2) is a challenging task for designers, which can lead to changing
the option for one or the other type of wind turbine. Parameters marked by asterisk (*) in
the following diagrams, Figure 5, refer to the wind turbine with a conventional generator.
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Figure 5. Variation with respect to aR2 coefficient of: (a) output power, (b) efficiency and (c) ratio kω,
in both wind systems.

According to Figure 5a, the wind turbine with a conventional generator ensures an
output power (PG* curve) higher than that of the 2 in-2 out turbine, for values of coefficient
aR2 < 13.78, and generates power values significantly close to those of the turbine with a
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counter-rotating generator (PG curve), for values of coefficient aR2 > 13.78. The efficiency
of the conventional turbine decreases with the increase of values for aR2 (see Figure 5b).
In all instances, the wind turbine with a counter-rotating generator is stabilized at higher
values of ratio kω, i.e., a greater difference between input speeds, but with less significant
differences for aR2 > 13.78 (see Figure 5c).

Thus, it should be emphasized that the performance of the two wind systems is
significantly influenced by the external mechanical characteristics, modified in this study
by changing the coefficient values aR1 = aR2.

4.3. Scenario C

The Scenario C is an extension of the Scenario B, by ensuring the additional condition
of obtaining the same ratio kω for both wind turbines. Under the conditions of maintaining
the same primary wind rotor R1 and the same electric generator as in Scenarios A and B,
this goal can only be achieved if the secondary wind rotors R2 are different, i.e., aR2 6= a*R2
and bR2 6= b*R2. As a case study, the target value of ratio kω = 2.5 is further considered and,
therefore, the coefficients of the mechanical characteristics of rotors R2 can be calculated,
by means of Equations (24) and (27). The values of the steady-state operational points for
the two wind turbines are displayed in Table 4 below. As in Scenario B, the parameters
marked by * refer to the wind system with a conventional generator.

Table 4. The values of the parameters related to the steady-state operational point for Scenario C.

Parameter Wind System 2 in-2 out,
Figure 2a

Wind System 2 in-1 out,
Figure 2b

ωR1[s−1] −3.367 −3.529
TR1[kNm] −141.630 −138.592
PR1[kW] 476.908 489.117
ωR2[s−1] 8.418 8.823

TR2[kNm] 141.630 151.589
PR2[kW] 1192.301 1337.455
ωG[s−1] 117.857 119.992

TG[kNm] −12.143 −12.997
PG[kW] −1431.138 −1559.516
η 0.8574 0.8538

ia = ωG/ωR1 −35.000 −34.000
aR1 = 18.763 [kNms]; ]; bR1−204.81 [kNm]; aR2 = 7.505 [kNms]; bR2 = 204.81 [kNm]; kω = 2.5; a*R2 = 8.209 [kNms];
b*R2 = 224.016 [kNm]; aG = 0.4 [kNms]; bG - 35 [kNm]; i0 = 10; η0 = 0.857.

According to the results in Tables 2–4 and Figure 6a, it can be concluded that the
efficiency of the speed increaser is higher with systems having a counter-rotating generator,
as a result of in-parallel transmission of the output mechanical power, compared to wind
systems with a conventional generator. The efficiency dependence on ratio kω—described
by Equations (10) and (11) and illustrated in Figure 6a—highlights the fact that efficiency
of a 2 in-2 out wind system is constant and always higher than that achieved by a 2 in-1
out system, whose values tend to infinity toward this constant value. Thus, the efficiency
of the two wind systems can have close values only for very high values of kω, which is
not justified in the operation of a wind system with counter-rotating rotors.
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Figure 6. Variation with respect to ratio kω of: (a) efficiency and (b) output power, in both wind systems.

As in Scenario B, the wind turbine with a counter-rotating generator has higher energy
performance for low values of ratio kω and output power, implicitly (Figure 6b). Instead,
the wind turbine with a conventional generator proves to be more efficient for higher
values of ratio kω and output power.

To conclude the discussions for the three numerical simulation scenarios, the power
flows for both wind systems with counter-rotating electric generator (Figure 7a) vs. con-
ventional generator (Figure 7b) are comparatively represented in Figure 7. It is noticeable
for both systems the increase of the output power from Scenario A to Scenario C, as well as
the effectiveness of the 2 in-2 out system at lower powers and, respectively, of the 2 in-1
out system at higher powers.
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Figure 7. Power flow in the Scenarios A (continuous red line), B (yellow dashed line) and C (continuous green line) through:
(a) 2 in-2 out wind system; (b) 2 in-1 out wind system.

5. Conclusions

The paper presented a comparative study of the energy performance of wind turbines
with two counter-rotating rotors (R1 and R2) and differential speed increaser, in the func-
tional configurations with counter-rotating vs. conventional generator. To this end, the
analytical modeling of the operational point of the two types of wind system has been
presented and numerically analyzed in three scenarios, with distinct situations regarding
the way the secondary wind rotor R2 characteristic is chosen: R2 identical to the primary
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wind rotor R1 (Scenario A); R2 different from R1, and R2 identical in both applications
(Scenario B); and R2 different from R1, and R2 different in the two applications (Scenario C).

According to the analyzed scenarios, the comparative study of the numerical results
allows drawing the following final conclusions:

• The differential wind system with a counter-rotating electric generator, which is
characterized by in-parallel transmission of power at both input and output, always
ensures better efficiency of mechanical power transmission from inputs to outputs,
compared to the wind system with a conventional generator. In the case of counter-
rotating outputs, the efficiency of the wind system is equal to the internal efficiency
η0 of the planetary transmission; instead, the efficiency of the wind turbine with a
conventional generator is significantly influenced by system parameters (i.e., ratio kω,
coefficients of mechanical characteristics, kinematic ratio i0), the value η0 being the
upper limit of efficiency variation for this type of wind turbine.

• The energy response of the two types of wind system depends significantly on the
characteristics of the selected wind rotors and electric generator. Thus, the advantage
of better mechanical efficiency of wind turbines with a counter-rotating generator is
accompanied by higher energy performance only in certain system configurations—
generally, in the range of lower power. Considering the higher complexity of counter-
rotating electric generators, due to their mobile stator, the designers’ decision to choose
a type of counter-rotating wind turbine seems to be a compromise between technical,
energy and economic performance.

The proposed models are useful in the synthesis of differential speed increasers with
counter-rotating inputs and outputs, which ensure higher output speed by speed-adding,
in conditions of higher efficiency. Considering these facts, the findings emerged from this
contrastive approach might prove particularly useful to wind system designers in selecting
the most adequate technical solution, depending on the amount of power needed and the
wind potential in the area of implementation.

In the future, the authors intend to generalize the modeling of the behavior of counter-
rotating wind turbines with counter-rotating electric generator vs. conventional generator
in both cases of operation, as a 2-DOF (speed-adding) and a 1-DOF (torque-adding) system,
followed by experimental validation of analytical results by developing and using an
versatile rig to test these types of counter-rotating wind turbines.
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Nomenclature

SI Speed increaser DOF Degree of freedom
R1 Primary wind rotor M Mechanism mobility
R2 Secondary wind rotor L Total number of inputs and outputs
P Power G Electric generator
ω Angular speed GR Electric generator rotor
T Torque GS Electric generator stator
kω Ratio of the input angular speeds i Kinematic ratio
z Number of gear teeth i0 Internal kinematic ratio
H Satellite carrier ia Amplification kinematic ratio
F Operational point η Efficiency of the speed increaser
a Angular speed coefficient η0 Internal efficiency
b Torque coefficient ηg Efficiency of a gear pair
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